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LOT NOI PAU

Trong nhimg nam qua, bd sich Bai tap Todn tir 16p 6 dén 16p
9 do chinh céic tic gia sich gido khoa Todn THCS bién soan da
duge st dung kem theo sich gido khoa va di mang lai nhimg
hiéu qua thiét thuc. Bd sdch di 12 mét tai lidu bd ich giiip céc
thdy, c6 gido ¢6 thém tu liéu trong viéc soan gidng, gidp cic em
hoc sinh tu hoc, tir rén luyén ki niang, qua dé cling c6 duoc kién
thic co ban, hinh thanh phuong phédp giai todn, tang thém kha
nang van dung kién thic va gép phin rén luyén tu duy toan hoc.

Dé dap tng t6t hon nhu cdu ngay cang cao clia cic thdy, co
gido va cac em hoc sinh, ching t6i tién hanh chinh If va b6 sung
b6 sdch bai tap hién c6 theo huéng tao nhiéu co hoi hon nita dé
ciac em hoc sinh dugc ciing ¢6 kién thifc todn hoc co ban, duge
rén luyén ki nang theo Chudn kién thite, ki nang trong Churong
trinh Gido duc phd thong ducc Bo Gido duc va Dao tao ban
hanh ngay 5 thing 5 nim 2006. N6i chung, & mdi "xoan"(§),
cubi mébi chuong sé& c6 thém phin Bai tdp bo sung. Trong phin
ndy, cb thé cé cac cdu hdi trdc nghiém khdch quan @€ cic em
hoc sinh tu ki€m tra, ddnh gid mitc d6 ndm vimg kién thic cia
minh. Mot s6 dang bai tap chua cé trong sach gido khoa ciing
duge b6 sung nhim 1am phong phi thém cic thé loai bai tap,
gitp cdc em hoc sinh tap duogt van dung kién thic trong nhiéu
tinh hudng khac nhau. B sich ciing duge bd sung mét s& bai tap
danh cho cic em hoc sinh khd, gioi. Nhimg bai tap nay duoc
dinh d4u "*". Bén canh d6, céic tic gia ciing chi y chinh sira
cdch dién dat 8 mét s6 chd cho thich hop va dé hiéu hon.



Ching t6i hi vong rang vét viéc chinh 1f va b6 sung nhu trén,
bd sach Bai tap To4n tir 16p 6 dén 16p 9 s€ gbp phan tich cuc hon
nita trong viéc nang cao chit lugng day va hoc moén Toan o céc
truong THCS trong ca nuéc, dip ‘ng t6t hon nita nhu ciu da
dang cta cdc d6i twgng hoc sinh khic nhau,

Mic di da c6 nhiéu c6 ging song bo sidch khé tranh khodi
nhimg thi€u sét. Ching t6i rit mong nhin dugc nhimg ¥ kién
déng gép ciia c4c thdy, co gido va ban doc gin xa dé trong cic
14n t4i ban sau b sich dugc hoan thién hon. Xin chan thanh
cam on.

Ha Ngi, thiang 10 nim 2009
CAC TAC GIA



PHAN DAI SO

§1.

Chuong 111
PHUONG TRINH BAC NHAT MOT AN

PE BAI
Md ddu vé phuong trinh

, 2 . . .
Trong cdc s6 -2 ; -1,5; -1, 0,5 ; 5 ; 2 ; 3, s6 nao 1a nghiém cha méi
phuong trinh sau day :
3x -4

a)y2—3=2y; byt+3=4-t; c) +1=0.

Hay thir lai va cho biét cic khing dinh sau c6 diing khong :
a) x3+3x=2x2~3x+ leaox=-1;
b)(z- 22+ 1)=2z+5<z2=3.

Cho ba biéu thitc 5x — 3, x> — 3x + 12 va (x + 1)(x - 3).

a) Lap ba phuong trinh, méi phuong trinh c6 hai v€ 12 hai trong ba biéu thitc
da cho.

b) Hay tinh gi4 tri cha c4c bi€u thic da cho khi x nhan tit cd cic gia tri thubc
tap hop M = {x € Z | -5 < x < 5}, dién vio béang sau 16i cho bi€t méi phuong
trinh & cau a) c6 nhitng nghiém nao trong tap hgp M :

X S| 4| 3|=2(-10 1] 2]|3]4]S5
5x -3

2 -3x+12
x+D(x-3)

Trong mot clra hang bén thuc phdm, TAm thdy c6 ban hang diang mot chiéc
can dia. Mot bén dia c6 diat mot qua can 500g, bén dia kia, c6 dat hai gbi
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§2.
10.

11.

12.

hang nhir nhau va ba qua can nhd, méi qua 50g thi can thang bing. Néu khdi
lugng méi goi hang 1a x (gam) thi diéu d6 c6 thé dugc mo ta bdi phuong
trinh nao ?

Thit lai ring phuong trinh 2mx — 5 = —x + 6m — 2 luén luén nhan x = 3 lam
nghiém, di m 14y bat ci gié tri nao.

Cho hai phuong trinh
X2 -5x+6=0; ‘ (1)
X+ (x-2)2x + =2 2)

a) Chimg minh ring hai phuong trinh ¢6 nghiém chung 12 x = 2.
b) Chimng minh rdng x = 3 1a nghiém cta (1) nhung khong 12 nghiém cua (2).
¢) Hai phuong trinh da cho c6 tuong duong vdi nhau khéng, vi sao ?
Tai sao c6 thé két luan tap nghiém ciia phuong trinh
Vi+1=2dx nBr@?
Ching minh ring phuong trinh x + |x| = 0 nghiém diing véi moi x < 0.
Cho phuong trinh (m2 + 5Sm + 4)7(2 =m + 4, trong 46 m 12 mot s8.
Ching minh ring :
a) Khi m = — 4, phuong trinh nghiém diing véi moi gia tri cha 4n.
b) Khi m = -1, phuong trinh v6 nghiém.
¢) Khi m =-2 hoidc m = -3, phuong trinh ciing vd nghiém.
d) Khi m = 0, phuong trinh nh4n x = 1 va x = -1 1a nghiém.

Phuong trinh bac nhit mot an va cach giai
Bang quy tic chuyén vé, gidi cAc phuong trinh sau :
a)x—-2,25=0,75; b)193=12-x;
A42=x+21; d)3,7-x=4.

Bing quy tic nhan, tim gi4 tri gdn dung nghiém cta cic phuong trinh sau,
1am trdn dén chif s& thap phan thi ba (ding mdy tinh bd tdi dé tinh todn).

a)2x=\/T§; b)—5x=1+\/§; c)xﬁ=4\/§.
Tim gi4 tri cia m sao cho phuong trinh sau diy nhan x = -2 lam nghiém :

2x+m=x-1.



13.

14.

15.

16.

17.

18.

§3.
19.

Tim gia tri cha k, biét ring mot trong hai phuong trinh sau day nhan x = 5
lam nghiém, phuong trinh con lai nhan x = —1 1am nghiém :

2x=10va3 -kx=2.

Giai cac phuong trinh sau :

a)7x+21=0; b)5x-2=0;

c)12-6x=0; d) 2x+14=0.

Giai cdc phrong trinh sau :

a)0,25x+1,5=0; b) 6,36 —53x=0;

c)ix—§=l; d)——5—x+1=3x—10.
3 6 2 9 3

Giai cac phuong trinh sau :

a)3x+1=7x-11; b)S5-3x=6x+7;

All-2x=x-1; d)15-8x=9-5x.

Chiing t6 rdng cic phuong trinh sau day vo nghiém :

a) 2(x + 1) =3 + 2x ; b) 2(1 - 1,5x) +3x =0 ; ¢y x| =-1.

Cho phwong trinh (m2 -4)x+2=m.
Giai phuong trinh trong méi trudng hop sau :

aim=2;
bpm=-2;
c)m=-272.

Phuong trinh dua duge vé dang ax +b =0

Giai cdc phuong trinh sau :

a)1,2 - (x-0,8) =-2(09 +x);

b) 2,3x - 2(0,7 + 2x)=3,6 - 1,7x;
©)3(22-03x)=2,6 + (0,1x —4);
d)3,6 -0,52x + 1) =x-0,25(2 — 4x).



20.

21.

22.

23.

Gidi cic phuong trinh sau :

a)x—3=6_1—2x; b)3)41—2_5=3—?_(x+7);
5 3 6 4

3 13 7x
c)2[x+g]—5—[?+x], d)—8-—5(x—9)~

20x + 1,5
— s
Tim diéu kién cla x d€ gia tri ciia mbi phan thidc sau dugc xac dinh :
a 3x +2 )

2x—1)-32x+1)°
: 0,5(x +3)-2

1,2(x +0,7) — 4(0,6x + 0,9)

a) A

b)B

Giai cdc phuong trinh sau :
Sx~D+2 Tx-1_202x+1)
6 4 7

3(x—3)+4x—10,5 =3(x+1)+6;
4 10 5
o 2(3x+1)+1_5=2(3x—1)ﬂ3x+2 :
4 5 10

x+1+3(2x+1)_2x+3(x+1)+7+l2x
3 4 6 12

Tim gi4 tri cua k sao cho :
a) Phuong trinh (2x + 1)(9x + 2k) — 5(x + 2) =40 ¢4 nghiém x = 2,
b) Phuong trinh 2(2x + 1) + 18 = 3(x + 2)(2x + k) c6 nghiém x = 1.

a)

5;

b)

d)

Tim céc gié tri cda x sao cho hai biéu thitc A va B cho san day c6 gid i
bing nhau :

aA)A=(x-3)x+4)-23x-2); B=(x-4)%;

D) A= (X + 2)(x — 2) +3x°; B=(2x + 1)* +2x;
DA=(x- D& +x+1)=2x; B=x(x - I)x+1);
dDA=(x+1Y —(x-2)°; B=(3x - DB3x + 1).



25. Giai cac phuong trinh sau :

a)3{+2x_1=4—£;

3 6 3
b)x—1+x—1:1_2(x—1);
2 4 3

C)2—x_ _l—x_ X
2001 2002 2003

Bai tap bé sung

3.1. Cho hai phuong trinh :

Tx 1
?—5(x—9) =g(20x+1,5) (1)
2(a-1x—a(x-1)=2a+3. 2)

a) Ching 6 ring phuong trinh (1) ¢4 nghiém duy nhét, tim nghiém 46 ;
b) Giai phuong trinh (2) khia=2;
c¢) Tim gid tri cha a d€ phuong trinh (2) ¢c6 mét nghiém bang mot phdn ba
nghiém cua phuong trinh (1).
3.2. Bing cédch dit 4n phu theo huéng dén, giai c4c phuong trinh sau :

6(16x + 3) . 3(16x + 3) 16x + 3
7 - 7 7

b) (V2 +2)(xv2 = 1) = 2xJ2 — V2 . Hudng ddn : Patu = x2 - 1.

2x_2+ 2x +2x+2 _33_ x—1+ X +x+1
2009 2010  20t1 | 2009 2010 2011}

a)

+ 7. Hudng ddn : Datu =

.

c) 0,05[

x—1+ X +x+1
2009 2010 2011°

Huong dan : Datu =

§4. Phuong trinh tich
26. Giai cac phuong trinh sau :
a) (4x ~10)(24 +5x)=0;
) (3,5 — 7x)(0,1x +2,3) =0;



27.

28.

29.

30.

31.

32.

10

2x+3) 4x-3
3 — — = N
¢) 3x 2)[ 7 5 ] 0;
d)(3,3~le)[7x+2+2(1;3X)j=0.

Dung mady tinh b6 tii d€ tinh gi4 tri gin diing cdc nghiém cla méi phuong
trinh sau, lam tron dén chir s6 thap phan thit ba.

2) V3 -x5)2xV2 +1)=0; b) (2x — VTY(xV10 +3) = 0 ;
) (2 -3x/5)2,5x +v2)=0 ; d) (V13 + 5x)3,4 - 4x/1,7) = 0.

Giai cac phuong trinh sau :

a)(x—DGx+3)=0Cx-8)(x-1);

b) 3x(25x + 15) - 35(5x +3) =0

A)R-3x)x+11)=0Gx-2)2-5x);

d) 2% + 1)(dx - 3) = (2> + D(x - 12);

e)(2x—1)2+(2~x)(2x— D=0;

D) (X +2)(3 —4x) = x> +4x + 4.

Giai cic phuong trinh sau :

a) (x— 1 +5x~2) - (- 1)=0; b) x>+ (x +2)(11x - 7) =4 ;
c)x3+1=x(x+l); d)x3+x2+x+l=0.

Gidi c4c phuong trinh bac hai sau day bang céch dua vé dang phuong trinh tich.
a)x’-3x+2=0; b) x> +5x-6=0;

c)4x* - 12x +5=0; d) 2x* + 5x +3 =0,

Giai cdc phuong trinh sau bing céch dwa vé dang phuong trinh tich ;

a) (x —42) +3(x* =2) = 0 ; b) x>~ 5= (2x — V5)(x + V/5).
Cho phuong trinh (3x + 2k — 5)(x — 3k + 1) = 0, trong 46 k 1a mot s6.

a) Tim céc gia tri cia k sao cho mot trong cic nghiém cha phuong trinh 1a
x=1

b) V6i mdi gi4 tri cha k tim duge & cau a), hiy giai phurong trinh da cho.



33.

§5.
35.

36.

37.

Biét ring x = -2 12 mot trong cic nghiém cha phuong trinh :
x> +ax’ -4x—4=0.
a) Xéc dinh gi4 tri cha a.
b) Véi a vira tim duoc & cdu a) tim cic nghiém con lai clia phuong trinh bing
cich dua phuong trinh da cho vé dang phuong trinh tich.
Cho biéu thic hai bién f(x, y) = (2x -3y + )3k + 2y — 1).
a) Tim céc gid tri cha y sao cho phuong trinh (4n x) f(x, y) = 0, nhan x = -3
lam nghiém.

b) Tim céc gi4 tri cia x sao cho phuong trinh (4n y) f(x, y) =0 nhan y = 2
lam nghiém.

Phuong trinh chira 2n 8 mau

Em hay chon khing dinh diing trong hai khdng dinh duéi day :

a) Hai phuong trinh tuong duang vdi nhau thi phai c6 cing DKXD.

b) Hai phuong trinh c6 ciing PKXD c6 thé khong twong duong v6i nhau.
2-3x  3x+2

2x-3 2x+1’

Theo dinh nghia hai phan thic bing nhau, ta ¢6 :
2-3x  3x+2
2x -3 2x +1

Khi gidi phuong trinh ban Ha lam nhur sau :

S (2-3x)2x+1) = 3x + 2)(-2x - 3)

S X+ X+2=—6X—13x -6 < 14x = -8

4
ESX= -,

Vay phuong trinh ¢4 nghiém x = — % .

Em hay cho biét y kién vé 10i giai ca ban Ha.
Cic khing dinh sau day diing hay sai :
dx -8+ (4—2x)

a) Phuong trinh 5 0 cénghiémlax=2.
x“+1

b) Phuong trinh & 2)(22" =D=X=2 _\ c6tapnghiemia
X“—x+1

S={-2;1}).
11



39.

40.

12

x2+2x+1_

c) Phuong trinh —— =0 c¢Odnghiémlax =-1.
x+1
x*(x = 3)
d) Phuong trinh —— =0 c6 tdp nghiém la
X
S={0;3).

Giai cic phuong trinh sau :
I1-x +3= 2x+3

a) :
X+ 1 X +1
2 2
b) x+2) _1=X +10;
2x -3 2x -3
5x -2 2x-1 x2 +x~3
) + -2 T2"=,
2-2x 2 1-x
d)5-2x_’_(x—1)(x+1)_(x+2)(1—3x)
3 3x ~1 9% -3
2 —
a) Tim x sao cho gid tri cia biéu thifc 2x—23_x4_2 bang 2.
x —
b) Tim x sao cho gid tri cia hai biéu thic
ox -1 va 2x+5 bing nhau.
3x +2 X—-3
¢) Tim y sao cho gid tri clia hai biéu thiic
y+5_y+l . bang nhau.

va ———
y-1 y-3 (y-Iy-3)
Gidi cac phuong trinh sau :
1—6x+9x+_4=x(3x—2)+1‘
x—-2 x+2 2 -4
L 5x + 2
3-x (x+2)3-x) x+2°
2 2x+3  (2x-D(2x +1)

c) + =
x-1 x24x+1 x> 1

a)

b) 1+

X -(x-1°  Tx-1_ x
Ax+3)(x-5) 4x+3 x-5




41. Giai cdc phuong trinh sau :
2x+1_ 5(x-1)

a)

5

x —1 x+1
b) x—3+x—2=_1;
XxX-2 x-4
1 2x% -5 4
<) 3 =2 ;
x-1 x’-1 x“ +x+1
d) 13 1 6

+ = .
(x-3)2x+7 2x+7 x2-9
42. Cho phuong trinh 4n x :

a-Xx a+x a’-x?

x+a+x—a a3a+1)

a) Giai phuong trinh véia=-3;
b) Giai phwong tinh véia=1;
c¢) Gidi phuong trinh véia=0;

d) Tim cédc gié tri cia a sao cho phuong trinh nhan x = % 1am nghiém.

Bai tp bd sung

5.1*. Giai cic phuong trinh

2) 2 6
1 T 3%x-1"
X+—— =
1+x+1
Xx—-2

x+1_x—l
b)X—l X+1= x—1 .
x +1 2Ax+1) "’
1+
x—1

03, 4 3 2
X x+1 x+2 x+3°

13



§6 va §7. Giai bai toan bing cach lap phuong trinh

43.
4.
43.

46.

47.

48.

49.

50.

14

Téng ciia hai s6 bing 80, hiéu clia chiing bing 14. Tim hai s6 d6.

Téng cta hai s6 bing 90, s6 nay gdp d6i s6 kia. Tim hai s6 dé.

Hiéu clia hai s& bang 22, s6 nay gdp doi s6 kia. Tim hai s6 d6, biét ring :
a) Hai s6 néu trong bai l4 hai s6 duong.

b) Hai s§ néu trong bai 1a tuy y.

Hiéu cla hai s6 bang 18, ti s6 gilta chiing bang % Tim hai s6 d6, biét ring :

a) Hai s6 néu trong bai ]2 hai s duong.

b) Hai s6 néu trong bai la tuy y.
Hai s6 nguyén duong c6 ti s6 gilta s6 thit nhét va s@ thd hai bang % Néu 14y

s6 thir nhat chia cho 9, s6 thit hai chia cho 6 thi thwong ctia phép chia s6 thi
nhat cho 9 bé hon thuwong cia phép chia sé6 thd hai cho 6 12 3 don vi. Tim hai
s6 d6, biét rang cdc phép chia néi trén déu 1a phép chia hét.

Thung thit nhat chira 60 géi keo, thiing thit hai chita 80 géi keo. Ngudi ta 1dy
ra tir thiing thit hai s6 géi keo nhiéu gdp ba 14n s géi keo 14y ra tit thing thi
nhat. Héi ¢6 bao nhiéu géi keo dugc 14y ra tir thiing thit nhét, biét ring s6 goi
keo con lai trong thing thit nhat nhiéu g4p hai 14n sd g6i keo con lai trong
thuing thit hai ? :

Mot 6t6 di tit Ha Noi dén Thanh Hoa véi van t6¢ 40km/h. Sau 2 gi¢y nghi lai &
Thanh Ho4, 6t6 lai tir Thanh Ho4 vé Hi Néi véi van t6¢c 30km/h. Téng thai
gian ca di 14n vé 12 10 gid 45 phiit (ké ca thoi gian nghi lai & Thanh Ho4).
Tinh quang duong Ha Noi — Thanh Hod.

(Bai todn c6 Hi Lap)

— Thua Py-ta-go 18i lac, trudng cda nguoi c6 bao nhiéu mon dé ?

Nha hién triét trd 16i

— Hién nay, mét nira dang hoc Todn, mot phan tu dang hoc Nhac, moét phin
bay dang ngdi yén suy nghi. Ngoai ra con c¢6 ba phu nit.

Hoi truomg Pai hoc cia Py-ta-go c6 bao nhiéu ngudi ?



51

52.

53.

54.

S35,

56.

57.

58.

59.

60.

61.

Trong mét buéi lao dong, 16p 8A gém 40 hoc sinh chia thanh hai t6p : t6p thi
nhit tréng cay va tép thi¢ hai lam vé sinh. Tép tréng cay dong hon t6p 1am vé
sinh 12 8 ngudi. Hoi t6p tréng cay c6 bao nhiéu hoc sinh ?

Ong cha Binh hon Binh 58 tudi. Néu cong tudi ciia bo (hay ba) Binh va hai
14n tudi ca Binh thi bing tudi clia 6ng va téng s6 tubi cla ca ba ngudi bing
130. Hay tinh tudi ciia Binh.

Mot s6 tu nhién 1é cé hai chit s6 va chia hét cho 5. Hiéu cla s6 d6 va chit s6
hang chuc cia né bang 68. Tim s6 dé6.

Mot phan s6 c6 tit s6 bé hon mau s6 12 11. Néu tang tr s6 [én 3 don vi va

giam mAu s6 di 4 don vi thi duoc mot phan s6 bang % . Tim phan s6 ban diu.

Mot s6 thap phan c6 phidn nguyén 12 s6 ¢6 mot chit s6. Néu viét thém chir s6 2
vao bén trii s6 d6, sau d6 chuyén ddu phdy sang trai mot chi s6 thi dugc s6

md&i bang 1—90 s6 ban ddu. Tim s6 thap phan ban d4u.

Mot 6t6 di tir Ha Noi lic 8 gio sdng, du kién dén Hai Phong vao lic 10 gio 30
phit. Nhung méi gis 6t6 da di cham hon so vdi du kién 1a 10km nén mii dé&n
11 gid 20 phit xe mdi tdi Hai Phong. Tinh quang duong Ha N6i — Hai Phong.

Mot tau chd hang tir ga Vinh vé& ga Ha Noi. Sau d6 1,5 gio, mot tau chd khich
xudt phat tir ga Ha Noi di Vinh véi vén t6¢ 16n hon van téc tau chd hang la
7km/h. Khi tau khich di duge 4 gio thi né con cich tau hang 1a 25km. Tinh
van t6¢ méi tau, bi€t ring hai ga cich nhau 319km.

Mot ngudi di xe dap tir A dén B. Lic dau, trén doan dudng da. ngudi d6 di vai

van téc 10km/h. Trén doan duong con lai 1a dudng nhua, dai gap rudi doan

duong d4, ngudi d6 di v6i van téc 15km/h. Sau 4 gio nguoi dé dén B. Tinh do

dai quiang duong AB.

Binh truéc cia mot mdy kéo cé chu vi 1a 2,5m, banh sau c6 chu vi 13 4m. Khi

mady kéo di tir A dén B, banh truéc quay nhiéu hon bdnh sau 15 vong. Tinh

khoang cach AB.

Mot miéng hop kim déng va thiéc c6 khéi lugng 12kg, chida 45% déng. Hoi

phai thém vao d6 bao nhiéu thiéc nguyén chat dé dugc mot hgp kim mdi ¢6

chifa 40% dong ?

Mot cira hang bin mét mdy vi tinh véi gid 6,5 triéu déng chua ké thué gia tri

gia tang (VAT). Anh Trong mua chiéc mdy vi tinh d6 cing véi mot médem
15



ngoai va phai trd téng cong 7,546 trieu déng, trong d6 di tinh ca 10% thué
VAT. Hoi gi4 tién mot chi€c moédem (khong k€ VAT) 1a bao nhiéu ?

Ghi chit : Modem (modem) 12 mét thi€t bi ddng d€ chuyén déi céc tin hiéu s&
do mdy tinh phit ra thanh céc tin hi¢u thich hop, truyén qua dudng dién thoai,
va nguge lai. Véi mot may tinh c4 nhan va mot modem, ngudi ta ¢6 thé trao
déi thong tin gilta céc t6 chic hay c4 nhan qua mang Intonét (Internet). Khi
mua mdt may tinh khong c6 médem trong (titc 1a moédem duge thiét k€ va cai
dat sin trong mdy) ma muén st dung Intonét, ngudi ta phai mua them mot
modem ngoai.

On tap chuong lll

62.

63.

65.

16

viB= 4 .
2m + 1 2m—1

Hay tim cic gi4 tri cia m d€ hai biéu thitc 4y c6 gid tri thoa min he thifc
a)2A+3B=0;

b) AB=A +B.

Tinh gin ding nghiém cua cac phuong trinh sau, [am trén dén chit s§ thap
phan thi hai (ding may tinh bd tii d€ tinh toan) :

2) (W13 + V5T - x3) = 0;
b) (xy2.7 - 1,59)(/1,02 + x{3,1) = 0.

Cho hai biéu thic A =

Giai cac phuong trinh sau :
) 9x = 0,7 5x-15_7x-11 50,4-2x)
4 7 3 6 ’
b)3x~1_2x+5=]___i_;
x -1 x+3 (x — D(x +3)
3 15 7
c) + = - :
4x—-35) 50-2x*>  6(x+5)
d) 8x? o 2x _1+8x
3(L - 4x%) 6x-3 4+8x
Cho phuong trinh (dn x):  4x° - 25 + k% + 4kx = 0.

a) Gidi phuong trinh véi k = 0.



66.

67.

68.

69.

70.

71.

b) Giai phuong trinh véi k = -3.
c) Tim cic gi4 tri cua k sao cho phuong trinh nhan x = -2 lam nghiém.
Giai cac phuong trinh sau :
a) (x + 2)(x* - 3x + 5) = (x + 2)x°;
-7x% + 4 5 1
x> +1 ) 2 —x+1 x+1°
c)2x2—x=3—6x;

x—2_ 3 2x-11)
X+2 x-2 X2 -4

b)

d)

S6 nha ctua Khanh 12 mot s6 tu nhién ¢6 hai chit s6. Néu thém chit s6 5
vao bén trdi s6 d6 thi duoc moét s6 ki hieu 12 A. Néu thém chit s§ 5 vao
bén phai s6 d6 thi duge mot s6 ki hiéu 13 B. Tim s6 nha cha Khanh, biét rang
A-B=153.

Mot doi thg mo 14p k& hoach khai thic than, theo d6 mdi ngay phai khai thac
duge 50 tan than, Khi thyce hién, méi ngay d6i khai thiac duge 57 tin than. Do
d6, d6i da hoan thanh k&€ hoach trude 1 ngay va con vugt mitc 13 tan than.
Hoi theo ké& hoach, doi phai khai thdc bao nhiéu tin than ?

Hai xe 60t6 cing khdi hanh tir Lang Son vé Ha Noi, quing duong dai 163km.
Trong 43km déu, hai xe ¢ cuing vén tdc. Nhung sau d6 chi€c xe thif nhit tang
van tdc 1én gap 1,2 1dn van t6c ban ddu, trong khi chiéc xe thit hai vin duy tri
van t6c ci. Do do xe thit nhat dd dén Ha N6i sdm hon xe thit hai 40 phiit.
Tinh van t6c ban dau cta hai xe.

Mot doan tau hoa tir Ha Noi di Thanh phé H6 Chi Minh. 1 gidy 48 phiit sau, mot
doan tau hoa khic khai hanh tir Nam Dinh ciing di Thanh phd H6 Chi Minh
vGi van téc nhoé hon van tée cua doan tau thit nhét 13 Skm/h. Hai doan tau gap
nhau (tai mo6t ga nao d6) sau 4 gid 48 phit k€ @ khi doan thu thit nhat khai
hanh. Tinh vin t6c méi doan tau, biét ring ga Nam Dinh nam trén dudng tir
Ha Noi di Thanh phd H6 Chi Minh va cich ga Ha No6i 87km.

Liic 7 gid sing, mot chiéc cané xuoi dong tir bén A dén bén B, cich nhau
36km, rdi ngay lap titc quay tr& vé va dé€n bén A hic 11 gio 30 phit. Tinh van
toc cua cand khi xudi dong, biét ring van t6c nude chay 1a 6kmy/h.

2. VBT Todn %72 17



Bai tap bé sung
II1.1*, Giai cac phuong trinh sau :

2 13 L1 _ 6
Rx+7)x~3) 2x+7 2_g'

3 2
b) 1_2x—1 +6 1_21(—1 =l2(2x-1)_20;
x+1 x+1

x+1

IT1.2*, a) Cho ba s6 a, b va ¢ d6i mo6t phan biét. Giai phuong trinh

X X X

@-bD)E-0 B-ab-0 C-a-b >

b) Cho s6 a v ba s6 b, ¢, d khdc a vA thod man diéu kién ¢ + d = 2b. Giai
phuong trinh

X N 2x + x _ 4a
a-b)a-c) (@-ba-d) (@-cla-d) @-c)a~-d)’

II1.3. C4n phai thém vao tir vi miu cia phan s6 % v6i ciing mot s6 ti nhién nao

dé dugc phan s& % ?

IIL4. C4ch day 10 nam, tui clia ngudi thit nhat g4p 3 14n tuéi chia ngudi thit hai.

Sau day 2 nim, tudi ca ngudi thd hai bing nira tuéi clia ngudi thi nhét. Ho6i
hién nay, tudi cha méi ngudi 12 bao nhiéu?

L3I GIAI, CHi DAN HOAC PAP $O

§1. M3 ddu vé phuong trinh
1. HD:

Véi méi phuong trinh, tinh gid tri cia hai v€ khi 4n nhan 14n luot cic gia tri

-—2;—1,5;-1;0,5;% ; 2 ; 3. Nhilmg gif tri clia 4n ma hai v& ctia phuong

trinh c6 gi4 tri bAng nhau s& 1A nghiém cita phuong trinh.

18



Cé thé 1ap bang, ching han d6i vdi phuong trinh a) nhur sau :

2
y -2 -1,5 -1 0.5 E 2
2
y? -3 1 ~075 | =2 ~2,75 —§ 1
2y -4 -3 ) 1 4 4
3
Tra 11 : a) Phuong trinh ¢6 hai nghiém1a y=-1vay=3.
b) Phuong trinh ¢6 nghiém la t =0,5.
¢) Phuong trinh ¢6 nghiém la X=—.

Ca hai két luan déu sai, vi :

a) Tai x = —1, hai vé& ciia phuong trinh ¢6 gid tri khic nhau (- 4 va 6).
b) Tai z = 3, hai v&€ clia phuong trinh c6 gia tri kh4c nhau (10 va 11).

a) Ta c6 ba phuong trinh :

5x -3 =x?-3x+12 (1)
X2 -3x+12 =(x+I}x~-3) )
(x+ D(x—3) =5x—3. (3)

b) Lap bang :
x S| -4l 3| 2]|-1lo|1|2]3]|4]s
5x -3 28| -23|-18|-13|-8|-3| 2|7 |12|17]2
2o3x+12 | 52|40 | 30| 2 | 16]|12]10]10]|12] 16|22
x+Dx-3y| 32 |21 |12 5 |0|=3|<4|3|0]|5]12

Tir bang ndy, ta suy ra trong tip hop M :
— Phuong trinh (1) ¢6 hai nghiém 1a x=3 vax =S5.

— Phuong trinh (2) khéng c6 nghiém.
— Phuong trinh (3) ¢c6 mét nghiém la

Phuong trinh 12

2x + 150 = 500.

x=0.

19




§2.
10.

11.

20

Thay x trong phuong trinh bdi 3, ta duoc ca hai v&€ déu bang 6m — 5, diéu d6
chimg minh ring x = 3 luén 1a nghiém cua phuong trinh db m 14y b4t a1t gid
tri ndo.

a) Tha tryc tiép, ta thdy x = 2 12 nghiém clia ca hai phuong trinh.

b) D& thay x = 3 la nghiém cua (1). Khi x = 3, v& trdi cta (2) bang 10, khong
bing v€ phai nén x = 3 khong 1a nghiém cha phuong trinh (2).

¢) Hai phuong trinh khéng twong duong, vi x = 3 1a nghiém cla (1) nhung
khong la nghiém cia (2).

Khi x = 0 thi hai vé€ c6 gia tri khidc nhau ;
Khi x < 0 thi vx khong xac dinh ;
Khi x > 0 thi v-x khéng x4c dinh.

Vay trong moi trudng hop, khéng c6 gid tri nao cha 4n nghiém ding
phuong trinh.

Néux <O thi|x| =-x;dodéx + x| =x—x=0.
Vay moi s6 x < 0 déu nghiém diing phuong trinh.

a) Khi m = — 4, phuong trinh tr& thanh 0x = 0 nén moi gi4 tri cua 4n déu 12
nghiém cta phuong trinh.

b) Khi m = -1, phuong trinh tr& thanh Ox = 3.

R& rang khong c6 gi4 tri ndo cda 4n thod man phuong trinh.
¢) Khi m = -2 thi phuong trinh trd thinh  —2x> =2 ;

Khi m = -3 thi phuong trinh tré thanh ~ -2x° = 1.

Trong ca hai truong hgp, v€ trai ludon nhan gid tri khéng duong, v€ phéi luén
duong véi moi x. Do d6 phuong trinh v6 nghiém. '

d) Khim =0, phuo‘ng_tr‘mh tré thanh  4x% =4, nhin x = =1 1am nghiém.

Phuong trinh bac nhit mét an va cach giai

aAx=3; byx=-73; Ax=21; d)yx=-0,3.
. .. 1 ,

a) Chia hai vé cho 2, ta dugc x = -\/;3- Suy ra x = 1,803.

b) x = — 0,647.
c) x =~ 4,899,



12.

13.

14.

15.

16.

17.

Vi phuong trinh nhan x = —2 1am nghiém nén ta cé ding thitc (bing c4ch thay
X trong phuong trinh béi —2) :

2(-2)+m=(-2)-1,suyra-4 +m=-3.
Chuyén v€, ta tim duge m = 1.
Nguoc lai, khi m = 1, phuong trinh tré thanh

2x +1=x-1.

Thir lai ta thiy x = -2 nghiém diing phuong trinh.
Vaygidtricintimciamla m=1.
Dé thdy x = 5 1a nghiém cta phuong trinh ~ 2x = 10.
Do d6 x = —1 la nghiém cia phuong trinh 3 —kx = 2.
(Tiép theo giai tuong tu bai 12) ta duge k&t quia k = —1.

a)7x+21=0Tx=-21<x=-3.
b)5x—2=0@5x=2@x=%.

0)12-6x=0=12=6x<x=2.
d-22x+14=014=2x=x=7.

a)x =-6.
byx=1,2.
c)x=1.

d) —§x+1=zx—10 @—éx—gx.—-—ll @—£x=~11 & x =09,
9 3 9 3 9
aA)3x+1=7x-113x-7x=-11-1-4x=-12x=3.
2
byx=——,
) 9

c)x=4.
d)yx=2.
aA)2(x+1N)=3+2x2x+2=3+2x2x-2x=3-2&0x=1.

Phuong trinh sau cing v6 nghiém ching té phuong trinh ¢4 cho v6 nghiem.
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18.

§3.
19.

20.

21.

22

b) Giai tuong tif cau a).

¢) Véi moi gid tri cia x, hai v& clia phuong trinh luon luén cé gia tri khong

bang nhau (v€ trdi khong am, v€ phai am). Vay phuong trinh vé nghiém.
a) V6i m = 2, phuong trinh trg thinh  Ox + 2 = 2.
Dé thdy tap nghiém 1a R.
b) Vi m = -2, phuong trinh trg thanh 0x + 2 = -2, hay Ox = —4.
Phuong trinh nay vé nghiém.
¢) V6i m = -2,2, ta c6 hai cédch giai :
Cach 1 : Th€ m = -2,2 vao phuong trinh ta c6 :

084x +2=-220,84x=-42 < x=-5.
Cdch 2 : Trude hét ta bién di phuong trinh (nh6 ring ldc nay, m = 2) :
m-2 1

&oOXx= )
m2—4 m+ 2

(m2—4)x+2=m<:>(m2—4)x=m—2<:>x=
Thay thé m = —2,2 vao déng thic cuéi, ta duge x = 5.
Phudng trinh dua dugé vé dangax+b =0

a)S=1{-3,8}; b)S=9;
c)S={8}; d)S=1{1,2}.

a)S= _%4 : b)g:{ﬂ};
7 12

c) 2 x+3 =5- E+x <=>2x+é=-1—2——x<:>3x=§©x=g.
5 5 5 5 5 5

20x + 1,5 - 21x — 120(x - 9) _ 80x+6
24 24
S -99x +1080=80x +6 <> 179x = 1074 &> x = 6.
a) HD : Gi4 tri cira phan thitc A duge x4c dinh véi diéu kign
2x -1 -32x+1)=0.
Do d6 bai toan dan dén viéc giai phuong trinh
2x—1H-32x+1)=0.

d)%—S(x—9)=_

PS:x=# —g.
4




b) HD : Diéu kiénla  1,2(x +0,7) — 4(0,6x + 0,9) # 0.
Tix 46, ta phat giai phuong trinh

L2(x +0,7) — 4(0,6x + 0,9) = 0.
DS :x#-23.

22. a) Nen quy d6ng miu s6 ritng médi v&, rit gon réi khir miu bing c4ch
nhén chéo.

PS :S={3).
by HD : 3(x—3)+4x—10,5=3(x+1)+6
4 10 5
15(x = 3) + 2(4x —10,5) _ 12(x + 1)+ 120
20 20 '
PS :S={18].
OHD : 2(3x+1)+1_5=2(3x—1)_3x+2
4 5 10
o 5(6x +3)-100  8(3x —1)-2(3x +2)
20 20 '
Ds.-3={l%}.
12
" x+1+3(2x+1)=2x+3(x+1)+7+12x
3 4 6 12
- 4(x+1)-;-29(2x+1)=2(5x+3)1;-7+12x¢>2zx+13=22x+13'

Vay phuong trinh nghiém ding véi moi x.
23. HD : Xem céch giai bai 12,

PS:rak=-3; b)k=§.

24. HD :Ta quy vé viéc giai phuong trinh A = B.
a) (x—3)x+4)—203x-2)=(x —4)

& X3 +4x—12-6x+4=x>—8x+16<>3x=24 < x =8,
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28S.

5
b)x=——.
) 6

)x-DE+x+D-2x=x(x- DX+ D e x - 1-2x=x(x* - 1)
S x=-1,

A x+ 1D -x-2=Gx-1Gx+1)

o G343+ -3 —6x2 +12x - 8) = 9x% — 1

o —9x=—10¢:>x=%.

2x  2x -1 X 2x x 1 X 2X X X 1
a) —+ =4 - — — t-——==4 —-= —t =4+ —=4 + -
3 6 3 3 3 6 3 3 3 3 6
4x 25 25
— =S X= —,

3 6 8

2 4 3 2

<:>(x—1)11= SX-1l=— ox=—.
12 17

2-X 1-x X 2-Xx 1-x -X
c) -1= - & +l=|—+1(+|——+1
2001 2002 2003 2001 2002 2003

2003 -x 2003-x 2003 -x
=S = +

2001 2002 2003
<:>(2003—x)[ 1 ] ij
2001 2002 2003

<> x = 2003 (Vi biéu thitc trong d4u ngodc cia v€ trai khéc 0).

Bai tap bé sung

3.1. a) Nhan hai vé& cia phrong trinh (1) véi 24, ta duoc

24

7% -5(x~-9) = %(20)( +1,5) & 21x—120(x —9) =4(20x + 1,5)

< 21x-120x - 80x=6-1080 < - 179x=-1074 <& x=6.
Vay phuong trinh (1) ¢6 mot nghiém duy nhét x = 6.



32.a)Patu=

b) Tacd:

2a-1)x—a(x~1)=2a+3 & (a—-2)x=a+3. 3
Do d6, khi a = 2, phuong trinh (2) twong duong véi phuong trinh Ox = 5.
Phuong trinh nay v6 nghiém nén phuong trinh (2) vé nghiém.
c¢) Theo diéu kién cua bai todn, nghiém cua phuong trinh (2) bang mot phan
ba nghiém cuia (1) nén nghiém dé bang 2. Do (3) nén phuong trinh (2) c6
nghiém x = 2 ciing c6 nghia la phuong trinh (a — 2)x = a + 3 c6 nghiém x = 2.
Thay gid tri x = 2 vao phuong trinh nay, ta dugc (a — 2)2 = a + 3. Ta coi day
I phuong trinh méi d6i véi 4n a. Gidi phuong trinh mdi nay :

(a-2)2=a+3 < a="7.

Khi a = 7, dé thir thdy ring phuong trinh (2 — 2)x = a + 3 ¢6 nghiém x = 2,
nén phuong trinh (2) ciing c6 nghiém x = 2.

16x +3
7

6u-8=3u+7 © 6u—-3u=7+8 & 3u=15 < u=s.

, ta ¢6 phuong trinh 6u — 8 = 3u + 7. Giai phuong trinh nay :

6(16x + 3)
7 8 7 +7 7
& 16x=32 & x=2.

Vay
_ 30d6x +3) - 16X+3=5c>16x+3=35

b)Né’u('iatu=x\/§——lth‘1 x«/f=u+lnénphuo’ngtrinhdﬁchocédang
(V2 +2)u=20+1-42. 1)

Ta giai phuong trinh (1) :

1 <« 2u+2u=2u+2-2 o Ru=2-2

o Pu=V2(2-1) & u=2 -1

Vay
(\/5+2)(x\/5—1)=2x\[2_-\/5 o2 —1=y2 -1 o x2=V"2
& x=1,

x -1 X x+1  2x-2 2x 2Xx+2
o) Néu datu = 555+ 5510 * 2011 ™ 2000 T 2010 * 2011 2N ™em
phuong trinh da cho ¢6 dang 0,05.2u = 3,3 — u, hay 0,1.u = 3,3 — u. D& thay

phuong trinh nay ¢6 mét nghiém duy nhit u = 3. Do d6
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X +1

2x -2 2x 2x +2 x -1 b4
0’05[ 2009 © 2010 ' 2011 ]‘3’3‘[ ¥

@x—1+ X +x+1_
2009 2010 2011

x -1 X X +1
< [2009'1]+£2010’1]+[2011 —1]_0

x—-2010 x-2010 x-2010
o =

3

3000+ 2010 T 2011 0
1 i 1
& (x- 2010)[2009 3010 2011] =0
o x=2010.
§4. Phuong trinh tich
26. a)S={2,5,;-48};
b) S=1{0,5;-23};
c) (3x—2)[2(”3) - 4""3J =0
7 5
< 3x-2=0hoac 2(x7+ 3 _ 4x5— 3 =0.

°3x—2=0<:>x=-§-;

. 2(x+3)_4x—3___0® 2(x+3)=4x—3
7 5 7 5

SX=—.
6

Vay tip nghiém cta phuong trinh 12 S = {% ; -18?-] .

d)S= {0,3 ; l-6~]
9

26

2009 " 2010 *

2011

J

o 10(x +3) = 7dx - 3)



27. a) (V3 —x/5)(2xvV2 + ) =0 & /3 —x3/5 =0 hoac 2xV2 + 1 = 0

e f3-xS5=0 ®x=£=x1.5uyrax1z0,775.

NG

¢ 2x\V2+1=0 < x= =L = X,. Suy ra x, = — 0,354.

12
Vay phuong trinh c6 hai nghiém x, va x, trong d6 x, = 0,775 ; x, = — 0,354.
b) Hai nghiém : x;=1,323 va x,=-0,949.
c) Hai nghiém : x;,~0,298 va x,=—0,566.

d) Hai nghiém : x;~=-0,721 vd x,= 0,652.
28. a) HD : Nhan tuchungla x-—1.

bS :S={1;-55).
b) HD : Nhan tir chung 12 5x + 3.

DS:S= {—3 ; Z}
53

¢) HD : Nhan te chung 12 3x -2.

bS :S= {-2- ; 2}.
3 4

d) HD : Nhan tit chung 12 2x* + 1.
DS : S={-3).
e) HD : Nhan ti chung 13 2x -1,

DS:S={—1 ; l}
2

NHD : x+ 2B -4 =x’+4x+4 & x+2)B -4 - (x+2)°=0

DS:S={—2;1}.
5

S x+2)(1-5x)=0.



29. a)HD: (x—D(xX*+5x-2)~(=1)=0

& x-DE+5x-2)-(x-DEE+x+1)=0.

DS :S= {13}
4

b)HD : x2+(x+2)(11x—7)=4¢3(x2~4)+(x+2)(11x—7)=0
S X+DE-2)+x+2X(11x-7)=0.

DS :S= {—2;3}.
4

c)HD.'x3+1 =x(x+1)©(x+1)(x2-x+1)—x(x+1)=0.
DS:S={-1;1}.

HHD : C+x2+x+1=0x2(x+ 1) +(x + 1) =0.
DS :S={-1).

30. ) HD : x> —-3x+2=0 (x> —x)—(2x - 2) = 0.
DS:S={1;2].

b)HD : x> +5x = 6=0 (x> + 2X) + (3x — 6) = 0.

DS:S={2;3].

C)HD : 4x* — 12x + 5= 0 & (4x2 = 2x) — (10x — 5) = 0.

DS:S={—1-;§ .
2 2

dYHD : 2x> + 5x +3=0< (2x° +2x) + 3x + 3) = 0.

DS :S= {—1;—2}.
2

31. a)HD :Phantich x*>—2= (x - V2)(x + /2).
Dit x — V2 1am nhan tir chung.

psS:x=-2 V5X=~%—\/—2_.
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32.

33.

b) HD : Phan tich x* — 5= (x - J5)(x + V5).
Chuyén vé réi dat x + /5 1am nhan tr chung.
DS x=-J5 vax=0.
a) Tacd:
Bx+2k-35)x-3k+1)=03x+2k-5)=0hodc (x—3k+1)=0.
Do d6 néu x = | 12 nghiém cha phuong trinh d3 cho thi xay ra hai kha ning :
—Phuongtrinh 3x+2k—-5=0 nhan x=1 lam nghiém.
Liic nay diéu kién chak 1a :
3+2k-5=02k=2k=1.
—Phuongtrinh x—-3k+1=0 nhian x=1lam nghiém.

Liic nay, diéu kién coak 1a:

1-3k+1=0&3k=2k= %
b) - Véik =1, ta c6 phuong trinh  (3x —3)(x -2)=0.
Phuong trinh nay ¢4 hai nghiémla x=1vax=2,

—Vé‘ik=-2§,tacéphu0ngtﬁnh [3){—%](){—1):0.

: . 11
Phiutong trinh nay ¢6 hai nghiém 1a x = ry vax=l.

a) HD : S5 a phai thod man didu kien  (-2)° + a(-2)> — 4(-2) — 4 = 0.
DS:a=1.
b) HD : Véia = 1, ta ¢6 phuong trinh C4+x’-4x -4=0.
Ta phan tich v& trai cha phuong trinh thanh tich nhu sau :
x3+x2—4x—4=(x3+x2)—(4x+4)=x2(x+ D-4x+1)
= (X + (X7 = 4) = (x + DX = 2)(x +2).
DS :S={-1;-2;2}.

34. a) D€ cho x = -3 1a nghiém ctia phuong trinh f(x, y) = 0, diéu kién 12

(-6 -3y +7){(-9+2y-1)=0.
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Coi day 12 phuong trinh d6i véi 4n v, ta hily gidi phuong trinh nay :
(—6-3y +T)(9+2y—1)=0 <> (<3y + )2y — 10) =0
<> -3y+1=0hoac2y—-10=0.

1
*3y+1=0cy=—;
y y 3
*2y-10=0&y=5.
Vay c6 hai gi4 tri cua y thoa man diéu kién ctia bai todnla y = % viy=5.
b) HD : Ta quy vé viéc giai phuong trinh sau v6i 4n x :
2x-6+7Bx+4-1)=02x+1D3Bx+3)=0.

DS:xe{—l;—l}.
2

§5. Phuong trinh chifa an & miu

35.
36.

37.

30

a) Sai ; b) Ding.

Maic di ra ddp s6 ding, 101 gidi clia ban Ha vin khong ddy dia vi di bdé qua
DKXD cua phuong trinh.

Dé duoc 16i gidi hoin chinh, ban Ha phai thuc hién thém hai budc nita 1a :

— Trudc khi bién d6i phuong trinh, phii néu DKXD 1a x # —% Vax # —%.

— Sau khi tim duge x = —%, phéi khing dinh ring gi4 tri d6 clia x thod man
DKXD ctia phuong trinh réi méi néu két luan.

a) HD : Vi X+ 1 # 0 vé1 moi x nén phuong trinh di cho tuong duong véi
phuong tinh  4x -8 + (4 -2x) =0.

Trd loi : Dang.

2
b) HD :Véimqix,tacc’)xz—x-i—l:[x—%] +%>0.

Do d6 phuong trinh d3 cho tuong duong véi phuong trinh
x+2)2x-1)-x-2=0.
Trd loi - Pung.



38.

39.

¢) Trd 14i : Sai, phuong trinh v6 nghiém.
d) Trd lon : Sai, phuong trinh ¢6 mot nghiém x = 3.
a)S=d.

b)DKXD:x;t%.

Quy d6ng mau hai v&€ va khitr mu :

2x -3 2x -3 2x -3 2x -3

x+2?  _x'+10 o tax+)-02x-3) x’+10

suy ra : x> +2x +7=x2+10.
Giai phuong trinh :

x2+2x+7=x2+10<:>2x—3=0©x=%.

Gi4 tri ndy cta x bi loai do khéng thoa min DKXD.
Vay phuong trinh da cho v6 nghiém.

11
)S=—1:.
L {12}
d)HD.‘DKXD:x;é%.

Maiu chung 33x-1).

DS :S= {i}
11

a) HD : Ta phai gidi phuong trinh

2x% —3x =2 _
x> -4 B
Trd l1 : Khong ton tai gia tri ndo cta x thod mian diéu kién cia bai toan.
b) HD : Ta phai giai phuong trinh
6x -1 2x+5§
3x+2 x-3

2.

PS:x=~-—.
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40.

32

¢) HD : Ta phai giai phuong trinh
y+35 y+1_ -8
y-1 y=-3 (-Dy-3
Trd loi . Khong ton tai gid tri ndo cia y thod man diéu kién clia bai todn.
a) HD : DKXD : x # +2.
1 -6x +9x+4 _xCx-2)+1

Xx—-2 X+ 2 x2—4
A-6x)x+2)+Ox+DHx-2) x(Bx-2)+1
x2 -4 x2-4

Khirmau :  (—6x2 = 12x + X + 2) + (9x> — 18x + 4x — 8) = 3x> — 2x + 1

<:>—23x=7<:>x=—-7—.
23
b) DPKXD : x # 3 va x #-2.
X _ 5x N 2
3—-x (x+2)3-x) x+2
x+2)B-x)+x(x+2) 5S5x+23-x)
(x +2)3 —x) (x+2)3-x)
Khtr mau va thu gon :

1 +

X2 H+3x =X+ 6+X +2x=5x+6—2x < 0x =0,
Phuong trinh cuéi cing thoa mén véi moi x.

Do d6 phuong trinh d3 cho nghiém ding vt moi gid tri cha x thoa man
PKXD, titc la x # 3 vax # -2,

ObKXD:x=z1.
2 2x + 3 2x —D2x +1)
T3 = 3
x-1 x“+x+1 x” =1

- 2 Ax +D+2x+3)x -1 4x? -1
x—1 -1
Khir mau va thu gon :

2K +2x+2) + (2x +3x - 2x - 3) =4x’ - 1 & 3x =0 & x = 0.
x = 0 thod man DKXD. Vay nghiém cua phuong trinh la x = 0.



d)HD:DKXD:x¢—% vax#5.

)(3—()(—1)3 _7x~1_ X
4x+3)x-5 4x+3 x-95

-3 -3 +3x - 1) (Tx = I)(x = 5) - x(4x + 3)
(4x +3)(x - 5) ‘ (4x + 3)(x - 5) '
Khit mau va thu gon :

3x? —3x + 1 =3x% - 39X + 5 <> 36x = 4.

ps.s- 1]
41. a) HD : DPKXD : x # *1.
Quy ddng va khir miu, ta duge phurong trinh
3x* - 13x +4=0.
Giai phuong trinh nay nhu sau :
3 -13x+4=03x" —x - 12x+4=0
S X@Bx-1)-43x-1)=0
S GBx-1x-4)=0.

DS.‘S={4;1}.
3

b)HD :DKXD :x#2vax#4.
Quy déng va khir mu, ta dugc phuong trinh
3x*—17x +24 =0.
Cach giai phuong trinh nay nhur sau :
3 - 17x+24=0(3x> - 9%) - (8x —24) =0
S3x(x—-3)-8(x—-3)=0
< (x-3)3x-8)=0.

DS.—S={3;§}.
| 3

2- VT Toiin 872
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42,

34

C)HD :DKXD : x #1.

Miuchungla  x*—1=(x— 1) +x+ 1)
O két qua chi § loai gid tri x = |.

DS : S={0}.

d)HD :DKXD :x #+3vax # —%.

Miu chung I3 (x> — 9)(2x + 7).
Quy déng va khit mau ta ¢6 phuong trinh :
X2 +x-12=0.
Giai phuong trinh nay nhu sau :
x> +x-12=0
& x*-3x+4x-12=0
&S x(x=3)+4x-3)=0
< (x=-3)x+4)=0.
Chi y & k&t qua loai gia tri khong thoa man BPKXD.

DS :S={-4).
HD : C6 hai céch giai :
Cdch 1.

a) Khi a = -3, ta ¢6 phuong trinh :
x—3 x+3 24
" —

3-x -3+x 9_x2

DKXD : x =13

Méu chung 1a: x% - 9.
Gidi phuong trinh nay ta duge x = -2,
b) Khi a = 1, ta c6 phuong trinh
x+1 x-1 4
+ = .
1-x 1+x 1-— )(2
DKXD : x # 1.
Giai phuong trinh nay, ta thdy né v6 nghiém.




¢) Khi a = 0 ta c6 phuong trinh
X x_0
—X X x2 )

Phuong trinh nay nghiém ding véi moi x, trir khi x = 0.

d) Néu x = % 14 nghiém cua phuong trinh thi

27 277 _aBa+)
1 1 4, 17
a-— a+— a’ ——
2 2 4
Ta coi day 1a mét phuong trinh d6i véi 4n a va giai thi duge hai gia tri :

a=0vaa= l
3

Cudi cing, cin kiém tra lai cic gi4 tri tim dugc cla a ¢6 thoa mén diéu kién

cua bai todn khong.
PS:a=0hodca= %

Cdch 2.
Trude hét coi a 1a mot s6 di biét, ta gidi phuong trinh 4n x :
DKXD:x#zxa.
Quy d6ng va khir miu réi nit gon thi duoc :
4ax = a(3a + ). *)

a) Thé€ a = -3 vao (*) ta dugc

—12x = 24 & x = -2 (thoa man PKXD 13 x # +3).
b) Thé a = 1 vao (*) ta duge

4x =4 < x = 1 (khong thod min DKXD 1a x # x1).
c)Th€a=0vao (taduwoc O0x=0.
Phuong trinh nay nghiém diing v&i moi x.
Tuy nhién, DPKXD lic nay 12 x # 0 nén tap nghiém cua phuong trinh la :

S={x|x=0}.

d) Thé x = — viao (*) ta duoc

1O |

23=a(3a+1)<:>a(3a—1)=0<:>a=0h0£_1ca=§.
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Bai tap b8 sung

. 1 x=2 2x*-))
5.1.a)Tacox+ﬁ—x+2x_1— 1 "
1+
X —2

36

DKXD cua phuong trinh 1a x # 2, X # %,x;ttl, X # % Ta bi&n déi phuong

2x ~ 1 6

trinh da cho thanh 2 = 1

. Khir miu va it gon :
p 7
2x-DBx-1H)=6(x"-1) & -5x+1=-6 & x=§.
e 7 )’ . : X NI 7
Gidtri x = 3 thoa man DKXD. Viay nghiém cua phuong trinh lax=§

b) Cdch 1. DKXD : x # +1. Bi¢n déi v& trii thanh 24" =12
x2 -1 2x x+1

a

2 _ x -1
+1 2(x+ 1)

dua phuong trinh d3 cho vé dang - . Giai phuong trinh nay

bang cdch khir miu :
4x+D=Ex-DEE+1) & x+1)x-5=0 < x=-lhoacx=5.

Trong hai gid tri tim dugc, chi ¢6 x = 5 1a thoa man PKXD. Vay phuong trinh
da cho c6 mét nghiém duy nhat x = 5.

X412 c6 phuong trinh Y = - DKXD cia phuon
x_1 7 phiong l+y 2y’ P g

trinh nay 12 y # 0 va y = —1. Giai phuong trinh nay béng cich khir mau :

Cdch 2. Dat

W -2=1+y & 2Ay* - D) —(y+1)=0

< (y+DRy-3)=0 < y=-lhoicy= %

Trong hai gia tri tim duoc, chicdy = % 1a thoa man DKXD.



Vay phuong trinh d3 cho tuong duong véi phuong trinh

x+1 3

x—-1 2°
Giai phuong trinh nay ta duge x = 5.
c)DKXD:x g {0;-1;-2;-3}. Ta bién d6i phrong trinh nhu sau :
5 2 4 3

. _ +
X x+3 x+1 x+2

®§+1+ 2+1— 4+1+ 3+1
X x+3 Tlx+1 X+2

5+x+5+x_5+x+5+x
X x+3 x+1 x+2

1 1 1 1
< (5+x)[;+x+3_x+l—x+2J—0

1 1 1 1
S 5+4x=0 (D) hoac;+x+3—x+l~x+2-0(2).

Tacd:
() & x=-5;

(2)@1+ 1o _ 1 1 2x+3  2x+3
x Xx+3 x+1 x+2 x(x+3)  (x+1(x+2)

@(2x+3)[ 21 - 1 ]=0
X“+3x x“+3x+2

1 1

< 2x+3=0 hoic 3 - =0.
X“+3x x“+3x+2

e2x+3=0& x=—%;

° 21 - 1 = 0 . Dé thdy phuong trinh nay vé nghiém.
X“+3x x“+3x+2

Tém lai, phwong trinh 43 cho c6 tap nghiém 1a S = {—5 ;= %} .
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§6 va §7. Giai bai toan bing cach 1ap phuong trinh
43. Hais6 1a 47 va 33.
44. Hai s6 1a 60 va 30.
45. HD : Goi mot s6 1a x thi s6 kia 12 2x.
Hiéu cla hai sé bang 22 nén ta ¢6 phuong trinh :
X —2x =22 hoac 2x — x =22,
DS :a) Hais6 1a 22 va 44 ;

b) Hai s6 1a 22 va 44, hoac —22 va — 44,
46. HD : Goi s6 nho la x thi s6 kia 12 x + 18.

Ti s6 cha hai s@ bing % nén ta c6 phuong trinh

c .
x+18 8 ' X 8
DS -a)Hais61a30va48;
b) Hai s& 1a 30 va 48 ; hoac —30 va —48.

47. HD : Goi s6 thit nhat 1a x thi s6 thit hai la %x.

Thuong ctia phép chia s6 thit nhét cho 9 1a % .

S5x 5x
3.6 18
Vi céc s6 déu 1a nguyén duong va cdc phép chia déu 1a chia hét nén diéu kién
ciaxla:  x nguyén duong va chia hét cho 18.
Theo bai ra ta c6 phuong trinh

Thuong coa phép chia s6 thit hai cho 6 12

5x x

18 9
DS : Sb thit r}hﬁt la 18, s6 thit hai 1a 30.
Chu ¥ : Ta ciing c6 thé chon 4n nhy sau : Do ti s6 clia hai s& bang % nén néu
goi s§ thit nhdt 1a 3x thi s6 th¢ hai 1a 5x. Tir d6 din dén phuong trinh
Sx  3x '

Ry =3 (x nguyén duong va chia hét cho 6).
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48.

49.

50.

51.

52,

HD : Goi s6 gbi keo 14y ra tir thung thi nhat 14 x (x nguyén duong, x < 60).
Khi d6 s6 géi keo 14y ra tlr thiing thit hai 1a 3x. Ta c¢6 phuong trinh :

60 — x = 2(80 — 3x).
DS : S8 keo duogc 14y ra tir thung thit nhat 1a 20 goi.
HD : Goi quang duong Ha Noi — Thanh Ho4 1a s (km). Khi 46

S
— Thai gian ldc dila — (gid),
8 m (gi0)

— Thoi gian lic v& 13 — (gid).
30
Téng thdi gian ca di 14n vé, khéng ké thdi gian nghi lai tai Thanh Hod Ia :
10 gity 45 phiit — 2 gidy = 8 giy 45 phiit = 8% gid,

Theo bai ra ta ¢6 phuong trinh : = +§% = 8%.

DS : 150km.
HD : Goi x 1a s6 ngudi hoc trong trrong Pai hoc cua Py-ta-go (x nguyén dwong).
Theo gia thiét ta cé phuong trinh :

1 1 1
X=—X+—X+_=-x+3.
2 4 7

S : 28 nguoi.
HD : Goi x 1a s6 hoc sinh cia t6p réng cay (x nguyén, ién hon 8 va nho hon
40). Khi d6 s6 hoc sinh cha t6p lam vé sinh 1a x ~ 8.
Tong s6 hoc sinh clia hai t6p 12 40 nén c6 phuong trinh
x + (x — 8) = 40.
DS : 24 hoc sinh.
HD : Goi s6 tuéi clia Binh la x (x nguyén duong).
Vi 6ng hon Binh 58 tuéi nén téi cia éngla: x + 58.

Tudi clia b cong véi hai 1dn tudi cha Binh bing tubi ciia 6ng, nén tudi cha
b6 Binh bing tudi ciia 6ng trir di hai 14n tudi cta Binh, nghia 12 tuoi cta bs
Binh bing

(x +58)-2x  hay bang 58 -x.
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53.

54.

5S.

56.

Theo gia thiét, tdng s6 tudi ciia ba ngudi bing 130 nén ta c6 phuong trinh
X+ (58 —x) + (58 + x) = 130.
DS : Binh 14 tuéi.
HD : Goi x la chir s6 hang chuc cua s6 phai tim (x nguyén va 0 < x <9).
Vi s6 d6 12 1é va chia hét cho S nén chit s6 hang don vi cia né 1a 5.
Viy s6 phdi im 12 x5 =10x + 5.
Theo gia thiét ta c¢6 phuong trinh
(10x +5) —x = 68.
DS : 75.
HD : Goi x 12 tir s6 ciia phan s6 (x nguyén).
Maiu s§ cha phan s s€la  x + 11,
Theo gié thiét ta c6 phuong trinh
x+3
x+1H -4

_3
-
pS: =
20
HD : Goi x 12 56 phai tim (x > 0),

Vi phdn nguyén cuia x ¢6 mot chir s6 nén khi vi€t thém chir s6 2 vao bén trai

thi s6 d6 ting thém 20 don vi, nghia lata cé s6 co gid trila 20 + x,

Vi khi dich dfu phdy sang trdi mét chit s6 thi s6 d6 gidm di 10 14n, nén khi
dich d4u phdy cla s6 c6 gid tri 20 + x sang trdi thi dugc s6 c6 gid tri 1A

20+ x
10

S6 méi nhan dugc bang % s6 ban d4u nén ta c6 phuong trinh :

20+x 9

10 10

DS :2,5.
HD : Goi x (km) 1 d6 dai quang dudng Ha Noi — Hai Phong (x > 0).

Thoi gian tir 8 gidy sdng dén 10 gidy 30 phuit 12 2,5h.

Thai gian tir 8 gid sdng dén 11 gidy 20 phiit 1 % h.
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57.

58.

Ta 1ap bang sau :

Thoi gian (h) Van t6¢ (km/h)
X
Dur kié 25
fen 2.5
Thue t€ E 3_x
; 3 10

Tir d6, theo gia thiét ta c6 phuwong trinh

DS : 100km.
HD : Goi x (km/h) 12 van t6¢ tau chd hang (x > 0).

Vi tau hang khai hanh trudce tau khich 1,5 gid nén khi tau khéch di dugc 4 giv
thi thu hang da di duge 5,5 gio (= 4 gid + 1,5 gio). )

Ta lap bang sau :
Van t6c (km/h) | Thai gian (h) Quing dudng (km)
Tau cho hang X 55 5,5x
Tau chd khdch X+7 4 4(x+7)

Tir d6 va theo gia thiét (hai tau con cdch nhau 25km, khoang cach hai ga la
319km), ta c¢6 phuong trinh :

319 - [5,5x + 4(x + 7)] = 25.
DS : Van t6¢ thu hang 1a 28km/h ; Van t6¢ tau khich a 35km/h.
HD : Goi x (km) 1a d6 dai quiang duong AB (x > 0).
Quing dudng AB gém doan dudng di va doan dudng nhya.
Vi doan dudng nhua dai gip rudi doan dudong d4 nén :

Poan duong da dai %x (km) va doan duong nhua dai %x (km).

Ta lap bang sau :
Do dai (km) " Van t6c (km/h)’ Thoi gian (h)
Poan duong da %x 10 %x : 10
N 3 3
Poan dudong nhua Ex 15 gx : 15
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59.

60.

Téng thai gian di ca hai doan dudng 1a 4 gid nén ta c6 phuong trinh
2)41 : 10} +(§x : 15] = 4.
5 5

DS : 50km.

HD : Goi x (m) 1a d6 dai quang duong AB (x > 0).

Khi di hét quang dudng AB, s6 vong quay cua banh truge 1a 5% ,

- . n P . x
s0 vong quay cua banh sau la —.

Do s6 vong quay cua banh true nhiéu hon ciia banh sau 1 15 vong, nén ta c6
phuong trinh :
X X _ys
2,5 4
PS : 100m.
HD : Trong 12kg hgp kim cé 45% déng nén khdi lugng déng c6 trong hop
kim d6 la 12 x 45% = 5.4 (kg).
Goi kh6i luong thi€c nguyén chat cin thém la x (kg).
Sau khi thém vao, kh6i lugng mié€ng hgp kim 1a (12 + x) (kg).
Luong ddng khong thay d6i va chi€ém 40% nén ta c6 phuong trinh :
5,4:(12+x)=40:100.
DS : 1,5kg.

61. HD : Goi x (triéu d6ng) 1a gid tién khong k€ thué VAT cha mot chiéc

42

modem. Khi dé :
S6 tién (khong ké VAT) mdy vi tinh vi modem 13 6,5 + x (triéu déng).
S6 tién phai tra thué€ VAT 1a (6,5 + x) x 10% (triéu déng).
Téng s6 tién anh Trong phai tra 12 7,546 triéu déng, nén ta c6 phuong trinh :
(6.5 +x) + (6,5 +x) x 10% = 7,546
hay 1065+ ) _ 5 546,
100
DS : 0,36 triéu d6ng (360 000 dong).



On tap chuang Il

62.

63.

64.

a) HD : Ta phai giai phuong trinh 4n m sau day :
10 12
4+ =
2m+1 2m-1

1

DS:m=-—.
22
b) HD : Ta phéi giai phuong trinh 4n m sau day :
20 5, 4
Qm+D2m-1) 2m+1 2m-1
DS:m:Z.
6

a) X = —0,62 s Xy & 1,53

b)x, =094 ; x, = -0,57.
ox - 0,7 _5x -15 Tx-1,1 _5(0,4—2x)

a)
4 7 3 6
o 03x-49-20x+6 _14x-2,2-2+10x
28 6
43x + 1,1 24x—4,2
<> =
28 6

< 3(43x + 1,1) = 14(24x — 4,2) < 129x + 3,3 = 336x — 58,8
< 207x =621 < x=0,3.

b) HD : DKXD : x # 1 vax #-3.

Mau chung 1a  (x — 1)(x + 3).

Chii ¥ loai n ghiém khong thoa man PKXD.

DS:S=0.
¢YHD :DKXP :x#+5.
3 15 7 3 7 15
+ =— & + =—
4x—-5) 50-2x2  6(x+5)  AHx-5) 6(x+5) 2x%-25)
IX+5)+14(x - 95) 90
& > = > .
12(x“ — 25) 12(x“ - 25)
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suy ra X = 5, khong thoa man DKXD.
bS:S=0.

d)HD : DXXD: x#i%.

8x> o 2x _1+8xc> —8x?2 : 2x _ 8x +1
3(1-4x2) 6x-3 4+8x  34x:-1) 32x-1 42x+1)

-32x% 8x(2x +1) - 3(8x + N(2x ~ 1)
12(4x2 - 1) 12(4x% - 1) ‘
3

PS:x=——.
26

5 5
. a)S—{E,—E}.

b) HD : C6 hai cé4ch giai :
Cdch 1. Khi k = =3, ta c6 phuong trinh :
45— 12x-16=0x>—-3x—-4=0

S -4x)+(x—-4)=0
Sxx-4HE+1)=0.
Cdch 2. Truée hét phan tich v&€ phai thanh tich :
4x2 25+ K> +4kx = (4x2 + dkx + kD) - 25 = (2x +k)* - 5°
=Rx+k-52x +k +5).
Khi k = -3 ta c6 phuong trinh ~ (2x — 8)(2x +2) = 0.
DS :S={-1;4}).
c) HD : C6 hai céch giai :
Cdch 1. Phuong trinh nhan x = —2 1am nghiém néu :
4(=2)* =25 + k% + 4k(~2) = O hay k* — 8k — 9 = .
Dé tim k, ta phan tich nhu sau :
K-8k -9=(K>+k) - (Ok+9)=k(k + 1) =9k + 1) = (k + 1)(k - ).
Cdch 2. Dua phuong trinh d3 cho vé phuong trinh tich ta ¢6 :
2x+k-52x+k+5)=0.



66.

67.

Phuong trinh nay c6 hai nghiém :

S5k k+5
= ——Vax= — .
2 2
Vay phuong trinh d3 cho nhan x = -2 lam nghiém néu :
hoéc%:—2hoéc _k+3 =-2.

DS -k =9 hoack =-1.
a) HD : Chuyén v€ réi dit x + 2 1am nhén tir chung.

bS:S= {—2;2}.
3

b) HD : DKXD : x # —1.

M4iu chung 1a X+ 1.

Chii ¥ loai nghiém khong thoa man DKXD.
bS :S={0}.

Q) HD : 2x* -x=3-6x
2% —x+6x-3=0

o (2x2 +6x)~(x +3)=0.

DS S= {—3;1}.
2

d)S=1{4;5)}.

HD : Goi x la s6 nha ciia Khanh (x nguyén duong va 9 < x < 100).

Vi x 12 sé tur nhién c6 hai chir s6 nén dé thdy
A=5x =500+x
B=x5 =10x +5.
Tir d6 ta cé phuong trinh :
(500 + x) — (10x + 5) = 153.
DS : 38.



68.

69.

70.
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HD : Goi x (t4n) 1a s6 than doi phai khai thic theo k& hoach (x nguyén
duong). Theo gia thiét, ta 1ap bang sau :

S6 than méi ngay (tan) | Tng s6 than (t4n) S6 ngay
( X
Theo k& hoach 50 X Rl
50
Thyc hién 57 x + 13 x+13
57
+13  x
Tir d6 ta c6 phuong trinh X =
57 50

DS : 500 tan than.
HD : Goi x (km/h) 12 van t6¢ ban diu cua hai xe (x > 0).
Quing dudng con lai sau 43km dau 1a

163 —43 =120 (km).
Theo gia thiét, ta 1ap bang sau :

Quing dudng (km) Van t6c (km/h) Thai gian (h)
, 120
Xe thit nhat 120 1.2x —
1,2x
12
Xe thit hai 120 X —0
X

Xe thtr nhat dén sdm hon xe thi hai 40 phit [% gi(‘y] nén ta c6 phuong trinh :

120 2120
1,2x 3 X
DS : 30km/h.
HD : Goi x (km/h) 1a van t6¢ ctua doan tau thi hai.

Khi hai doan tau gap nhau thi doan tau thit nhat da di dugc 4 gio 48 phit (tic
12 4,8 gic
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Vi doan tau thit hai di sau 1 gio 48 phiit (tic 1a 1.8 gid) nén khi gap doan tau
thit nhét thi doan tau thi hai mdi di duge 3 gid. Theo gia thiét, ta lap bang :

Thasi gian (h) Van t6¢ (km/h) Quéng dudng
(km)
Poan tau thi nhat 48 X+5 48(x + 5)
Poan tau thit hai 3 X 3x

Tir Nam Dinh cho dén khi gap nhau, hai doan tau di duoc quing dudng nhu
nhau. Ngoai quing dudng d6, doan tau thif nhdt con di hon doan tau thi hai
doan duong Ha Noi — Nam Dinh (87km). Ta c6 phuong trinh

4,8(x +5) =87 + 3x.

DS : Van t6¢c ciua doan tau thi nhit 1a 40km/h, cia doan tau tha hai la
35km/h.

Goi x (km/h) Ia van t6c cta cand di xuo6i dong. Khi d6

— Van téc cua cand khi nuée lang yén 1a

x — 6 (km/h).
— Van t6c¢ cua ca n6 khi ngugce dong la
X — 12 (km/h).

Ta thdy diéu kién chia 4n 14 x > 12 (vi v4n t6c cla cand khi nguge dong phai
16n hon 0).

Vi khoang cdch giira hai bén A va B 1a 36km nén :

— Thot gian cand xuéi dong tir A dén B la 36 (gi0).
X

— Thoi gian can6 ngugc dong tir B dén A la % (g190).
- x —

Téng thdi gian ca di va vé (tir 7 gio séng dén 11 gior 30) 1a 4,5 gid.
Ta ¢6 phuong trinh :
36 36

X x—12=

9

=, - 1
3 ()
Giai phuong trinh

4x-12)+4x x(x-12)

nH < = .
x(x —12) 2x(x — 12)
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Khir mau r6i thu gon ta c6 :
8(X ~ 12 + x) = x(x — 12) & x* — 28x + 96 = 0 &> (x° — 4x) — (24x — 96) = 0

SXX-4)-24x-4)=0=x-4H(x-24)=0.

Phirong trinh nay c6 hai nghiém 12 4 va 24, nhung chi c6 gid tri x = 24 1a thoa
man diéu kién cta 4n.

Vay van t6c cha cané khi xuoi dong 1a 24km/h,

Bai tap bé sung

IIL1.a) DKXD : x # —% va x # +3. Miu chung la (2x + 7)(x + 3)(x — 3).

48

Khir miu ta duoge :

BX+3)+(x+3)(x-3)=62x+7) & x>+x-12=0
& X +4x-3x-12=0
S XxX+4)-3x+4)=0
S x+Hx-3)=0
< x=—4hoacx=3.

Trong hai gia tri tim dugc, chi ¢6 x = —4 1a thod man DKXD. Viy phuong
trinh c6 mdt nghiém duy nhit x = —4.

byDaty=1- 2xx+_11,tac6
122x =D 99— _1a(1-22=1) g _12y-3.
x+1 X +1

Do @6 phuong trinh da cho c¢6 dang y° + 6y> = —12y — 8. Giai phuong trinh
nay :
y 46y =—12y-8 < vy +3y22+3y.22+2°=0
< (y+ 2)3 =0
o y=-2.
Vay phuong trinh d3 cho tvong duong véi phuong trinh
B 2x -1 2x -1

: x+1 =~2 hay x+1=3'




DKXD cia phuong trinh 12 x # —1. Gidi phuong trinh ndy bing cdch khi
mduy, ta duoc :

2x-1=3(x+1) © x=-4,
Gid tri x = —4 thod man DKXD nén 12 nghiém ctia phwong trinh di cho.

X X

X
.23 G oa-9  B-ab-9  Cc-aC-D)

2

x(c-b)+x(a—c)+x(b-a) _ 2
(a — b)(b —¢c)(c — a) a

< 0x =2(a—b)b-—c)(c-a).

Do a, b, c 461 mOt khiac nhau nén 2(a — b)(b — c)(c — a) # 0. Vay phuong trinh
di cho v6 nghiém.

b) X 3 2x 4 3x B 4a
(a-b)a—c) (a—-b)a—d) (a-c)a—d) (a-c)a—-d)
x(@a—-d)—-2x(a-c)+3x(a—-b) 4a(a—b)

(a — b)(a - c)(a - d) T (@a-b)a-c)a-d)

o x(a-d-2a+2c+3a—-3b)=4a(a-b)
&> x(2a—3b+ 2c —d) =4a(a-b).

Theo gid thi€t, b+ d=2cnén2a—3b+2c—-d=2a-2b=2(a-b). Dodé
phuong trinh da cho tuong duong vdi phuong trinh

2(a—b)x =4a(a—b).
Dé ¢ ring a — b # 0, ta thdy ngay phuong trinh cu6i ¢6 nghiém duy nhat
x = 2a. Vay phuong trinh da cho ciing ¢6 nghiém duy nhdt x = 2a.

IIL3. Goi x 12 s6 tr nhién cin thém vao ca t& va miu clia phan s6 -i—z dé duoc

phan s¢ % , ta c6 phuong trinh

13+x 4
18+x 5°
Giai phuong trinh trén véi chd ¥ ring x > 0, ta dugc x = 7.

Vay s6 tit nhién cin tim 1a 7.
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II1.4. Goi tudi hién nay clia ngudi thit hai 12 x (x nguyén duong). Ta cé thé lap

bang :
Tudi cha ngudi thd nhat | Tudi clia ngudi thit hai
Céach day 10 nam 3(x - 10) x-10
Hién nay 3(x—10)+10=2(x+2)—2 " X
Sau day 2 nim 2(x +2) X+2

Tir d6 ta c6 phuong trinh 3(x — 10) + 10 = 2(x + 2) - 2.

Giai phuong trinh ndy ta duge x = 22, thod min diu kién cua bai todn. Vay
tudi hién nay cha ngudi thit hai 12 22 va clia ngudi thit nhat 13

2(x +2)—2=46.

Chuong IV
BAT PHUONG TRINH BAC NHAT MOT AN

DE BAI

§1. Lién hé giira thir tu va phép cong

1.

50

Mbi khing dinh sau ding hay sai ? Vi sao ?
a)-5>-5; _ b) 4.(-3)>-14;

c)15<(4).2; d-4+ (—8)2 < (- 4).(-15).

Chuyén cic khing dinh sau vé dang b4t dang thic va cho biét khang dinh d6
dlng hay sai ?

a) Téng ciia —3 va 1 nho hon hodc bang -2 ;
b) Hiéu ctha 7 va —15 nhd hon 20 ;
¢) Tich cia —4 va 5 khéng 16n hon -18 ;

d) Thuong cha 8 va -3 16n hon thuong cua 7 va 2.



3. DPardiu "<, >, 2, <" vao 6 vudng cho thich hop :
a)12+(-8) ] 9+ (-8); b)13-19 [ ]15-19;
o) (-4 +7[]16+7; d) 452+ 12[_]450 + 12,
4.'Chom<n,hﬁysosénh:
aym+2van+2; bym-5van-35.
5. Véimbatki, ching t6 :
a)l+m<2+m; bm-2<3+m.
6. Véisd abat ki, so sdnh :
a)avoéia—1; : b)avdia+ 2.
7. Duang ddu "<, >, >, <" dé so sénh m va n néu :
aym-n=2; b)m-n=0; ¢c)n—m=3.
8. Dua vao tinh chat lién hé gidta thit tu va phép cong, hay chiing t6 ring :
a)Neum>nthim-n>0.
byNéum-n>0thim>n.
9. Choa+2>S5,chimg td a> 3. Piéu nguoc lai 1A gi ? Diéu d6 ¢6 diing khong ?

Bai tap bd sung

1.1. Khoanh trén vao chif céi trude khang dinh ding trong cac khéng dinh sau :
(A)-2,83>2,83; (B)-2,83>2,83;
(C)-2,83=2,83; (D) -2,83 < 2,83,

1.2. Cho biét a — 7 > b — 7. Khoanh tron vao chit ¢4i truéc khing dinh ding trong
céc khang dinh sau :

(A)azb; (B)-a>-b;
Ca+7>b+7; D)7-a>7-b.

§2. Lién hé gidra thir ty va phép nhan

10. bat dau "<, >, >, <" vao 6 vudng cho thich hgp :

23 []es; ) 4.2 <7.-2)
)67 +2 [ ]36+2; d)5.(-8)[_]135.(-8).

51



11.

12.

13.

14.

18.

16.

17.

18.

19.

20.

21.

22.
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Cho m < n, hay so sdnh :

a) 5m va 5n; b) -3m va —3n.

S6 b 1a s6 am, s6 0, hay s6 duong néu :

2) 5b>3b; b)-12b > 8b; c)—6b>9b; d) 3b < 15b,
Cho a < b, hdy dit ddu "<, >" vao 6 vudng cho thich hgp :

[k, i
v U5 5L

Cho m > n, ching t6 :

aym+3>n+1; : b)3m+2>3n.
Cho m < n, chimg to :
a)2m+1<2n+1; b)4(m-2)<4(n-2); ¢)3-6m>3-6n.

Cho m < n, chiing 4 :

a)dm+ 1<4n+5; b)3-5m>1-5n.
Cho a>0,b> 0, néu a < b hay ching to :

a)a2<abvéab<b2; b)a2<b2v‘aa3<b3.
Cho a > 5, hdy cho biét bit ding thiic nio xay ra :

a)a+5>10; b)a+4>8§; c)-5>-a; d) 3a > 13.
Cho a 1a s6 bt ki, hdy dat ddu "<, >, <, >" vao 6 vudng cho diing :
a)32 [:lO; b)—a2 I:lO;
oa’+1[_]o; dy-a2-2[ Jo.

Cho a > b va m < n, hdy dat diu "<, >" vao 6 vubng cho thich hop :
a) a(m—n)[:lb(m—n); b) m(a—b)Dn(a—b).
Cho 2a > 8, chung t6 a > 4.

Diéu nguoc lai 1a gi ? Diéu dé cé ding khong ?

a) Cho bat dang thirc m > 0.

Nhan ca hai v€ clia b4t ding thitc v6i s6 nao thi dugc bit dang thitc 1 >07?
m



23.

24.

28.

26.
27.

29.

30.

b) Cho bit dang thitc m < 0.

Nhan c4 hai v€ clia bat ding thitc v6i s6 nao thi dirge bat dang thic 1 <0?

m .
N PP |
Choa>0,b>0vaa>b,chingtd — < —.
a
Pién ddu "<, >" vao 6 vudng cho diing :
2) 0,6)°[_](0.6); by (1,32 [ ] 1.3.
So sanh m? va m néu :
aymlén hon 1; : b) m duong nhung nho hon 1.
Choa<bvac<d,chingtoa+c<b+d.
Cho a, b, ¢, d la céc s8 duong thod min a < b, ¢ < d, ching t6 ac < bd.
Chiimg t6 ring v6i a vi b 12 cac s6 bat ki thi :
2, W2

a)al+b%—2ab>0; b) 2 ;b > ab.

Cho a va b 1a cdc s6 duong, ching 6 :

i+222
b a

a) V6is6abatki, chingtd a(a+2)<(a+1)%

b) Ching minh ring : Trong ba s6 nguyén lién ti€p thi binh phuong s6 diing
giita 16n hon tich hai s6 con lai.

Bai tip bd sung

2.1.Chobas6a, bvakmaa>b. Néuak <bk thisé kla
(A)S6duong; (B)S60;
(C) S6 am ; (D) S6 bat ki.

Khoanh tron vao chif c4i tnrdc khing dinh ding.

2.2.Chohais6 avabma-7a<-7b.

Khoanh tron vao chit céi truée khing dinh ding trong c4c khing dinh sau :

33



(A)a—-T7<b-7; (B)a>b;
©O)a<b; (D)a<hb.

2.3. Cho a la s6 bat ki, hay dat dau "<, >, <, >" vao 6 vudng cho diing

24.

2.5.

§3.
3L

32.

33.

34,

54

aylal [] o0 by—fal [] 0;
olal+3[ ] o; d-lal-2[] o

Dit ddu "<, >" viio 6 vuéng cho ding

a)-3[]-2; =302
b -2[]1; 2012,
0)2(13; 2232
d-2[025: - 0@
a) Cho x > 0, chiing to

X + % > 2.

b) Tir k&t qua cau a), n€u x < 0 s& ¢6 két qua nao ?

B4t phudng trinh mét an

Kiém tra xem cdc gi4 tri sau cha x c6 la nghiém clia bt phuong trinh
x* - 2% < 3x hay khong :

ayx=2; byx=1; c)x=-3; d)x=4.

Bi€u dién t4p nghiém cia b4t phuong trinh sau trén truc s6 :

ayx>>5; b)x<-3; c)x>4; dyx<-6.

Cho tap A = {-10, -9, -8, -7, -6, -5, -4, ..., 8, 9, 10}. Hay cho bt gi4 tri
nao cta x trong tap A s€ l1a nghieém cia bat phuong trinh :

a)1x|<3; b) x| >8; o) Ixl <4: d) x| >7.

Hiy dua ra hai s6 nguyén 1a nghiém ciia bat phuong trinh sau :
a)—4x+5>10; b) 2x + 100 < 90.



35.

36.

37.

38.

39.

Viét thanh bat phuong trinh va chi ra mét nghiém cda né tir cAc meénh dé sau :
a) Téng clia mot s6 nao d6 va 5 16n hon 7.

b) Hiéu ctia 9 va mét s6 nao dé nhod hon —12.

Viét thanh bat phitong trinh va chi ra hai nghiém cta né tir c4c ménh dé sau :
a) Téng cua 2 14n s6 nao d6 va 3 16n hon 12.

b) Hiéu ctia 5 va 3 14n s6 nao d6 nhé hon 10.

Véi tap hgp A nhu trong bai tap 33, hdy cho biét s6 nao trong A la nghiém
ctia bat phuong trinh :

a)lx-21<3; b) Ix —3| > 5.

Hiy dua ra ba nghiém ctia bat phuong trinh :

a)S>x; b) -4 <x.

Viét tap nghiém ciia bat phirong trinh sau biing ki hiéu tap hop va biéu dién
tap nghiém 46 trén truc s6 :

a)2>x; b) -3 <x.

Bai tap b6 sung

3.1.

3.2

Khoanh vao chif céi trudc khing dinh diing.

Gié tri X = -3 1a nghiém cua b4t phirong trinh
(A)x2—128; (B)x2—1>8;
) x*-1<8; (D) x* —1<6.

Khoanh vao chir céi trude hinh diing.
‘Hinh biéu dién tap nghi¢m ciia bat phuong trinh x <2 1a:

SR
(A) )
HHHHH R —————— +
(B) f
————————JHHHHH
(O ]
(D) HHHHHHHH———————————
2

55



3.3. Lap bét phuong trinh cho bai todn sau ;

Mot ngan hang dang thuc hién 4 18 13i gini tiét kiém hang thing 13 0,8%. Hoi
rdng, muén c6 s§ tién 13i hang théng it nh4t 12 2 trieu déng thi s6 tién phai giri
tiét kiém it nh4t 12 bao nhiéu tién ?

§4. Bat phuong trinh bac nhit mét &n

40.

41.

42.

43.

45.

56

Ap dung quy tic chuyén vé, gidi cic bat phuong trinh sau :

ayx—-2>4; b)x+5<7;
c)x-4<-8; d)x+3>-~6.
Ap dung quy tic chuyén vé&, gidi c4c bat phrong trinh sau :
a)3x<2x+5; b)2x+1<x+4;
c)—2x>-3x+3; d)—4x-2>-5x+6.
Ap dung quy téc nhan, giai c4c b4t phuong trinh sau :
a)-1-x>3; b)—}-x<—2;

2 3
c)-2—x>—4; d)—§x>6.

3 5
Ap dung quy tic nhan, gidi cdc b4t phuong trinh sau :
a)3x<18; b)—2x>-6; c)0,2x>8; d)-0,3x <12,
Giai thich su twong duong :

a)2x<3 < 3x<4,5;
b)x-5<12&<x+5<22;

c)-3x<9 & 6x>-18.
Cho hinh v& sau (h.1)-

—————— Y

8
Hinh 1
Ban An cho ring, hinh vé d6 biéu dién tap nghiém cilia bat phuong trinh

2x < 16, cdn ban Binh lai khang dinh hinh vé d6 biéu dién tap nghiém ctia bt
phuong trinh x + 2 < 10.

Theo em ban nao ding ?



47.

49,

50.

51,

52.

53.

Giai c4c bat phuong trinh va biéu dién tap nghiém ctia ching trén truc s6 :

a)2x-4<0; b)3x+9>0;

c)—x+3<0; d) -3x +12>0.

Gidi cdc bat phuong trinh :

a)3x+2>8,; b)4x -5<7;

c)-2x+1<7; d) 13 -3x>-2.

Giai cic bt phuong trinh :

a)§x<—9; b)5+3x>3;
2 3

c)2x+i>2; : d)6—§x<4.

5 5§ 5
Giai c4c bdt phuong trinh :
a)7x—-2,2<06; b) 1,5>2,3 - 4x.

Viét bat phuong trinh bac nh4t mot 4n c6 tap nghiém biéu dién boi hinh vé
sau (h.2)

a) AT >
4
b) ——————————— W
5
Hinh 2
Giai cic bat phuong trinh :
a‘)3x—1>2; b)2x::-4<3;
o1z 4, k. Y
3 | 5
Giat cic bdt phuong trinh :
a) (x — )? < x(x +3); b) (x — 2)(x +2) > x(x — 4) ;
)2x+3<6-(3~4x); d)-2-7x> @3+ 2x)— (5 — 6x).
V6i c4c gid tri nao cia x thi:
e . 5-2x e S5x -2
a) Gi4 tri phan thic 16n hon gi4 tri phan thic ?
b) Gi tri phan thic 2% nhé hon gié tri phan thic —x-+. 7
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54.

55.

56.

§7.

58.

59.
60.

61.

62,

63.

58

> ol ~ e M 2 4 ~ » kd 2, N
Hay cho biét s6 nao trong cic s6 % : 7 o 3 12 nghiém cda bt phuong trinh

5-3x<(@d+2x) L.

Hai quy tic bién doi trong duong cta bit phuong trinh cling gi6ng nhu hai

quy tic bién d6i twong duong clia phuong trinh. Diéu d6 c6 diing khong ?
Cho b4t phuong trinh dn x :  2x + 1> 2(x + 1).
a) Chung to cdc gid tri —5 ; 0 ; —8 déu khong phai 12 nghiém cla né.
b) B4t phuong trinh nay c¢6 thé nh4n gi4 tri ndo cha x 12 nghiém ?
B4t phuong trinh 4n x :

S+ 5x <5(x+2)
¢6 thé nhan nhiing gi4 tri nao cla 4n x 12 nghiém ?
So sdnh s6 a véi 56 b néu
aAx<5e(a-bx<S5a-b);
b)x>2 & (a—b)x<2(a-b).
Tim s6 nguyén x 16n nhat thod man méi bat phuong trinh sau :
a)52+03x<-05; b)1,2-(2,1-0,2x) <4 4.
Tim s6 nguyén x bé nhit thod man méi bt phuong trinh sau :

a)0,2x +32>1,5; b)4,2 - (3-04x)>0,1x +0,5.
Véi gié tri ndo ciia m thi phuang trinh 4n x :

a) X — 3 =2m + 4 c6 nghiém duong ?

b) 2x — 5 =m + 8 c6 nghiém am ?

Gidi c4c bat phuong trinh :

a)(x+2)2<2x(x-6;2)+4;

b) (x +2)(x +4) > (x - 2)(x + 8) + 26.

Giai c4c bat phuong trinh :

a)l—Zx_2<1—5x; b)x—1_1>x+l+8'
.4 8

Tim c4c s6 ty nhién n thoa man méi bat phuong trinh sau :

2)3(5-4n) + (27 +2n)>0; b) (n +2)* = (n — 3)(n + 3) < 40.



Bai tap bd sung

4.1.

4.2.

4.3.

44.

§5.

65.

66.

Khoanh tron vao chit cii truc khing dinh diing.

B4t phuong trinh x — 2 < 1 tuong duong vdi bat phrong trinh sau :
(A)x>3; B)x<3;
Ox-1>2; D)yx-1<2.

Khoanh tron vao chir céi truée hinh ding.

B4t phuong trinh bac nhat 2x — 1 > 1 ¢6 t4p nghiém bi€u dién béi hinh vé sau :

“ Wﬁﬂ%
(B) v
© ——]1ﬁ+I+H+H++HH+++HH+H++HH—
(D) :::;::::1{

Véi gid tri ndo clia m thi phuong trinh 4n x :

a) X — 2 = 3m + 4 ¢6 nghiém 16n hon 3.

b) 3 — 2x =m — 5 ¢6 nghiém nhé hon -2.

Chitng minh hai bat phuong trinh sau khong twong duong

a)2x+1>3va|x|>1.

b)3x—9<0vax><9.

Phuong trinh chira dau gia tri tuyét doi

Giai cac phuong trinh :

a) |0,5x} = 3 —2x ; b) |-2x| = 3x + 4 ;
o) I5xl =x-12 ; d) |-2,5x| = 5 +1,5x.
Giai cac phuong trinh :

a) |9+ x| =2x : b Ix-1=3x+2;
) |x+6l=2x+9; d)|7—x|=5x+1.
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67. Giai cdc phuong trinh :

a) I5x| -3x -2=0; byx—5x+[-2x|-3=0;

OB —xl+x*-(@d+x)x=0; -1 +Ix+211-x*-13=0.
68. Giai cac phuong trinh :

a)lx =5|=3; b)|x+6|=1;

) [2x -5/ =4; d) 13-7x| = 2.
69. Giai cic phuong trinh :

a)|3x—2l=2x; _ b) |4 + 2x| = —4x;

¢) I2x -3l = —x+21; ) Bx-1=x-2.

70. V@i cic gia tri ndo cua x thi :
a) [2x -3l =2x -3 ; b) |5x — 4] = 4 - 5x.
Béit@pbé’sung
5.1. Khoanh tron vao chit c4i truéc khing dinh ding.
B6 dau gid tri tuyét d6i cua biéu thite | —5x | ta duge bidu thic :
(A)-5xvaix>0vasSxvoix<0;
B)-5xvoix>20vasSxvGix<0;
(O 5xveix>0va-5xvix<0;
(D)-5xvoix <0vasSxvéix>0.
5.2. Khoanh tron vao chit cdi truéc khing dinh diing.
Bb d4u gi4 ti tuyet d6i cha biéu thic | x — 2 | ta dwoc biéu thiic :
(A)x-2v8ix>2va2-xvBix<2;
B)x—-2voix22va2~-xvix<2;
O x-2vix>0va2-xviix<0;
D)x-2vhix=20va2-xvéix<O.
3.3. Tim x sao cho

|12x —4|=6.



71,

72.

73.

74.

75.

76.

77.

78.

79.

80.

On tap chuong IV

Cho céc bat ding thic

a>b;a<b;c>0:;c<0:;a+c<b+c;a+c>b+c;ac<be;ac>bc.

Hay dat cdc bat dang thic thich hop vio ché tréng (...) trong cau sau :

..............................

Cho a > b, chiing t6

a)3a+5>3b+2; b)2 —4a< 3 ~4b.

a) Chiing té 2,99 1a nghiém ctia b4t phuong trinh 3 > x, Hay ké ra ba s6 16n
hon 2,99 ma ciing 12 nghiém ciia bit phuong trinh dé.

b) Ching td 4,01 12 nghiém cia b4t phuong tinh 4 < x. Hiy ké ra ba s6 nho
hon 4,01 ma ciing 14 nghiém cita bt phuong trinh dé.

Giai cic bat phuong trinh va biéu dién tap nghiém ctia ching trén truc s6 :

a)203x - 1) - 2x<2x + 1; | b) 4x -8 >3(3x - 2) +4 - 2x.
Giai céc bat phuong trinh
D2x+id< 2T by1g lE2X 22X

5 3 6 _
M6t nguoi di bd moét quing duong dai 18km trong khoang thoi gian khong

nhiéu hon 4 gis. Lic diu ngudi d6 di vdi van t6c Skm/h, vé sau di véi véan téc
4km/h. X4c dinh d6 dai doan duong ma nguoi d6 da di véi van téc Skm/h.

Giai cdc phuong trinh

a) [2x| =3x -2 ; b) |-3,5x| = 1,5x + 5 ;

o lx+15/=3x-1; d) [2 - x| = 0,5x - 4.

Chimg to ring, trong mot tam gi4c thi d6 dai mot canh luén nhd hon nira

chu vi.

Véi s6 m va s6 n bit ki, ching to ring

a)(m+1)224m; b)m2+n2+222(m+n).
Cho a > 0 va b > 0, chumg t6 ring

(a+b)[l+—l—J24.
a b
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81. Chimg to dién tich hinh vudng canh 10m khéng nhé hon dién tich hinh chi
nhat ¢6 cung chu vi.

82. Giai cdc bat phuong trinh :
a)3(x = 2(x +2) <32 +x: b) (X + 4)(5x — 1) > 5% + 16x + 2.
83. Gidi c4c bat phuong trinh :
5x2-3x 3x+1 x(2x+1) 3
+ < -=;

a) ;
5 4 2 2
— 2 —

b) 5x =20 2x +x>x(1 3x)_5_x.
3 2 3 4

84, Véi gid tri ndo cha x thi :
- -2
2x3 3 N x(x )

a) Gia tri biéu thitc khong 18n hon gi4 tri biéu thic

XX 2x-3 )
7 5
b) Gid tri biu thae 214 "123 khong nhd hon gid tri bidu thitc
S5x+3 12 -5x
+ ?
6 9
85. Tim x sao cho
a)—x><0: b) (x - 1)x < 0.
86. Tim x saocho :
a)x>>0:; b) (x — 2)(x ~ 5) > 0.
87. V&igid tri ndo chax thi:
) X=2. 09 by 22 09
x—-3 - X —
88. Chitng to cic phuong trinh sau vé nghiém :
a) 2x +3|=2x+2 ; b) I5x - 3| = 5x - 5.
Bai tap bé sung
IV.1. Tim x sao cho
2x -1 2x —1
a) x+3>1' b) X_2<3.
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L3I GIAl, CHi DAN HOAC DAP s6

§1. Lién hé giira thi tu va phép céng

1.

a) Ding ; b) Bung ;

c) Sai ; d) bung.

a)-3+1<-2,ding ; b) 7 - (-15) < 20, sai ;

c) (—4).5 <18, diing ; d) 8:(=3)>7:(-2), ding.
a) Dau ">" hodc dau ">"; b) Dau "<" hoac ddu "<" ;
<) Dau "<" hoac dau ">" ; d) D4u ">" hoac dau ">".

a)Tum<ncém +2 <n+2 (cong s6 2 vao hai v& cha b4t ding thiic m < n) ;
b) Tuong tucém -5 <n-35.

a) Vil<2,nénl+m<2+m(cong s6 m vao hai v& cha bat déng thirc 1 <2) ;
b) Tuong ty, nhung xu4t phat tir bat ding thitc -2 < 3.

a)a>a— 1 (xudt phit tir bat ding thirc 0 > —1).

ba<a+2.

aym>nhoicm=2n,(n+2>nmam=n+2nén m>n).

Khi ¢cé6 m > n, ta ciing c6 m 2 n.

b) m > n hoac m <n.

¢)m <nhoacm<n.

a) Tir m > n, cOng s6 —n vao hai v€ ctia bat ding thic m > n s& cé6 m —n > 0.
b) Cong s6 n vio hai vé clia bat déng thitc m — n > 0 s& duge m > n.

Tira + 2> 5, cong s6 —2 vao hai v€, sé c6 a > 3.

Diéu nguoc lai 12 : Néu ¢6 a > 3 thi a + 2 > 5. Diéu nay cing diing.

Bai tap bé sung

1.1, Chon (D).
1.2. Chon (C).
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§2.
10.

11.

12.

13.

14,

15.

16.

17.

Lién hé giira thir ty va phép nhan

a) D&u ">" hodc dan ">" ; b) D4u "<" hoac ddu "<" ;
¢) Dau "<" hoac ddu ">"; d) Dau ">" hoac dau "2",
a) Tt m < n, c6 5m < 5n (nh4n s8 5 vao hai v€ ctia bt ding thic m < n).

b) Tidm < n, ¢c6 —3m > —3n.

a) S6 b duong ; b) S6 b am ;

¢) S6 b am ho#c bang 0 ; d) S6 b duong hoic bing 0.

a) D4u "<" (do nhan s6 % va0 hai v&).

b) Dau ">".

a)Tum>ncé6m+3>n+3. ¢))
Te3d>1lcé6n+3>n+1. 2)

Theo tinh chét bac cdu, tx (1) va (2) suy ra
m+3>n+1.
b) Lan lugt ching td
3m>3n:3m+2>3n+2:3n+2>3n+0.
Sau d6 4p dung tinh chét bac céu dé ¢6 :
3m+ 2> 3n.

a) Tir m < n, nhan c4 hai v€ cha bét ddng thic vdi s6 2, réi cong vao hai vé

cha bat ddng thic tim duoc véi s6 1.

b) Cong s6 —2 vao hai v€ clia bét ding thic m < n réi nhan vio hai v& cha bat

déng thdc tim duge vdi s6 4.

¢) Nhan ca hai v€ cha bét dang thitc m < n vdi — 6 rdi cong vao hai v€ clia bat

déng thic vira tim dugc véi 3.

a) Tirm < n, ¢6 4m < 4n (nhan c4 hai v€ clia bt ding thic véi s6 4). Sau d6

lam twong tu bai 14,

b) Nhan ci hai v€ cla b4t dang thic m < n véi s6 -5, 16i 1am tuong tu bai 14.

a)Doa>0,b>0néntira<bcd:
a’ < ab (nhan s& duong a vao hai v& clia bt ding thiica< b) ;
ab < b (nhan s6 dwong b vao hai vé ctia bét ding thic a < b).



18.

19.

20.

21.

22.

23.

b) Tir cau a) theo tinh ch&t bac cdu suy ra a’ <b’
Sau d6, i a® < b’ thuc hién teong tu, suy ra a’<b’.
Cic bit ding thiic déu xay ra.

b) Tira> 5, c6 a + 4 > 9, 4p dung ti€p tinh ch4t bic cdu (sit dung bat ding
thic 9 > 8).

d) Tuong tu ciu b).

a) Ddu ">" (xét hai trudonghgpa=0vaa=0);

b) Ddu "<" (ding k&t qua cAu a va tinh chit thi ty) ;
c) Ddu ">";

d) Ddu "<".

a) Dau "<" (xét xem m — n 12 4m hay duong) ;

b) D4u "<" (xét xem a — b 1a Am hay duong).

Tir 2a > 8, nhan ca hai v€ ciia bét ding thiic véi s6 % ,cba>4.
Diéu nguoc lai 13 : tira > 4, ¢6 2a > 8. Diéu nay ciing ding.

a) Tit m > 0, nhé4n c4 hai v€ clia bt dang thitc véi s6 % thi duoc b4t ding
m

thite l > 0.
m

b)TfIm(O,cém2>Osuyra—1-2->O.
m

Nhan c2 hai v€ clia bat déng thitc m < 0 véi s6 % thi dugc b4t ding thitc
: m

L<0.

m

Doa>0,b>0nénab>0.

(C6 thé giai thich theo hai c4ch :

Cdch 1 : Tich cta hai s6 duong 12 s6 duong,

Cdch 2 : Tira > 0, nhan ci hai v€ clia bat ding thitc a > 0 véi s6 b duong s&
dugc ab > 0.b, tic 1a ¢ ab > 0).

5. VBT Tosn 872 65



24.

25.

26.

27.

66

S& ab > 0, nén Lb > 0. Tira > b, nhan c4 hai v€ ciia bat ding thic vdi s6 %
. a al

c6 bat ding thitc 1.1
a b
a) Dau "<";
b) D&u ">"
(C6 thé gidi thich theo hai c4ch :
Céch 1 : Tinh gi4 tri v& téi duoc 1,69. Vay 1,69 > 1,3.
Cdch 2 : Tu 1,3 > 1, nhan ca hai v& cla bt ding thitc véi s6 1,3 s& duoc
(1,3)2>123).
a)Néum>1 t.him2>m(nhﬁns(idmmgmvz‘iohaivé’cﬁabﬁtdfmgthl'rcm> 1).
b) Néu m duong nhung m < 1 thi m’ < m.

Ching td a + c <b + ¢ vi b + ¢ <b + d sau d6 sir dung tinh chit bic cdu dé
suy ra két qua.

Twong tr bai 26 nhung v6i phép nhan.

a) Tir két qua (a — b)® > 0, khai trién v€ tréi.

b) Tir bat déng thitc & cau a) a’? + b% — 2ab > 0, thuc hién cong 2ab vao hai
v& réi nhan ca hai v& clia bét ding thitc v6i s6 % .

Tir két qua clia cau b) ta c6 thé chitng minh b4t dng thiic Co-si & muc "Co
thé em chua biét" trong sdch gido khoa nhur sau :

*V6ix20,y20,taco Vx ..y = \Jxy (1)
(Chi cén chimg t (VX +/¥)? = (yxy)).
*V6ix20,y20,tadata= Vx,b=y.

2 2

Tix bat déng thitc = ;b Zabtacéx;yzx/;.\/;. 2)

« Tir (1) va (2) suy ra : > ;’ Y > Jxy. Pay chinh Ia bt ding thic Co-si cho
hai sd khong 4m x va y).



29. Do a duong va b duong nén tich ab duong. Tir b4t ding thitc & c4u a) bai 28 :
a + b? ~ 2ab > 0, thuc hién cong ca hai v& chia b4t ding thitc véi 2ab. San
d6 chia ca hai v€ chia bat déng thic cho tich ab s& suy ra két qua.

30. a)Khai trién méi v€c6: a*+2a<a’+2a+ L.

Vay tir 0 < 1, cong vao hai vé clia bt ddng thic véi a? +2a 58 dugc két qua.

b) C6 thé ki hiéu ba s6 nguyén lién tiép 1a a, a + 1, a + 2 va ddng két qua
cau a).

Bai tap bd sung
2.1. Chon (C).
2.2. Chon (B).
2.3. a) Dau ">" (xét khi a = 0 va a 20).
b) Déu "<".
¢) Ddu ">".
—~Néua=0,tacé6|a|=0.
Khidé |a|+3=3.
—Néua=0,tacé|a|>0, suyrala|+3>3. 1)
Véi3va0,taco3>0. (2)
Tix (1) va (2), theo tinh chat bic cdu,tacd [a |+ 3 > 0.
Kétluan: [a |+ 3 >0 vdiabiatki.

d) Ddu "<".
24.a)-3<-2; (-3)2 > (-2)%
by-2<1; -2)*> 12
)2<3; 2’ <3
d)-2<2,5; (-2)* < (2,5).

1
2.5..a)Néuc6x+;—220 thisuyrax+%22

, 1
nén ta s& ching to x+;—220.
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Tac(),x+l~2=
X

Vayx+;1‘-—220,

Thaya=-x,tacéd:

31. a)x =2 lianghiém.
b) x = 1 ia nghiém.

d) x =4 la nghiém.
32. (h.3)

X2 +1-2x _ ()41—1)2

X X
2 . YLy (x - 1)?
Vi (x —1)° 20 v6i x bat ki vax >0 nén > 0.
N 1
nghia la x + 3 > 2.
b) Néu x <0, ta dat a = —x thia > 0.
Tirkét qua cau a), tacd a + i 2.
—X + L > 2.
—-X
Nhan hai v& cia (1) v6i s6 —1, ta cod
X + 1 < -2
X
Vay, vi x <0 thi x +% <2,
§3. Bat phuong trinh mét an
¢) X = -3 khong phai 1a nghiém.
A S
5
by ———————HHHHAAHH
-3
O HHH T ——— ———=
4
o) A
-6
Hinh 3
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33. a)Cacs6:-2;-1;0;1va2.
b)Cics6:-10;-9;9va 10.
c)Cics6:—-4;-3;-2:;-1;0;1:;2;3vad.
d)Cics6:-10:-9:-8:-7:7:8:9va10.

34. a) S8 -2 va s6 —3 ching han (kiém tra dwtgc timg s6 déu 1a nghiém).
b) S6 — 6 va — 8 chéng han.

35. a) x + 5> 7. C6 thé chon s6 3 12 nghiém.
b) 9 — x < —12. Cé thé chon s& 22 1 nghiém.

36. a)2x +3 > 12, c6 thé chon hai nghiém A x =5vAx =6;
b) 5 — 3x < 10, ¢6 thé chon hai nghiém 1a x =0 va x = 1.

37. a)Cacs65;4;3;2;1;0;-11anghiém.
-b)Cécs610;9;-3:-4;-5;-6;-7;-8;-9;—101a nghiém.

38. a) C6 thé chon 4 ; 4,2 va 0 (chi c4n chon ba s6 b4t ki nhé hon s6 5 12 duge).
b) C6 thé chon -3 ; -2 ; 0.

39, a) {x|x <2} (h. 4).

—————————
2
Hinh 4
b) {x|x>-3} (h. 5).
L S ——
-3
Hink 5
Bai tap bé sung
3.1. Chon (A).
3.2. Chon (C).
3.3. Goi x (tinh bang triéu dong) 12 s6 tién gl vao ngan hang, ta c6 b4t phuong
trinh
x.0,8% > 2.
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§4. Bit phuong trinh bac nhit mét an

40. a)Giai:
Tacé: X—2>4
< x>4+72
<~ x> 6.

Vay tap nghiém cua bat phuong trinh 1
{x| x>6}

hay nghiém cta bat phuong trinh 1a x > 6.

b) {x| x<2}.

o) {x}| x<-4}

d) {x| x>-9]}.
41. a)Gidi :

3x<2x+5
& 3x-2x <5
& X <S.
Vay tap nghiém cua bt phrong trinh 1a
{x] x<35)}

hay nghiém cha bat phuong trinh 1a x < 5.

b) (x| x<3}.

c) {x]| x>3}.

d) {x| x> 8}.
42. a) Gidi :
%x >3
=1 —1—x.2 >3.2

2

< x> 6.
Vay tap nghiém cha bat phuong trinh 12
{x|x>6)
hay nghiém cila b4t phuong trinh 1a: x> 6.
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43.

43.

47.

b) {x! x> 6}.

¢) {x]| x>-6}.

d) {x| x <-10}.

Nghiém cila cic bit phurong trinh 12

a)x<6; byx<3; c)x>40; d) x > - 40.
a) Nhan hai vé caa bat phuong trinh 2x < 3 véi s6 1,5.

b) Cong hai vé& cua bit phuong trinh x — 5 < 12 vdi s6 10.

c) Nhan hai v€ clia bat phuong trinh — 3x < 9 véi s6 — 2 (va ddi chiéu).

Hinh v& d3 cho biéu dién tAp nghiém cha b4t phuong trinh x < 8 hoic bt
phuong trinh tuong duong véi nd.

Ca hai ban déu tra 1di ding vi
2x < 16 < x < 8. Vay ¢6 thé néi ¥ cha An diing.
X +2 <10 & x < 8. Vay ¢6 thé néi ¥ cha Binh ciing diing.
a) Gidi :
2x—-4<0

= 2x< 4

== Xx<2.
Vay nghiém cha b4t phuong trinh 12 x < 2.
Ta biéu dién duge tap nghiém nhir sau (h. 6) :

LTI

2
Hinh 6

b) Nghiém cua bat phuong trinh 1a x > 3.

c) Nghiém cua bat phuong trinh 13 x > 3.

d) Nghiém cia b4t phrrong trinh 12 x < 4.

Céc cau b), c), d) ban doc tu biéu dién nghiém trén truc s6.

Nghiém cuia cic bat phuong trinh 1

aAx>2; b)x<3; c)x>-3; d)x <5.
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49.

50.

51.

52.

53.

54.

55,

Nghiém cta cac bat phurong trinh 13
10

ayx<-6; byx>-3; ' c)x>l; d)x>?.

a) Nén dua vé bat phirong trinh ¢6 hé s¢ nguyén (nhan hai v€ caa bat phuong
trinh véi 10)
70x — 22 <6.
Giai ra c6 nghiém cia bat phuong trinh 12 x < 0,4,
b) Nghiém ctia bt phuong trinh 1a x > 0,2.
a) Nén tim theo cac budc :
— Tir hinh vE ta c6 bat phucmg-trinh X 24.
— Ta chon bat phuong trinh bac nhat twong duong véi bat phuong trinh x > 4.
— Vay c6 thé chon x — 4 > 0 hay 2x — 8 > 0 hay tuong tw.
b)x-5<0.
Nghiém ciia cdc bit phuong trinh 14 :

a)x>3; b)x<25; c)x<-55; d) x > 0,25.
Nghiém ctia cic bt phuong trinh 1a :

a)x>0,2; byx>1; )x>0; d)x<0.
Véi céc gid tri cia x thod man :

a)x<0,75; b) x > -1.

Ta c6 5—3x<(4+2x)—1©x>%.

Vay chi c6 s6 ~§- 12 nghiém.

C6 thé néi quy tic chuyén v€ phuong trinh, duge chuyén tuong ty thanh quy
tic chuyén v€ ctia bat phuong trinh. Nlumg quy tic nhan hai v€ clia phwong
trinh véi cling mot s& khdc O thi khéng thé chuyén tuong tu thinh quy tic
nhén hai v& clia bat phuong trinh véi cing mét s6 khéc 0. Déi vdi bat phuong
trinh khi nhan ta phai phan biét 13 nhan véi s6 am hay véi s6 duong.

. Viét lai v& phai, ta c6 bat phuong trinh 2x + 1 > 2x + 2.
Ta thdy & bat phuong trinh d6, khi thay bat ki gid tri nao cia x vao bat phuong

trinh ta duoc bat dang thitc ¢6 vé trai luén nho hon vé phai 1 don vi. Vay bat
phirong trinh v6 nghiém.



57.

58.

59.

60.

61.

Viét lai v€ phai, ta duge bat phuong trinh : 5 + 5x < 5x + 10.
C6 thé thdy, khi thay gia tri bat ki clia 4n vao b4t phuong trinh nay ta duogc bat
ding thitc cé v€ trai luén nho hon v& phai (nhé hon 5 don vi). Vay bat phuong
trinh nhan b4t ki gid tri nao cua 4n x 1am nghiém. N6i cich khdc, tip nghiém
cua bat phuong trinh d6 1a tap s6 thuc.
Ta biét gita hai s6 a va b c6 thé ¢ ba kha nang :
*a>b<a-b>0
*a<b«>a-bx<0
*a=boa-b=0.
a) Theo gia thiét :

x<5< (a-b)lx<S.(a-b).
Vi bit phirong trinh x < 5 va b4t phirong trinh (a — b).x < 5.(a — b) ciing chiéu
néna—-b>0haya>b.
Vaya>b.
b) Tuwong tir : Vi bét phuong trinh x < 5 va bat phuong trinh (a — b).x > 5.(a — b)
nguoc chiéunéna—-b<Ohaya<hb.
a)5,2+03x<-0,5x<-19.

Vay s6 nguyén 16n nhét cin tim 1a -20.

b) S6 26.

a)02x+32>15<x>-8,5.

Viy s6 nguyén bé nhat can tim 1a -8.

b) S6 -2.

a) Gidi :

Tac6: x—-3=2m+4

& x =2m+7.

Do d6 phuong trinh ¢6 nghiém dwong khi

2m+7>0.

Vi2m + 7 > 0 < 2m > -7 < m > -3,5 nén phuong trinh c6 nghiém x duong
khi m > -3,5.

b) C6 nghiém am khi m < —13.
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62.

63.

a) Dua vé x> > 0. Vay tap nghiém la {x | x = 0}.

b) Dua vé 0 > 2. B4t phuong trinh v6 nghiém.

a)x<15; b) x <—115.
a)Puavén<4,2 Vays6tunhiénnphditimla0;1;2;3va4.
b)SStynhiénla0;1;2;,3:4;,5va6.

Bai tap b3 sung

4.1.
4.2,
4.3.

44,

§5.

65.

66.
67.

74

Chon (D).

Chon (B).

aA)x-2=3m+4<x=3m+6.

Phuong trinh x — 2 = 3m + 4 ¢6 nghiém 16n hon 3 khi va chi khi 3m + 6 > 3.
Giai3m+6>3cé6m>—1.

Vay, véi m > —1 thi phuong trinh 4n x 12 x — 2 = 3m + 4 c6 nghiém l6n hon 3.
b) Véi m > 12 thi phuong trinh 4n x 12 3 — 2x = m — 5 ¢6 nghiém nhd hon -2.
a) Giai b4t phuong trinh 2x + 1 > 3 ta tim dugc tap nghiém la x > 1.

Ta kiém tra dugc x = —2 14 nghiém cta b4t phuong trinh | x | > 1 nhung
khong 1a nghiém cha 2x + 1 > 3 (khong thudc tp nghiém x > 1).

Vay hat bat phuong trinh 2x + 1 >3 va | x | > 1 khéng twong duong.

b) Kiém tra dugc gid tri x = —4 la nghiém ctia 3x — 9 < 0 nhung khéng la
nghiém cla x2 <9,

Phuong trinh chira dau gia tri tuyét dai

ax=1.2: b)x=-0,8;

¢) V6 nghiém ; dHx=5;x=-125.
a)x=9; byx=-0,25; cx=-3; dx=1.
a) Cdch 1. Pua vé |5x| = 3x + 2.

Khi d6 ta xét hai truomg hop :

* Khi 5x > 0 hay x 2> 0, ta gidi phuong trinh

5x =3x + 2.



68.

69.

* Khi 5x < 0 hay x <0, ta gidi phwrong trinh

-5x =3x + 2.

Giai timg phuong trinh va téng hop két qua ta c6 tp nghiém 1 {1 ; — 0,25}.

Cach 2. Xét hai truong hop :
e Khi 5x > 0, hay x > 0, giai phuong trinh 5x —3x -2 =0.
* Khi 5x < 0, hay x < 0, giai phuong trinh -5x — 3x -2 =0.
Tir 46 ciing c6 duge két qua nhir cach 1,
b) Dua vé€ |-2x| = 4x + 3. Nghiém la x = - 0,5.
c) Dua vé [3 — x| = 4x. Nghiém Ia x = 0,6.
d)Pbua vé [x + 21| =2x + 12. Nghiém lax = 9.
a)x=2,x=8;
b)x=-5,x=-7.
¢)Cdch1(dic6d16p7)
Pua vé giai hai phuong trinh
2x—-5=4
2x-5=-4
Cdch 2 (phat trién c4ch gidi & sdch gido khoa)
Dua v giai hai phuong trinh :
*2x—-5=4 (khixZ%),

*—(2x-35)=4 (khix<%).

DS x=45;x=0,5.

d)x:—l-;x=§.
7 7

a) Ph4t trién c4ch giai & sich gido khoa, ta dua vé gidi hai phuong trinh

*3x-2=2x (khixZ%),
. 2
*2-3x=2x (khlx<§).

DS:x=2véx=%.



70.

2
b)x = 3
c)x=8;x=-18; d) V6 nghiém.
Theo dinh nghia gia tri tuyét déi, ta c6 :
anéua20

ol = {—ane'u a<O0.
a) Cdch 1. Xét phuong trinh [2x — 3| = 2x — 3, ta thdy nghiém chi 12 c4c s6 x
saocho 2x-3>20ox21.5.
Vay tap nghiém cua phvong trinh 1a  {x | x> 1,5}.
Cdch 2. Dua vé giai hai phuong trinh :
*2x -3 =2x-3v6idiéukién2x —320hayx > 1,5, (1)
¢ —2x + 3 = 2x - 3 vdi diéu kién 2x — 3 <O hay x < L,5. (2)
Phirong trinh (1) nhan moi gi4 tri cia X 1am nghiém. Ta chi 14y cdc nghiém
thod man diéu kién x > 1,5 nén tap nghiém ctia né 1a {x | x > 1,5}.

Phuong trinh (2) ¢6 nghiém 1a x = 1,5, nghiém nay khong thoa man diéu kién
x < 1,5, ta loai.

Téng hop nghiém ctlia ca hai phuong trinh trén, ta ¢6 nghiém clia phuong trinh
banddula {x| x> 1,5}.

b) Tap nghiém cua phuong trinh 13 {x | x <0,8}.

Bai tip bé sung

5.1. Chon (D).
5.2. Chon (B).
5.3. Cdch 1 : Ta dua vé gidi hai phuong trinh

76

2x-4=6 va 2x-4=-6.
Két qua : Tim duge x =5vax=-1,
Cach 2 : Tacd
|2x —4 |=2x —4 khi2x-42>0
va |[2x—-4]=-2x-4)khi2x -4<0.



Taco2x-4202x>24x22
va2x —4<0 &S 2x<4 o x<2.
Vay, ta dua vé bai to4n tim x sao cho
2x —4=6khix>2
va —(2x —4)=6khix <0.
Do 2x ~ 4 =6 <> x =5 ma 5 thoa mén x > 2 nén chon nghiém x = 5.
Do-(2x-4)=6 <& -2x+4=6
S -2x=2&x=-1.
Ta thdy x = -1 thoa man x < 2 nén chon nghiém x = —1.
Vay tim duge x = 5 va x = —1 thi ¢6
|2x —4 | =6.

On tap chuong IV

71.

72.

73.

74.

78.

Ta c6 nhiéu két qua.

Vi du : Sau khi chon hai bat ding thitc a < b va ¢ < 0, c6 thé c6 hai cdch chon
bt ding thitc thit ba nhu sau ma vén thich hop :

Néua<bvac<Othiac>bc

Néua<bvac<Othia+c<b+c.

Thyc hién cic so sdnh
a)3ava3b;3a+5va3b+5;3b+5va3b+ 2 tir d6 nit ra diéu cAn chimg minh.

b)—4ava—4b;-4a+2vi—-4b+2;—4b +2 va—4b + 3 tir d6 rit ra diéu cin
chirng minh. :

a) C6 thé chon 2,991 ; 2,992 va 2,993.

b) C6 thé chon 4,009 ; 4,008 va 4,007,

Nghiém cida cédc bat phuong trinh 1a

a)x<15; b) x <-2.
Nghiém cua cic bat phuong trinh 13

ayx<-2; b) x > -10,5.

77



76.

77.

78.

79.

80.

78

Goi d6 dai doan dudong ma ngudi d6 di di véi van téc Skm/h 1a x (x > 0, tinh
theo km). Thé thi :

— Thdi gian di quiing dudng véi van 16c Skm/h Ia : %
.o . . . . . 18—-x
— Thoi gian di quang dudng véi van téc 4km/h 13 : .
. . - . x 18-x

— Thai gian di hét quang dudng 18km 12 : 3 + y

Vi théi gian di hét quang dudng 18km khong nhiéu hon 4 gid nén ta c6 :
X 18 —x <4
5 4

Gidiratacé x > 10.

Vay doan dudng di véi van t6c Skm/h phai dai it nhat 10km (va nhiéu nhat
12 18km).

ax=2,; byx=-1;x=25;
A)x=8; d) V6 nghiém.
G(}Ii d6 dai ba canh tam gidc la a ; b va c. Theo bai ra phﬁi chiing minh :

a<(a+b+c):2;
b<(a+b+c):2;
c<{(a+b+c):2.

Xu4t phét tiY b4t ding thiic a < b + ¢ (t6ng hai canh luén 16n hon canh con lai),
ta cAng s6 a vao hai v€ clia bat déng thic, s& c6 bat ding thic 2a<a+b +c.
Tir 46, chia ca hai v€ cia b4t ding thitc méi nhan duge cho 2 sé dugc két qua.

Tuong tu, chiing minh dwoc céc bat ding thifc con lai.

a) Xudt phat tir bat ding thitc (m — 1)> > 0, cong v2o hai v€ cha bat ding thiic
s6 4m.

b) Xudt phat tir c4c bat dng thic (m — 1)> 20 va (n— 1)* 2 0.

Vit lai (a+b)[l+1]z4fydang2+3+E > 4.
a b b a

Dung két aa bai 29.



81.

82.
83.

85.

Goi mét canh hinh chi¥ nhat 12 a (a 2 0) thi canh kia s&€ 1a 20 — a.
Theo bai ra phai ching minh
10.10 > a.(20 — a).

Xu#t phét tir bat ding thic (10 — a)° > 0, ta s suy ra dugc bét ding thic cin
phai chimg minh.

ayx>-12; b) x> 2.

a)x>5; b) x > 3,2.
a)x<4; b) x > 11.
a) Moi x # 0 déu 1a nghiém.

b) Cé hai trirong hop :

Truomghopl:x—-1>0vax<0.
Truonghop Il : x —1<0vax>0.

Trudng hop 1 khong thé xdy ra (vi x — 1 > 0 thi x > 1, do vay khong thé c¢6
x < 0).

Trudng hop II x4y ra v6i x ma x > 0 v x < 1. Tap hop cic gid tri cla x trong
truong hop nay la {(x |[0<x < 1}.

Tap hop tit ca cdc gid tri cla x trong cd hai truong hop 1a {x |0 < x < 1}.
Tap hop nay biéu dién trén truc s6 nhu hinh sau (h. 7).

T i
o 1

Hinh 7
a) Moi s6 khdc s6 0 déu thoa man.
b) C6 hai trudng hop :
Truomg hop I :x -2>0vax—-5>0,c6kétqualax>5.
Truomghop Il : x —2<0vax—5<0,cokétqualax <2.

Téng hop ca hai trudng hop, ta c6 tap hgp céc s6 x cin tim 12 tap hop cic s6
nhé hon 2 hoéc 16n hon 5.

79



87.

88.

80

Ngudi ta viet tip hop ndy 1A {x | x <2 ho#c x > 5} va biéu dién trén truc s6
nhu hinh sau (h. 8) :

S
2 5

Hinn 8
a) Xét hai trudng hop :
Truonghop I :x-2>0vax-3>0.
Truomg hop Il : x —2<0vax—-3<0.
Téng hop ca hai trudng hop s& c6 két qua x < 2 hoac x > 3.
b) Xét hai truong hop :
Truomghopl:x+2>0vax-5<0.
Truong hop Il : x +2<0vax-5>0.
Truong hop II khong c6 gi4 tri nao cia x thoa man.,
Két qua cua truong hop I cling 12 k&t qua chung : cdc gid tri x thoa man 1a
-2<x<5.
a) Cdch 1. (Phat trién c4ch giai & sach gido khoa)
Ta dra vé giai hai phuong trinh
2x+3 =2x+2(khi2x+32>0),

—(2x+3)=2x+2 (khi2x + 3 <0).
Ca hai phuong trinh nay déu vé6 nghiém.
Cach 2. Nhan xét 2x + 3 = (2x +2) + 1. Vi nghiém phai thod man diéu kién
2x + 2 > 0 d€ gia tri tuyét d6i & v€ trdi khong Am, nén suy ra 2x + 3 > 0. Do

d6, theo dinh nghia gid tri tuyét d6i ta c6 |2x + 3| = 2x + 3. Vay phuong trinh
ban ddu dua vé dang 2x + 3 = 2x + 2. Phurong trinh nay v6 nghiém.

b) Cdch 1. (Phat trién cich gidi @ sdch gido khoa)
Ta dua vé giai hai phwong trinh
5x -3 =5x-5(hi5x - 32>0),
-(5x-3)=5x-5khi5x -3<0).
Ca hai phuong trinh nay déu vé nghiém.
Cdch 2. Vi diéu kién nghiém, dua v& 5x — 3 = 5x - 5.
Phuong trinh ny vo nghiém.

-



Bai tap b8 sung

IV.1. a) Ta bién déi :

2x—1>1¢$2x—1_
X+3 X+3
2x -1 —(x+3) x—4
=3 >
X+3 X+3

1>0

Ta xét hai truong hop :
Dx—-4>0vax+3>0.
2)x—4<0vax+3<0.

Véi trudng hop 1), ta x4c dinh duge x > 4.
Vé6i trudng hop 2), ta xdc dinh duoce x < 3.
Vay, v&i x > 4 hoic x < -3 thi

2x—1>1
X+3 ’

b) Ta bién déi

2x—1<3@2x—1
Xx—-2 X -2

o 2x-l—3(x—2)<0c>-x+-5
X -2 xX—2
XxX—5

X —

-3<0

= > 0.

Chia hai tnedng hop tuong tu nhu cAu a) ta x4c dinh dugc x >S5 vax < 2.

6- VBT Tudn 872
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PHAN HINH HQC

Chuong 1
TAM GIAC PONG DANG

DE BAI

§1. Binh li Ta-lét trong tam giac

1. Viét ti s6 cha cdc cap doan thing sau :
a) AB=125cm, CD = 625cm ;
b) EF =45cm, E'F = 13,5dm ;
c) MN = 555cm, M'N' = 999¢cm ;
d) PQ = 10101cm, P'Q' = 303,03m.

2. Doan thing AB gfp nam 14n doan thing CD ; doan thing A'B' gdp bay l4n
doan thing CD.

a) Tinh ti s6 ca hai doan thing ABva A'B'. .
b) Cho biét doan thing MN = 505cm v3 doan thing M'N' = 707cm, héi hai
doan thing AB, A'B' ¢6 ti 1& v6i hai doan thing MN va M'N' hay khéng ?

3. Tinh d6 dai x cia céc doan thing trong hinh 1, bi€t ring cAc s6 trén hinh ciing
don vi do 1a cm.

A p
17 X 16 20
X
M N E F
5 N\ / e
G R
B MN // BC - C EF // QR

Hink ] Hinh 2
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4.

5.

Cho hinh thang ABCD c6 AB // CD E
Vé.AB(CD ! \\

Duong thing song song v6i diy AB ’ Y

cét c4c canh bén AD, BC theo thit fur A e
tai M va N. M N

Ching minh ring : / \
C

a)MA_E_ D
AD BC'’
Hinh 3
b)MA_E.
MD NC’
g MD_Nc
DA CB’

HD : Kéo dai céc tia DA, CB cét nhau tai E (h. 3), 4p dung dinh }i Ta-1ét

trong tam gidc va tinh chét clia ti 1é thic dé chimg minh.

Cho tam gidc ABC. Tt di€ém D trén canh A

BC, ké cac dudng thing song song véi cdc

canh AB va AC, ching cit cic canh AC va E

AB theo thi tu tai F va E (h. 4).

Chimg minh ring
AE  AF _
AB AC

1. Hinh 4

Bai tap b8 sung

1.1. Hai doan thing AB = 35cm, CD = 105cm ti 1¢ v6i hai doan thing A'B' = 75cm

va CD.

Poan thing CD' ¢6 46 dai (theo don vi cm) 1a :

(A)25; (B) 49 ; (C) 225; (D) 315.
Hay chon két qua diing

1.2". Tam gisc ABC vuong tai A c6 dudng cao 13 AD (D € BC). Tix D, ké DE

vuong géc vGi AB (E € AB) va DF vudng géc vé AC (F € AC).
Hoi ring, khi d¢ dai cic canh AB, AC thay d4i thi téng % + % c6 thay
déi hay khéng ? Vi sao ?
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§2. Pinh li dao va hé qua cta dinh li Ta-lét

6.

10.

Cho tam gisc ABC c6 canh BC = a. A

Trén canh AB lay cic diém D va E

sao cho AD =DE =EB. Tu D, E k& D M
cdc dudng thdng song song véi BC,

cit canh AC theo thit fw tai M, N E N

(h. 5). / a \
Tinh theo a d6 dai clia cic doan thing B C
DM va EN. Hinh 5

Hinh 6 cho biét MN // BC, AB = 25¢cm, BC = 45¢cm, AM = 16cm,
AN = 10cm. :

Tinh d6 dai x, y cha céc doan thing MN, AC.

Hinh 6 Hinh 7
Hinh 7 cho biét tam gidic ABC vuéng tai A, MN // BC, AB = 24cm,
AM = 16cm, AN = 12cm. Tinh d6 dii x, y ctia cic doan thing NC va BC.

Hinh thang ABCD (AB // CD) ¢6 hai dudng chéo AC va BD cit nhau tai O
(h. 8).

Chiing minh rang : OA.OD = OB.OC.

A B A B
(6)
M Q
LN "\
D C D Cc

Hinh 8 Hinh 9

Cho hinh thang ABCD (AB // CD). Pudng thing song song véi ddy AB cit
cdc canh bén va c4c duong chéo AD, BD, AC va BC theo thit tv tai cic diém
M,N, P, Q (h.9).

Chiing minh ring MN = PQ.
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11*, Cho hinh thang ABCD (AB // CD).

12.

13.

14.

Trén canh bén AD 14y di€ém E sao cho

AE P QuaE ké duong thing song

ED ¢

song vdi cac ddy va cat BC tai F (h. 10).

| pCD + q.AB
P+q

HD : Ké thém dudng chéo AC, cit EF &

I, r6i 4p dung hé qua cta dinh Ii Ta-1ét

vao céc tam gidc ADC va CAB.

Hinh thang can ABCD (AB // CD) ¢6

hai dudng chéo AC va BD cit nhau tai

O (h. 11). Goi M, N theo thi tir 12 trung

diém cia BD vd AC. Cho biét

MD = 3MQ, diy 16n CD = 5,6cm.

a) Tinh d6 dai doan thing MN va diy

nho AB.

b) So sdnh d6 dai doan thing MN véi

nta hiéu cic d6 dai cia CD va AB.

Cho hinh thang ABCD (AB // CD,

AB <CD). Goi trung diém cua cic

duong chéo AC, BD thit ty 1A N va M

(h. 12). Chiing minh rang :

a)MN // AB;

CD-AB

—5

Hinh thang ABCD (AB // CD) c¢6 hai

dudng chéo AC va BD cit nhau tai O.

Pudng thing qua O va song song v6i

diy AB cit cic canh bén AD, BC theo

thd tr tai M, N. Chimg minh ring

OM = ON (h. 13).°

Chimg minh ring EF =

b) MN =

A B8
E/ \F

Hinh 10

A B

Hinh 11

%
D C

Hinh 12

A B
M
D [

Hinh 13
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15. Cho truéc ba doan thing c6 d6 dai fwong ¥mg 13 m, n va p. Dimg doan thdng

thit tur c6 46 dai q sao cho — = 2.

n q
16. Cho ba doan thing AB = 3cm, CD = Scm, EF = 2cm. Dung doan thdng thir tw
c6 40 dai a sao cho AB _EF hay 3 ~2~ Tinh gié tri ciia a.
CDh a 5 a

Bai tap bd sung

2.1. Hinh bs.1 cho biét AB // CD, O € MN,

MN = 5c¢m, OB = 1,5cm, OD =4,5cm, MB = Icm.
Hay chon két qua diing.
1) D¢ dai ctia doan thing MO
(tinh theo don vi cm) 12 ;
(A) 1,25; (B) 2,25 ;
(0)3,25; (D) 4,25.
2) D6 dai clia doan thing NO

- (tinh theo don vicm) 1a :
(A)5,75; (©) 4,25,
(B)3,75; (D) 2,75. Hinh bs.1

2.2. Tam gidc ABC c6 hai dudng trung tuyén BM va CN cit nhau tai O. Ching
minh ring
OM.OC = ON.OB.
2.3. Hinh thang ABCD (AB // CD) ¢6 hai duong chéo AC va BD cét nhau tai O.
Goi M, K, N, H l4n luot 13 chan dudng vudng géc ha tir O xubng cic canh
AB, BC, CD, DA. Chitng minh ring :
OM AB

95N "D

« OH BC
® 5K =AD"
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§3. Tinh chat dudng phan giac clia tam gide

17. Tam gidc ABC c6 AB = 15¢cm, AC = 20cm, BC = 25cm. Dudng phan gidc goc
BAC cit canh BC tai D (h. 14).
a) Tinh d6 dai cdc doan thdng DB va DC.
b) Tinh ti s6 dién tich cua hai tam gidc ABD va ACD.

A A
E
15 20 F
B D C
- >5 > B D Cc
Hinh 14 Hinh 15

18. Tam gidc ABC c6 cac dudng phan gidc AD, BE va CF (h. 15).
Chimg minh ring :

B
DB EC FA _,
DC EA FB
19. Tam gidc can BAC c6 BA = BC = a, {
AC = b. Puong phan gidc géc A cét BC M
. tai M, dudng phan gidc géc C cht BA
tai N (h. 16).
C

a) Ching minh MN // AC.
b) Tinh MN theo a, b. Hinh 16

20. Tam gidic ABC té AB = 12cm,
AC = 20cm, BC = 28cm. Dudng phéan

A
gidc géc A cit BC tai D. Qua D ké BN
DE // AB (E thuoc AC) (h. 17). 12 :
a) Tinh do dai cdc doan thing BD, DC
8 c
D

va DE.
b) Cho biét dién tich tam gidc ABC la - 28 >
S, tinh dién tich cdc tam gidic ABD, .

ADE va DCE. Hinh 17




21.

22,

23.

88

Cho tam gidc vuéng ABC (A = 90°),
AB = 21cm, AC = 28cm ; dudng phan E
gidc géc A cét BC tai D, dudng thing
qua D va song song vdi AB, cit AC tai

E (h. 18). . .
a) Tinh do dai cic doan thing BD, DC >

Hinh 18
va DE.

b) Tinh dién tich tam gidc ABD va dién tich tam gidc ACD.

Cho tam gidc can ABC (AB = AC), dudng phan gidc géc B cit AC tai D va
cho biét AB = 15cm, BC = 10cm. (h. 19).

a) Tinh AD, DC.
b) Pudng vubng géc véi BD tai B cit dudmg thing AC kéo dai tai E. Tinh EC.

Hinh 19

Tam gidc vuéng ABC ¢6 A = 90°, AB = 12cm, AC = 16cm ; dudng phan gidc
g6c A cit BCtai D.
a) Tfnh BC, BD va CD.

b) V& dudng cao AH, tinh AH, HD va AD.

Tam gidc vuéng ABC cé A =90° A
AB = a(cm), AC = b(cm), (a < b),

trung tuyén AM, dudng phan gidic AD a

(M va D thuéc canh BC) (h. 20).

a) Tinh 40 dai cdc doan thing BC, 8 S c
BD, DC, AM va DM theo a, b.
b) Hay tinh cdc doan thing trén day Hinh 20

chinh x4c dén chit s6 thap phan thir
hai khi biét a = 4,15¢cm, b = 7,25cm.



Bai tap b6 sung

3.1. Tam gidc ABC vuong tai A c6 dudng phan gidc AD. Biét ring d6 dai cla cdc

3.2,

canh g6c vudng AB = 3,75cm, AC = 4,5cm (h. bs.2).
Hay chon két qua ding (tinh chinh x4c dén hai chir s6 thap phan).

1) D6 dai cta doan thing BD la : A
(A)18,58;  (B)2,66; -

: - 3,75 45
(C)2,65; (D) 3,25. ,
2) D6 dai cha doan thing CD 1a:
(A)27.13;  (B)2,68; : B D c
(C)3,20; (D) 3,15. . Hinh bs.2

Hinh binh hanh ABCD c6 46 dai canh AB = a = 12,5¢cm, BC = b = 7,25cm.
Pudmg phan gidc ctia géc B cit dudng chéo AC tai E, dudng phan gidc cua
géc D cit dudng chéo AC tai F (h. bs.3).

Hay tinh d6 dai duong chéo AC, biét EF = m = 3,45cm.
(Tinh chinh x4c d€n hai chit s6 thap phan).

A a=125 B

Hinh bs.3

§4. Khai niém hai tam gidc déng dang

25,

26.

Cho hai tam gidc A'B'C' va ABC ddéng dang v6i nhau theo ti s6 k. Chiing minh
ring ti s6 chu vi ciia hai tam gi4c cling bang k.

Tam giac ABC c6 AB = 3cm, BC = 5cm va CA = 7em.

Tam gidc ABC déng dang v6i tam gidc ABC ¢6 canh nho nhit 13 4,5cm.
Tinh céc canh con lai cla tam gidc A'B'C.
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27.

Cho tam gidic ABC c6 AB = 16,2cm, BC = 24,3cm ; AC = 32,7cm. Tinh d¢
dai cic canh cha tam gidc A'B'C), biét ring tam gidc A'B'C' ddng dang véi tam
giac ABCva:

a) A'B' 16n hon canh AB 12 10,8cm

b) A'B' bé hon canh AB 12 5,4cm.

Hinh thang ABCD (AB // CD) c¢6
CD =2AB. Goi E 13 trung diém cta DC
(h. 21). Chitng minh riing ba tam gic ADE,
ABE va BEC dong dang vé6i nhau timg d6i D L ¥ C
mot. (Chid y viét cic dinh cla hai tam gidc
ddng dang theo thit ty twong tng véi nhau).

A B

Hinh 21

Bai tap b3 sung

4.1. Tam gidc ABC c6 t6ng 46 dai hai canh AB + AC = 10,75cm va déng dang

véitam gidc A'B'C' c6 d6 dai cic canh A'B' = 8,5cm, A'C' = 7,35cm,
BC = 6,25cm.

Tinh chinh x4c dén hai chif s6 thap phan, chu vi cua tam gidc ABC1a :
(A)45,36; (B) 1446 ; (C) 14,98 ; (D) 14,50. *
Hiy chon két qua diing

§5. Trudng hop ddng dang thi nhat (c.c.c)

29.

30.

31.

Hai tam gidc ma cdc canh c6 d6 dai nhy sau c6 d6ng dang khong ?
a) 4cm, Scm, 6cm va 8mm, 10mm, 12mm ;

b) 3cm, 4cm, 6cm va 9cm, 15¢cm, 18cm ;

¢) 1dm, 2dm, 2dm ‘_Jé 1dm, 1dm, 0,5dm.

Tam gidc vudbng ABC (X =90%) c6 AB = 6cm, AC = 8cm vi tam giic vuong
A'B'C' (A'=90°) c6 A'B' = 9cm, BIC' = 15cm.

Hobi rang hai tam gidc vuéng ABC va A'B'C' ¢6 déng dang v6i nhau khong ?
Visao ?

Tam gidc ABC c6 ba dudng trung tuyén cit nhau tai O. Goi P, Q, R thit tir 1a
trung diém cha cac doan thing OA, OB, OC.

Chimg minh rang tam gidc PQR déng dang véi tam gidc ABC.
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32. Tam gidc ABC c6 ba géc nhon va ¢6 tnre tam 12 diém H. Goi K, M, N thit tu
la trung diém cha cic doan thing AH, BH, CH. Chiing minh ring tam gidc

KMN déng dang véi tam giac ABC véi ti s6 d6ng dang k = %

33. Cho tam gidc ABC va mot diém O nim trong tam gidc d6. Goi P, Q, R 14n
luot 1a trung diém cta cic doan thang OA, OB, OC.

a) Chiing minh ring tam gidc PQR déng dang v6i tam gidc ABC.
b) Tinh chu vi ctia tam gidc PQR, biét ring tam gidc ABC c6 chu vi p bing

543cm.

34. Cho truée tam giic ABC. Hiy dung mot tam gidc d6ng dang vé6i tam gidc
ABC theo ti s6k = %

Bai tip bd sung

5.1. Hai tam gidc ma céc canh c6 do dii sau day thi déng dang vdi nhau. Trudng
hop nao diing ? Trrdng hop nao sai ? Hay ddnh ddu gach chéo vao 6 tra 101
thich hgp & bang sau :

Truong hop Diing Sai

a) 1,5cm, 2cm, 3cm va 4,5¢cm, 6¢cm, 9cm.

b) 2,5cm, 4cm, S5cm va S5cm, 12cm, 8cm.

¢) 3,5cm, 6cm, 7cm va 15¢cm, 12cm, 7cm.

d) 2cm, Scm, 6,5cm va 13cm, 10cm, 4cm.

5.2. Cho tam giic ba géc hhon ABC va mot diém O b4t ki trong tam gidc dé.
Ba diém D, E, F theo thit tv 12 trung diém cta céc canh AB, BC va CA. Ba
diém M, P, Q theo thif tir 11 trung diém cha cic doan thing OA, OB va OC.

a) C4c tam gidc DEF va MPQ ¢6 dong dang véi nhau khong ? Vi sao ? Ti s6
déng dang bang bao nhiéu ?

Hay sip xé&p cdc dinh twong Gng néu hai tam gidc d6 déng dang.

b) Khi nao thi luc gidc DPEQFM cé tat ca cic canh bing nhau ? Hay vé hinh
trong trudng hop dé6.
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§6. Trudng hap déng dang thir hai (c.g.c)

35. Cho tam gidic ABC c6 AB = I12cm,

A
AC = 15cm, BC = 18cm.
Trén canh AB, dat doan thing AM = 10cm, "
trén canh AC dat doan thing AN = 8cm "
(h. 22). Tinh d6 dai doan thing MN.,
B C
Hinh 22

36. Hinh thang ABCD (AB // CD) ¢6 AB = 4cm,
CD = 16cm va BD = 8cm (h. 23).

Chitng minh BAD = DBC va BC = 2AD.
A B

Hinh 23 Hinh 24
37. Cho tam gidc ABC c6 A = 60°, AB = 6cm, AC = 9cm (h. 24).

a) Dung tam gidc déng dang v6i tam gidc ABC theo ti s6 d6ng dang k =

Lo |

b) Hay néu mét vai cach dung khic va
vé hinh trong timg trudng hop cu thé. A
38. Cho tam gidc ABC c6 AB = 10cm, p 20

AC = 20cm. Trén canh AC, dit doan 10
thing AD = Scm (h. 25).

Ching minh ABD = ACB. . B c
Hinh 25
Bai tap b6 sung

6.1. Hinh bs.4 cho bi€t Oz ia phan gidc cia géc xOy, OA = 9cm, OB = 12cm,
OC = 16cm, AB = 6¢cm.
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D6 dai ciia doan thing BC 1a m bing :
(A) 7,5cm ;

(B) 8cm ;

(C) 8,5¢cm ;

(©) 9cm.

Hiy chon két qua ding.

6.2". Hinh binh hinh ABCD c6 hai dudng chéo AC va BD cit nhau tai O va
AC=2.AB. '

a) V& trung tuyén BE cua tam gidc ABO. Chimg minh ring ABE = ACB.

b) Goi M 14 trung diém ctia canh BC, chiing minh ring EM vuéng géc vai
dudmg chéo BD.

§7. Truéng hop dong dang thi ba (g.g)

39. Cho hinh binh hanh ABCD. Goi E 1a trung diém cta AB, F 1 trung diém ciia
CD (h. 26). Ching minh hai tam gidc ADE va CBF déng dang véi nhau.

E
A B A
D F C B H c

Hinh 26 Hinh 27

40. Tam gisc vuong ABC c6 A = 90° va dudmg cao AH. Tit diém H ha dudng
HK vuong goc véi AC (h. 27).

a) Hoi trong hinh di cho ¢6 bao nhiéu tam gisc déng dang véi nhau ?

b) Hay viét cdc cdp tam gidc déng dang v6i nhau theo th{ tv cic dinh tuong
(tng va viét ti 1 thiic giita c4c cip canh tuong dng cla ching.
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41. Hinh thang ABCD (AB // CD) c¢6
AB =2,5¢cm, AD = 3,5cm, BD = 5cm va

DAB = DBC (h. 28).

a) Ching minh AADB ¢» ABCD.

b) Tinh d6 dai céc canh BC, CD,

¢) Sau khi tinh, hdy v€ lai hinh chinh xdc
bing thudc va compa.

42. Cho tam gidc vubng ABC (A= 90°).
Dung AD vuéng géc v6i BC (D thudc
BC). Dudng phan gidc BE cit AD 1ai F
(h. 29).

FD EA
Ching minh — = —, \
4 FA _ EC Hinh 29
43. Ching minh ring, n€u hai tam gidc ABC va A'B'C déng dang véi nhau thi :
a) Ti s8 cta hai dudng phan gidc tuong tng bing ti s§ d6ng dang.

b) Ti s6 cla hai trung tuyén tuong tng bing ti s& d6ng dang.

Bai tap bé sung

7.1. Hinh bs.5 cho biét tam gidic ABC c6 hai
duong cao AD va BE cét nhau tai H.

" Trong hinh bs.5 ¢6 s6 cap tam gidc dong
dang vé&inhaula :

(A)1cap;
(B)2cap;
(C)3cap; ' B
(D) 4 cap.

Hay chon két qua ding. -

7.2. Hinh thang vuéng ABCD (AB // CD) c6 dudng chéo BD vudng géc vdi canh
BC tai B va ¢6 d6 dai BD =m =7,25¢cm.

Hay tinh 46 dai cic canh cia hinh thang, biét ring BC = n = 10,75cm (Tinh
chinh xdc d€n hai chit 56 thap phan).
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§8. Cac trudng hop dong dang cua tam giac vudng

44. Cho tam gidc ABC vuong tai A, AC = 9cm, BC = 24cm. Dudng trung trizc cia

45.

47.

BC cit duong thing AC tai D, cit BC tai M (h. 30). Tinh do dai cla doan
thing CD.

A 6 B
B 1\ [ 1
8
E
M 17
/ . {’ ) 12
Bl
D A C D c
Hinh 30 Hinh 31

Cho hinh thang vuéng ABCD (K =D = 90°) AB = 6cm, CD = 12cm,
AD = 17cm. Trén canh AD, dat doan thing AE = 8cm (h. 31). Chiing minh
géc BEC =90°.

. Cho tam gidc ABC vuong tai A, AC = 4cm, BC = 6cm. Ké tia Cx vuong géc

v6i BC (tia Cx va diém A khic phia so v6i duong thing BC). Lay trén tia Cx
diém D sao cho BD = 9cm (h. 32).

Chimg minh ring BD // AC. _
B 9 D/x A
6 N
o ¢ B H M c
Hinh32 ' Hinh 33

Trén hinh 33 hdy chi ra cic tam gi4c déng dang. Viét cic cap tam gidc dong
dang theo thif tu cdc dinh twong ing va giai thich vi sao chting déng dang.

Cho tam giac ABC (A = 90 c6 dudng cao
AH (h. 34).

Chitng minh ring AH? = BH.CH.

Hinh 34
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49.

Dudng cao cha mot tam gidc vubng A
xudt phét tir dinh géc vuéng chia eanh
huyén thanh hai doan thing c6 do dai
1a 9cm va 16cm. Tinh d6 dai cdc canh

cha tam gidc vuong dé (h. 35). B E D 18 c
: Hinh 35
50. Tam gidc vuong ABC (A = 90°) cb A
dudng cao AH va trung tuyén AM
(h. 36). Tinh dién tich tam gidic AMH,
biét ring BH = 4cm, CH = 9cm.
: BT H W ~C
> o 9 -
Bai tap bé
Al tap bd sung Hinh 36

8.1. Cho géc nhon xOy.

8.2.

Trén tia Ox 14y mot di€m A sao cho
OA = 8,65cm.

Treén tia Oy 14y mot diém B sao cho
OB = 15,45cm.

Vé AE vuong géc véi Oy, BF vudng géc véi Ox.

o]

Biét do dai doan thing BF = 10,25cm. Hinh bs.6

D6 dai ciia doan thing AE (14y chinh x4c dén hai chit s6 thap phan) {A :

(A) 13,04 (cm) ; (B) 18,31 (cm) ; () 5,74 (cm) ; (D) 5,73 (cm).
Hay chon két qua diing.

Tam gidc ABC vuéng tai A c6 dudng cao AH = n = 10,85¢cm va canh
AB =m = 12,5cm, Hay tinh d¢ dai cic canh con lai cia tam gidc (chinh xdc
dén hai chit s6 thap phan).

8.3. Cho tam gidc ABC vuéng tai A, chan H ctia dudng cao AH chia canh huyén

BC thanh hai doan c6 d6 dai 4cm vA 9cm.

Goi D va E 12 hinh chi€u cha H trén AB va AC.
a) Tinh 46 dai DE.

b) Céc dudng thing vuéng géc vé6i DE tai D va E cit BC theo thi ty tai M v
N. Chiing minh M Ia trung diém ciéa BH, N 12 trung diém ciia CH. .

" ¢) Tinh dién tich t¢ gidc DENM.
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On tap chuong lli
51. Cho tam giic ABC.
a) Tim trén canh AB diém M sao cho %:%; tim trén canh AC diém N

AN 2
sao cho — = —.
NC 3

b) V& doan thing MN. Héi ring hai dudng thing MN vi BC c¢6 song song vdi
nhau khong ? Vi sao ?

¢) Cho biét chu vi va dién tich tam giic ABC thi ty 12 P va S. Tinh chu vi va
dién tich tam gidc AMN.

52. Ti gidc ABCD c6 hai gbc vudng tai dinh A va C, hai dudng chéo AC va BD
cAt nhau tai O, BAO = BDC (h. 37).

Chitng minh :
a) AABO«» ADCO ;
b) ABCO «» AADO
A
A 8
B o D
W >
c . D C
Hinh 37

53. Cho hinh chit nhat ABCD c6 AB = a = 12cm,
BC = b = 9cm. Goi H 12 chan duong vudng
goc ké tir A xudng BD (h.38).

a) Chiing minh AAHB> ABCD ;
b) Tinh 46 dai doan thing AH ;
¢) Tinh dién tich tam gidic AHB.

54. Tit gidc ABCD c6 hai duong chéo AC va BD
cit nhau tai O, ABD = ACD. Goi E 1a giao
di€ém cia hai dudng thing AD va BC (h. 39).
Chimg minh ring :

a) AAOB«» ADOC ; Hinh 39
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55.

56.

57.

58.

59.

b) AAOD «» ABOC ;

c) EA.ED = EB.EC.

Tam gidc ABC c6 ba dudng cao AD, BE, CF déng quy tai H. Chitng minh
ring AH.DH = BH.EH = CH.FH.

Hai diém M va K tht tr nidm trén canh AB va BC cta tam gidc ABC ; hai
doan thing AK v CM cit nhau tai diém P. Biét ring AP = 2PK vi CP = 2PM.
Cining minh ring AK va CM 14 c4c trung tuyé&n ctia tam gidc ABC.

Cho hinh binh hanh ABCD. Tir A ké AM wvuong géc vdi BC, AN vuéng géc
v6i CD (M thudc BC va N thuéc CD). Chitng minh ring tam gidc MAN déng
dang vé6i tam gidc ABC.

Gia sir AC 1a dqudng chéo I6n chia hinh binh hanh ABCD. Tir C, vé dudng
vudng géc CE v6i dudng thing AB, dudng vubng géc CF vé6i dudng thing
AD (E, F thuoc phdn kéo dai clia cdc canh AB va AD). Chilmg minh ring
AB.AE + AD.AF = AC”,

Tam gidc ABC cé hai duong cao 1a AD va BE (D thuéc BC, E thutc AC).
Ching minh hai tam gidc DEC va ABC |2 hai tam gidc d6ng dang.

Tam giéc ABC c6 hai trung tuyén AK vi CL cét nhau tai O. T mét diém P
bat ki trén canh AC, vé cdc dudng thing PE song song véi AK, PF song song
v6i CL (E thuéc BC, F thudc AB). Cic trung tuyén AK, CL cit doan thing EF
theo thit tr tai M, N,

Ching minh ring c4c doan thing FM, MN, NE béng nhau.

LS| GIAI, CHi DAN HOAC DAP 56

§1. Dinh li Ta-lét trong tam giéc

1
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AB 1
22 _1
CD 5
b) HD : Déi vé cung don vi do cm.
ps: EF _1
E'F'" 3

0 MN 555 111.5 S
M'N' 999 111.9 9o




d) HD : D6i vé cing don vi do cm :
303,03 m = 30303 cm.
Phan tich : 30303 =10101. 3.

ps: - _1
PQ 3

a) Lay CD lam don vi do, ta ¢c6 AB =5 (don vi), AB' =

7 (don =
(don vi), —— AR

| wn

F

/

py MN__ 505 _1015 S
M'N' 707 1017 7
Vay AB _ MN
AIB| MINI
Suy ra AB, A'B'ti 1& vdi MN va M'N".
AM AN 17 x
a) (h. 40). ViMN //BC = 2= = 225 pay =~ = =
) (v 40) / MB NC Y70°9
:x—gﬂ—153(m)
B MN // BC
Hinh 40

b) (h. 41). Tac6é x = PQ.

EF//OR= ZF _PF, /16_2

PO PR VX MR
ViPR=PF+FR =20+ 15=35

16 20
suyra — = —.
X 35
16.3
va _——_28 cm
y X 30 (cm).

y
R
EF // QR

Hinh 41
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4. (h.42).a) MN // AB// CD (gt). E

Kéo dai DA va CB cit nhau tai E, dp dung ;o
dinh 1f Ta-1ét vao cic tam gidc EMN va ! N\

A B
ECD. Tacé: / \
M N
EA EB EA MA

St Y S
MA NB EB NB b c
EA _EB __EA_AD 2) Hinh 42
AD BC EB BC

Tu (1) va(2) suy ra

MA _AD MA _NB

= = . 3
NB _ BC 0 AD BC )
b) Tir (3) va 4p dung tinh chét ctia day ti s6 bang nhau, ta c6 :
MA NB MA . NB MA NB
AD BC AD - MA BC - NB MD NC’
c) Tix (4), suy ra Mb _Nc_,_MD .,\‘,_= NE hay
MA NB MA +MD NB+ NC
MD NC
— = (5
DA CB
5. (h.43). Xét AABC, vi DE // AC (gp), ta 6 : .
AE _ CD " £
AB CB .
Mat khac, DF // AB (gt), ta c6
B D
AF BD
AC B 2) Hink 43

Cong cic v& tuong ing cta (1) va (2), suyra:

AE 'AF CD+BD CD + BD
AB AC CB BC  BC

_BC_,
B,
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Bai tap bé sung

1.1. Chon (C).

1.2. DE va CA cung vuong géc véi AB, do d6

DE // AC. E
Theo dinh 1i Ta-1ét, ta cé : F
AE CD )
AB  CB' B D Cc
Tuong tu, tacé : DF // AB, do d6 : Hinh bs.7
AF _ED
AC BC’
Cong cic vé& nrong tng cua (1) va (2),tacé :
AE AF CD . BD BD CD+BD BC
AB AC CB BC  BC BC

2)

=1.

., AF . TP
Téng — 25 AC khong thay d6i vi luén c6 gi4 tri bang 1.

Vay : Khi 40 dai cic canh géc vuong AB, AC cua tam gidc vuéng ABC thay
ddi thi téng % + —A—F luén luén khong thay déi. Téng 46 luén cé gia tri
bing 1.

§2. Dinh |i dao va hé qua cha dinh Ii Ta-lét

6.

(h. 44). Theo gia thiét, ta c6 DM // BC,

A

EN // BC do d6 DM // EN.
Ap dung he qua ctia dinh 1i Ta-1ét, ta c6 : D M

DM _AD, DM _1 c N

BC AB ~ a 3 / \

a
B C
= DM = la.
3 Hinh 44

EN =AE hay EN =E:>EN=2a
BC AB a 3
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7. (h.45). Theohinh v tac6 MN =x, AC =y.

M X N
Theo gia thiét va 4p dung hé qua ciia dinh I N o
Ta-1ét, ta cé : A
AM AN MN h 16 10 _ x
AC AB BC y 25 45 25 {
Tir d6 ta tinh duec : .5
. B
_ 1045 _ 8 - C
25 Hinh 45
_ 16.25 — 40.
10

8. (h46).TacONC=x,BC=y. A
Vi MN // BC 4p dung dinh If Ta-lét, /
tacé: 16 {2
AM AN M N
MB NC’ / \x\
B

Vi MB = AB - AM Y

C
suyra: ABA:MAM - ‘;‘II; Hink 46
hay : 241—616 = % Vay x = _12@::6—_162 = 6(cm).
A =90 = MN” = AM® + AN? = 167 + 127 = 400 = MN = 20,
Vi MN // BC, theo hé qua cta dinh }i Ta-1ét, ta c6 :
AM _MN = BC = AB MN _20.24 _ 30(cm).
AB BC- AM 16
Viy y=BC=230(cm).
9. (h. 47). Xét AOAB va AOCD. Vi A B
AB // CD (gt) nén, theo hé qua cia dinh
If Ta-lét ta c6 : (6
OA OB AB
oC - OD - CD D c
suy ra : OA.OD = OB.OC. Hinh 47
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10.

11.

(h. 48). Xét AADB va AACB. Vi

MQ // AB, ip dung hé qua cha dinh I{ A B
Ta-1ét ta co6 :
MN DM
AB DA D _u Q
N P
PR_AQ ) DV Nc
AB CB’ Hinh 48

Xét hinh thang ABCD, c6 MQ // AB // CD,
theo k&t qua bai 4, ta c6 :
DM _ CQ
DA CB’
T (1), ) va(B)tacd:
MN _PQ
B = AB = MN = PQ.
(h.49). Ké théem dudng chéo AC. Goi I 13 A B

giao diém cia EF va AC. e/ ~ \ ¢

EF // AB // CD (gt), suy ra : 1

3

* — = EI =
CD

Hinh 49

Tu (1) va(2)suyraEl= ——R-—‘CD.
. P+q

* Ap dung két qua bai 4 vao hinh thang ABCD ta lai c6

.AB. (3)

Tuong tir nhu trén, ta tinh dugc % =4 4
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12,

13.

104

T (3)va (4) suyra IF = —1_ AB.

P+4
* Vay EF = EI + IF = PCD +a.AB

P+q

a) ABCD 1a hinh thang cin, do d6 ha
dudtmg chéo AC va BD bing nhau (h. 50) A B
viOA=0B;0C=0D; MN// AB//CD.
MD = 3.MO => OB = 2.MO, OD = 4.MO.
Tach: ﬂ:%:l

' 5,6
D 1
:>MN=%-CD=%.5,6=1,4(cm)‘ ¢

AB OB AB Hinh 50
— : =

1
CDh oD CD 2
= AB= %CD = %‘5,6 =2,8 (cm).

Mait khéc, ta c6

CD-AB _56-28
22

CD - AB
—
(h.51) a) Goi P, Q theo th¢ ty 12 trung

diém cta AD, BC. . A B
PA 1
AD 2

b) =1,4 (cm).

Vay MN =

N6i MP, ta c6 MP // AB va

AN 1
Talai c6 — = —(gt), do dé
al co AC 2_(gt) o do

PA AN
AD  AC’ Hinh 51
Theo dinh li ddo cua dinh If Ta-1ét, sny ra
PN // DC hay PN // AB.

T cdc quan hé MP // AB va PN // AB suy ra P, M, N thing hang (hay hai
dudng thing PM, PN tring nhan).

Vay MN // AB.



14.

18.

b) Ching minh tuong tu, ta ciing c6 M, N, Q thing hang suy ra bén diém

P, M, N, Q ciing thuéc mot dudng thing.

AB +CD
PQ=——". (1
2
pM = AB. @)
2
AB
NQ = 3)
2
T (1), (2), 3) vavi M, N, P, Q ciing thuéc mét dudng thing suy ra :
MN = PQ — (PM + NQ) = 2;—‘\—]3.
(h.52)
— Xét AABD :
OM DO fh o
OM//AB(g) = —=—. (1)
AB DB " \
9)
~ Xét AABC:
ON CO
ON // AB = —=— 2
// AB (gt) AB _ CA 2) 5 .
— Mat khac, AB // CD (gt) Hinh 52
DO CO
A3)
DB CA’
Tir céc ti 18 thiie (1), (2), (3) suy ra
OM ON — OM = ON.
AB AB
(h.53)

— VE hai tia phan biét khéng d6i nhau
Ox va Oy.

— Trén Ox, dung doan thing OA = m va

dung lién ti€p doan thing AB=n.
— Trén Oy, dung doan thing OC = p.

Hinh 53
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— Dung dudmg thing qua hai diém A, C.

— Qua B dung dudng thing Bz song song véi duong thing AC, cit tia Oy
tai D.

Ta duge CD la doan thiang phai dung c6 d6 dai 12 q.

Thatviy, BD // AC= — = —- ha =
at vay AB Y

16. (h.54)

Hinh 54

— V& hai tia Ox, Oy phan biét khong d6i nhau.

— Trén tia Ox d4t lién tiép cic doan thing. OM = AB = 3cm,
MN =CD = 5cm.

— Treén tia Oy, dat doan thing OP = EF = 2cm.

~ Vé duong thing MP.

— V& dudng thing Nt // MP, Nt cit Oy tai Q, ta dugc PQ 1a doan thing phai
dung va c6 46 dai la a.
— Ta c6 Nt // MP (theo cach dung), do d6 suy ra QM-I‘NA = % (dinh If Ta-1€t).

Theo cach dung ta c6 OM = 3cm, MN = 5cm, OP =2cm, nén ta c6 :

Bai tap bé sung

2.1. 1) Chon (A).
2) Chon (C).
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2.2. ViM, N 14n luot 1 trung di€m ciia canh AC va AB

2.3.

nén dudng thing MN song song véi BC. A
Do d6 it gidc BCMN 1a hinh thang va c6 hai N "
dudng chéo BM va CN cit nhau tai O.
Theo két qua chimg minh & bai tap s6 9, ta c6 : o
OM.OC =ON.OB. B
Hinh bs.8

a) Vi OM | ABvia ON L CD, ma AB // CD nén suy ra M, O, N thing hang.
Mit khdc, do AB // CD nén theo dinh li Ta-1ét ta cé :

OM MA OM _MB
ON NC *ON ND

Tir d6, theo tinh chit cha day ti s6

bang nhau, ta ¢6 :
OMzMA=MB:MA+MB=AB
ON NC ND NC+ND (D’

b) Tir O ké dudng thing song song v6i AB D

vaCDcit AD tai E, cét BCtai F. ' Hinh bs.9

Zh
O

Ap dung ké&t qua chimg minh & bai s& 14, tacé :
OE = OF.
Tudé,tacéd: -

SaEo = Spro (1) (Hai tam gidc c6 ciing dudng cao va hai canh ddy bing nhan) ;

Speo = Scro: (2)

T (1) va(2)suyra:
Soap = Somc: (3

OH BC
Suy ra : OH.AD = OK.BC < OK - AD'

Chii y : C6 thé chimg minh Sy, = Sope bing cach khac (HS tu ching minh).
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§3. Tinh chat dudng phan gidc clia tam giac

17. (h. 55). a) Vi AD la duong phan gidcnéntach:

AB DB 1S DB
hay — = —
AC DC 20 DC

A
s __DB _DB_DB
20+15 DC+DB BC 25
25.15 5 15 g
= =———=10= = 10,71 (cm)
20+ 15 7
, B 1 c
CD=25-BD=14— = 14,29 (cm). _ .
7 - 25 -
Sap  PC S
18. (h. 56). Ap dung tinh chit dudng A

phan gidc, ta ¢6 :

% — ﬁ : (1) F E

DC AC

EC BC

—_—=— (2

FA BA

B 5 c
FA CA 3
FB CB’ 3 Hinh 56

Nhan céic vé€ tuong tmg cia cic ding
thae (1), (2), (3) ta duoc :
DB EC FA

19. (h.57) a) Ap dung tinh chat dudng
phin gidc, tacod :

NB_CB_a.

NA CA b’

MB_AB_a

MC AC b’ Hinh 57

108



20.

NB MB

Te(DHvaR)tacd: — = —=3MN// AC
(Dva2)ytacod NA - MG 1
(theo dinh 1i d4o coa dinh li Ta-lét).

NB a - NB a

b) Tir hé thirc (1), tacod :

= hay = .
NA+NB a+b AB a+b

a2

a+b

Tinh dugc NB =

Mit khic, v MN //AC=> — =
AC

ab

Thay cic gid i cia AC, AB va NB vao hé thic trén, tinh dugc MN = e
a

(h.58)a)—}—32=é§=£=§ A
DC AC 20 5

BD 12 BD_I2 12
BD+DC 20+12 Y BC 32

B C
_ 12.BC _ 12.28 =10,5 (cm) D
32 32 - T

DC=BC-BD =28 -10,5=17,5 (cm). Hinh 58
Mait khiac DE // AB

DE CD AB.CD 12.17.5
= —=——=>DE= =
AB CB CB 28

= BD

Y

=75 (cm).

by« Samp _BD _105 o 105 ¢
Sasc BC 28 28

* Tuong tu S,apc =% =%;35-.S

Vi DE // AB va AD la dudng phén gidc goc A nén AE =DE. Tacé :

Saoe _ AE _DE 175
Sapc AC AC 20




7,5 7,5 17,5 26,25
Suyra Sape = S5 Sapc = 555 S =TS
43,75
* Spce = Sapc — Sapg = W‘S

21. (h. 59).a) A = 90°

= BC? = AR + AC? (dinh { Py-ta-go) . 28

BC? =212 + 282 = 1225 m‘z\
= BC =35 (cm).
Tinh BD, DC va DE twong ty nhu bdi B Y c

20, ta duoc :
BD = 15 (cm), DC = 20 (cm), Hinh 59
DE = 12 (cm).

b) Supc = %.AB.AC = % .21.28 = 294 (cm?).

Sapp _ BD _ 15 Sapp = 12.294 = 126 (cm?).
Sage BC 35 35

22. (h. 60). a) Tuong tu nhu bai 20, tinh dugec : AD =9 (cm) ; DC = 6 (cm).

B
15
m
A 3 C E
-— -

15

Hinh 60
b) BE L BD, suy ra BE la duong phan gidc cia g6¢ ngoai tai dinh B ; dp dung
tinh chat dudng phan gidc clia géc ngoai, ta cd :

EC_BC, ~BC _BC
EA BA Y EC+AC BA
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23.

Goi x 12 d0 dai doan thing EC, ta c6 : —~ =%v;‘1tfnh duge x = 30.

X + 15

Vay EC = 30 (cm).

(h. 61). a) Tuong ty nhu bai 21, tinh dugc A
BC = 20 (cm).
16

BD = g ~8,57 (cm) ; 12

CD=§79~11,43(0m). B HD c
b) AH . BC = AB . AC (cling bing hai ldn Hinh 61
dién tich AABC)
o Ag-ABAC 1216 .o

20
CH?>=AC? - AH? = 162 - 9,6% = 163,84 = CH = 12,8 (cm) ;
HD=CH-CD=12,8-11,43=137 (cm);
AD? = AH? + HD? = 9.6% + 1,37° = 94,0369 = AD ~ 9,70 (cm).
(h. 62). a) Theo gia thiét a < b, nén dé
thdy BD < DC. Tit d6 suy ra D nim A
giita B va M.
AABC vuong 6 A, dodétacé: a 4
BC? = AB? + AC? =2 + b?

BC = vaZ + b2,

Hinh 62
Dat gié tri Va? + b2 = ¢,

AD 12 duong phan gidc,dodétacéd:
BD=AB::> BD _ AB h BD a
DC AC DC+BD AC+ AB
BC.a a.c
a+b=a+b'

b M

suy ra BD =

DC=BC-_BD=c- 2¢ _ b
a+b a+b
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AM=lpc=1c
2 2

DM =BM — BD = lc _ac _ (b—a).c.

2 a+b 2a+b)
b) Vé6i a = 4,15cm, b = 7,25cm diung may tinh CASIO fx-220 hoac fx-50QA dé
dang tinh duoc :
BC = 8,35 (cm), BD = 3,04 (cm), DC = 5,31 (cm), AM = 4,18 (cm),
DM = 1,14 (cm).

Bai tap bd sung
3.1. 1) Chon (B) ; 2) Chon (O).
3.2. Vi ABCD Iz hinh binh hanh nén ABC = ADC. Mat khic, BE va DF lan ot
12 phan gidc cia cic géc B va D, do d6 suy ra ADF = CBE.
Mat khic,tac6 AD=CB=b;
DAF = BCE (so le trong).
Suy ra : AADF = ACBE (g.c.g) = AF = CE.
bat AF=CE =x.
Theo tinh chat cia dudng phan gidc BE trong tam gidc ABC, ta c6 :
AB AE AF +FE
BC CE  CE
AC=2x+m= " 4y -Mm@+b)
a-b a-b
Thay s6, tinh trén may tinh dién tr cAm tay duoc :

_3,45(12,5 + 7,25)
AC = 12,5-17,25

X+m mb

X =—r

a-b’

a_
- =

~ 12,98 (cm).

§4. Khai niém hai tam giac dong dang

25, AA'B'C'«» AABC (theo ti s6 k), do d6 ta ¢4 :
A‘B‘ _ B'Cl _ C‘AI _

= = k.
AB BC CA
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Ap dung tinh chét cta day ti s6 bing nhau, ta ¢6 :
AB'+ BC'+ CA’ =k, vay chu vi chia AA'B'C _
AB + BC + CA " chuvicia AABC
26. Khi hai tam gidc d6ng dang v6i nhau thi canh nho nhét cla tam gidc nay sé
tuong tng véi canh nhé nhit cia tam gisc kia.
Theo ddu bai ta cdé A'B' = 4,5cm.
A'B' _ B'C _ CA' hay 4,5 _ B'C _ CA' .
AB BC CA 3 5 7
Tinh duge B'C' =7,5¢cm, C'A' = 10,5cm.
AB _ BC _ CA
BC CA

k.

Tacod:

27. a) AAB'C «» AABC, do d6 hay

AB BC _ CA'
16,2 243 32,7
Thay A'B' = 16,2 + 10,8 = 27 (cm), tinh duge B'C' = 40,5cm, CA' = 54,5cm.

b) Thay AB = 162 - 54 = 10,8 (cm), tinh duwgc B'C’ = 16,2cm,
CA'=21,8cm.
28. (h. 63). Ching minh ba tam gisc ADE, ABE, A B
BEC béng nhau réi suy ra ching d6ng dang
vé1 nhau timg d6i mot.

AADE «» AEBA «-»ABEC.
D i e -+ C
Hinh 63
Bai tap bé sung
4.1. Chon (C).
§5. Trudng hop dong dang thir nhat {(c.c.c)
29. a) Hai tam gidc dong dang vdi nhau, vi :;9 = —15—% = % (cung bang 5).
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b) Hai tam gi4c khong d6ng dang véi nhau, vi »:91 # %
5

] —

293
—

c) Hai tam gidc d6ng dang v6i nhau, vi =
uyén BC = 10cm va canh géc

N |
=N

30. Ap dung dinh li Py-ta-go tinh dugc canh
vudng A'C' = 12cm. Tirdé ta ¢6 :
CA . . .
AB = BC = (vi cdc ti s6 ndy déu bang 2 ).
A'B' B'C C'A' 3
Vay AABCw AA'BC.

31. (h. 64). Goi O 1a giao difm cha ba A
dudmng trung tuyén ; P, Q, R thd tr 12
trung diém cia cdc doan thang OA, OB,

A\
PQ, QR, RP thit tir 1a dudng trung binh N

cla cic tam gidc OAB, OBC, OCA do g

O

do, tacod:
=—AB ;QR=—-BC ;RP=—-AC.
PQ 2 Q 2 2
T&détﬂCé‘ﬂzl ; %_‘:_1_;511:1‘
AB 2 B 2 A 2

Suyra:PQ:QR:RP=—1-.
AB BC CA 2

Vay APQR ¢»> AABC theo trrdng hop ddng dang thit nhét (c.c.c) vai ti s6 déng

1
dang k= —.
ang 5

32. (h. 65). Ba dudng cao AD, BE, CF cit

nhau tai diém H, ta ¢6 H 12 tryc tAm N
cha tam gidc ABC. K N\E
Goi K, M, N thit tt 12 trung diém ciia F
AH, BH vA CH. KM, MN va NK th t
12 c4c dudng trung binh cua cic tam
gisc HAB, HBC va HCA. M N
8 l; c
Hinh 65
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33.

., KM 1 MN 1 NK 1

Dodé: —=—, — ==, — = —.

AB 2 BC 2 CA 2
Suyra:KMzMN=NK=l

AB BC CA 2
Vay AKMN o» AABC theo trudmg hgp déng dang thd nhit (c.c.c) véi ti s6

d6ng dang k = %

(h. 66). A
a) PQ, QR va RP ldn luot 13 dudng
trung binh cia tam gidc OAB, OBC va
OCA.Dodétach:
PQ='LAB, QR = ~BC, N
2 2
1 Q R
RP = -2—CA. B c
PQ QR _RP 1 Hinh 66

T dbétachd:

B BC CA 2’
Vay APQR > AABC (trudng hgp déng dang thd nhdt c.c.c) véi ti s6 déng
dang k = L

. 2 .

b) Goi p' 12 chu vi clia tam gidc PQR. Ta cé:

p_.:l(:l
P 2
A
= p'z%p:%.543=271,5 (cm).

Cach 1 (h. 67)

— Dung céc diém M, N tht tr trén c4c canh

ABva ACsaocho: M N
AM 2 AN 2 / \
AB 3 AC 3 B

— V& doan thing MN.

(o
Hinh 67

—Ta c6 AAMN > AABC theo i 56 ddng dang k =

wN
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Bai

Chitng minh :
Theo céch dung ta cé AM _ AN (vi cung bang 2 ).
AB AC 3

Theo dinh Ii Ta-lét dao ta ¢c6 MN // BC. Tix d6 suy ra AAMN «» AABC va ti
s6 dong dang k = AM _ 3
AB 3

Cdch 2 (h. 68)
Ldy mot diém O b4t ki bén trong tam gidc
ABC. N6i OA, OB, OC. Trén OA, OB, OC
thi oy 14y cdc di€m P, Q, R sao cho
Op _2.0Q_2 OR_2

> > e (o)
OA 3 OB 3 OC 3 Q

Ta c¢6 APQR ¢» AABC theo ti s6 dong dang B ¢

k= 2 Hinh 68
3
Chimg minh :
Theo cdch dung, ta cé
OP = 0Q = OR (vi cing bing z).
OA OB OC 3
Theo dinh 1i Ta-1ét ddo, ta c6 :
PQ//AB; QR //BC;RP// AC.

Tﬁdésuyraﬁ=z;gg:g;gzgvédodétacé
AB 3 BC 3 CA -3
PQ QR RP
AB BC CA
V@APQRU)AABC‘,k:%.
tap bé sung

S.1.a)Dung; b)Sai; c¢)Sai; d)buing.

5.2.

116

a) Theo gia thiét D, E, F 14n luot 12 trung di€m cha cdc canh AB, BC va CA
nén DE, EF, FD li cic dudng trung binh cta tam gidc ABC. Do do, ta c6 :
1 1

1
DE = EAC’ EF = EAB’ FD = EBC 1)



Mit khic, M 1a trung diém clia OA, P la
trung diém cha OB, Q 1a trung diém cta OC,
xét cic tam gidc OAB, OBC, OCA, ta ciing
co:

1 1

1
MP = EAB’ PQ = EBC’ OM = -Z—AC. 2)

Tir cdc dang thiic (1) va (2), ta suy ra :

DE =QM, EF = MP, FD = PQ.

Dodotacé: Hinh bs.10
DE _EF _FD_
QM MP PQ

Vay ADEF > AQMP theo ti s6 d6ng dang k = 1, trong d6 D, E, F 14n lugt

tuong ung véi céc_ dinh Q, M, P:

b) Luc gidc DPEQFM c6 cédc cip canh d6i bang nhau timg doi mot :

1.

DP = QF (vi bing %OA) :

PE = MF (vi bing %oc’)";

EQ =MD (vi bang %OB) ;

Luc gidc DPEQFM c6 6 canh bing nhau chi khi DP = PE = EQ.
Muén vy, ta phai c6 OA = OB = OC, khi d6 O 1a diém cich déu ba diém A,
B, C. Vay O 1a giao di€m ctia ba duding trung tryc tam gidc ABC.

§6. Trudng hgp dong dang thit hai (c.g.c)

35. (h. 69) Xét hai tam gidc ABC va ANM

tacé: A

AM 10 2 8

Aav_V_=2 12 15

AC 15 3 10 N

AN 8 2 4

AB 12 3 "

AM AN B c
suyra ——=——. (1) Hinh 69

AC AB



37.
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Mit khic, géc xen gilta cdc canh tuong \ing trén 12 géc A chung.
Vay AABC «» AANM (c.g.c).
AB _ BC hay R_18 => MN= 8.18 _ 12 (cm).
NM 8 MN 12
(h. 70) Xét hai tam giéc ABD v BDC : AB // CD do 46 ABD = BDC (hai
gbc so le trong)

T d6, ta c6 :

A 4 B
AB _4 1 7
BD 8 2°
BD_8 1
DC 16 2

D 5 c
su aAB—BB(ﬁn ba 1)
Y™ 3p - Dc ‘e PanE o) Hinh 70

Vay AABD > ABDC (c.g.c), ti d6 suy ra c4c géc twrong ing bing nhau, cic
canh twong img i 1& :
B = , —— = — => BC=2AD.
AD = DBC BC "3 = 2.AD
(h. 71)
a) Dung géc XA’y = A = 60°.

Trén A'x v A'y theo thit ty 14y cac diém B', C'
sao cho

A'B" 1 1
——— =—(hay AB'= -AB =2 (cm
B3 (hay 3 (cm))
A'C | 1
——— = — (hay A'C' = —=AC =3 (cm)).
AC -3 (hay 3 (cm))
. . 5 Hinh 71
Tam gidc A'B'C' 12 tam giac phai dung.
Chitng minh :
Theo cach dung ta cé : AE: Zem :l ; ‘ H
AB 6cm 3
AC 3cm 1
— = == 2)
AC 9¢m 3
A=A
Suy ra % = %- vi A = A. Vay AAB'C v» AABC (tnsdmg hop thit hai).



b) C6 r4t nhi€u cich dung khic nhau, sau day 12 mot vai cadch dimg don gian
(h. 72).

38. (h. 73). Xét hai tam gidic ADB va

ABC ta cé A 5

AD 5 1 p 2

FCEET R 10

AB 10 2

AB _10 1

AC 20 2 B c
suy ra 2 = AE Hinh 73

AB AC .

Hai tam gidc ABC va ADB c6 géc A chung (1a géc xen giita hai canh twong
img), vaiy AABC ¢» AABD. Tir ddy suy ra cic géc twong dng ciia ching bang
nhau, tic 1a ABD = ACB.

Bai tap b8 sung

6.1. Chon (B).

6.2. 2) Vi ABCD 12 hinh binh hanh va E 1a A D
trung diém cta AO (vi BE 13 trung E
tuyén clia tam gidc ABO) nén ta ¢6 :

H
AO = CO = %AC ;

AE = %AO. Hinh bs.11
Mat khic, theo gid thi€t AC = 2AB nen dé thdy AB = AO va do 46
1

AE = EAB'
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Xét hai tam gidc AEB va ABC, tacé:
PN AE AB 1
Goéc A chung,ﬁ—ﬁ— 5
Vay AAEB v AABC (c.g.c). Tir d6 suy ra hai géc tuong ing bing nhau
ABE ACB (dpcm).

b) Theo ching minh & cau a) AAEB «» AABC theo ti s6 k = 1 nén dé thay

2
BE = %BC hay BE = BM. Suy ra ABEM can tai B. Xét tam gidc EBC c6 :
BE OE 1

BC-OC 2 Suy ra OB la dudng phan gidc géc EBC. BO la phan gidc

g6c & dinh ciia tam gidc can BEM nén BO (hay BD) vuéng géc vdi canh déy
EM (dpcm).

§7. Trudng hgp dong dang thi ba (g.g)

39.

120

Cdch I (h.74)
Xét AADE va ACBF, tacé :

A =C (hai géc d6i dien clia hinh
binh hanh thi bing nhau) ; A E B

AE = CF (vi cing bing %AB) ;

AD = CB (hai canh d6i dién cha hinh

binh hanh).

Vay AADE = ACBF (c.g.c). D F C
Suy ra AADE ¢ ACBF. Hinh 74

Cdch 2.

DEBF fa hinh binh hanh (vi ¢6 BE, DF song song va bing nhau), suy ra
DE // BE.

Tirdétacé: AED = ABF (hai géc dng vi) )
ABF = BFC (hai géc so le trong). 2)

Tir (1) va (2) suy ra AED = BFC.
Mit khidc, A = C (hai géc d6i dién cuia hinh binh hanh).
Vay AADE > ACBF (g.g).



40. (h. 75). a) C6 nam tam gidc vudng dong A

41.

42.

dang v&i nhau timg d6i mot theo K
trudng hop thit ba (g.g) d6 la : AABC,
AHAC, AHBA, AKAH va AKHC.

b) Nam tam gidc trén day da dugc viét
theo céc dinh tuong tng.

(h. 76). a) ABD = BDC (hai géc so le
trong), DAB = DBC (gt).

Vay AADB «» ABCD (g.g).

.AB _AD BD 3,5

Hinh 75

Hinh 76

¢) VE hinh thang ABCD
— Buéc 1 : VE tam gidc ABD theo 46 dai cho trirée cia méi canh.

— Buége 2 : L4y B lam tAm, quay cung tron c6 bén kinh 7c¢m, réi 14y D lam
thm quay cung trdon c6 ban kinh 10cm, hai cung ndy cét nhau tai diém C
(khic phia véi A so v6i BD).

(h. 77). BE 12 duong phan gidc cia AABD A
(tai dinh B), dod6tacé : E
FD BD
= (D
FA BA
BE la dudng phan gidc cua AABC (tai B D ©
dinh B) dod6tacé: Hinh 77
EA BA
— T - (2)
EC BC

ADBA ¢ AABC (vi A = D = 1v vacé géc B chung), do d6 ta lai c6 :
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DB _BA

= —. 3
AB BC ©)
FD EA
Tu (1), (2), 3) su —_— = —,
ONVINE)) Yl'aFA EC
43. (h. 78). a) Chimg minh AABD » AA'BD' (g.g) r6i suy ra AD = A'B = k.
AD AB
b) Chitng minh AABM » AA'B'M' (c.g.c) réi suy ra AM = AB = k.
AM AB
A
A
B D M B D'M c

Hinh 78

Bai tap bd sung
7.1. Chon (D).

7.2. Theo glé thi€t ABCD 14 hinh thang vudng va AB // CD, BD L BC nén ta c6 :
DAB = CBD = lv, ABD = BDC (so le trong).

Do d6 : AABD «» ABDC. "’: B

AB AD BD
Suyra: g5 = BC - DO ) 4 n
Xét tam giac vudng DBC, theo dinh li
Py-ta-go, ta c6:

D
DC = vBD? + BC? = Jm? + n2. Hink bs.12
Tir day ti 1& thite (1), tinh duogc :
2 2
AB:?)DC - m ;AD:B(SBD= mn__
\/1112 +n’ C \/ m? +n?
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Véim =7,25cm, n = 10,75¢cm, ta tinh duoc :
DC=12,97cm ; AB = 4,05cm ; AD = 6,0lcm.

§8. Cac trudng hgp déng dang cua tam giac vuéng

44. (h. 79). Hai tam giic vuéng ABC vA s
MDC ¢6 géc nhon C chung nén ching
d6ng dang véi nhan.
Dodétacé:
AC _ BC
MC DC’
suy ra b A--l c
y Hinh 79
BC.MC 24.12
CD = = =32 (cm).
AC (om) L TR
45. (h. 80). Xét hai tam giic vuébng ABE va DEC : 8l
DE=AD-AE =17 -8 =9 (cm).
17| E
Tudétacs: 20 ~AE [0 381
DE DC 9 12
Vay AABE o ADEC. , | .
Dodé: AEB = DCE ; ) D ¢
——— — H\
ABE = DEC. ) inh 80
Tu (1) va(2)suyra:
AEB + DEC = 90° nén BEC = 90°.
46. (h. 81) Xét hai tam gi4c vudng ABC va CDB
c6: 8 9 D/ X
AC BC{({ _4 6
— = | Vi-=—.
CB DB 6 9 6
Suy ra AABC «» ACDB va do d6 c6 cic géc
tuong dng bang nhau : A 4
CBD = ACB. Hinh 81

Vay BD // AC (vi ¢6 hai géc so le trong bang nhau).
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47. Trén hinh 82 ¢6 bon tam gidc vudng dbng A
dang véi nhau timg d6i mot, vi ching c6 cic
cap géc nhon tuong ing bing nhau. N

b6 la : AABC, ANMC, AHBA, AHAC

(bon tam gidc trén d3 dugc viét theo cic B

dinh tuong tng). H M
48. (h. 83). Xét hai tam gidc vuéng HBA va HAC Hinh 82
BAH + HAC = 1v ; (1) A
HCA + HAC = Iv. )
Tur (1) va (2) suy ra 1'31?{:1’&&, va cb
AHBA «» AHAC. 8

o B2 _AH - BHCH.
AH CH Hinh 83

49. (h. 84). Gia sit AABC vuéng 6 A, c6 dudng

p A
cao AH va BH = 9cm, CH = 16cm. Ap
dung két qua bai 48, ta c6 :
HA? = HBHC=9.16 = 144.
Tinh dugc HA = 12 (cm). 9 16
Lién ti€p dp dung dinh I{ Py-ta-go vao céc B H
tam gi4c vuéng HBA, HAC tinh duoc : Hinh 84

AB? = HB? + HA? = 9% + 122 = 225 = AB=15 (cm);
AC? = HC? + HA? = 16% + 122 = 400 = AC =20 (cm) ;
BC=BH+CH=9+ 16 =25 (cm).

50. (h. 85). Ap dung két qua bai todn 48, ta c6 :

A
AH’=BH.CH=4.9=36
= AH=6(cm). Tacé BC =13 (cm).
Cdch 1.
B
1 1 6.13 2 H M
SABM = 2SABC = ) . —'—2 = 19,5 (Cm) Hink 85

SamM = SaBM — SrAH = 19,5»%.4.6 =17,5 (cm?).
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Cach 2. BM = % =6,5 (cm) ;

HM=6,5-4=2,5 (cm).

Vay Spum = %AH.HM = %.6.2,5 =75 (cm?).

Bai tap bé sung

8.1. Chon (C).
8.2. Xét hai tam gidc ABC va HBA, tacé :

ﬁﬁ::ﬁ:lv;

B I g6c nhon chung. B H C
Vay AABC v» AHBA. Hinh bs.13

AB_AC _BC  m _AC_BKC
HB  HA BA HB T m

Suyra:

= AC'= , BC =

5 .-
=%

Xét tam giac vuéng ABH, ta ¢6 :

HB = VAB? — AH? = Vym? - n.

m.n m2

Trdo, tac6: AC = ————— ;: BC = ——.
* m? —n? m? —n?-
Véim = 12,5cm, n= 10,85cm, ta tinh dugc :

AC~21,85cm ; BC=25,17cm.

8.3. a) Xét hai tam gidc vuong ABH va CAH c6
ABH = CAH (vi cung phu véi goc EXB).
Do 46 AABH > ACAH (g.g).
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On tap chuong NI

S1.

126

Suyrai oy = AR

= AH? = BH.CH = 4.9 o
= AH = /4.9 = 6 (cm). >

Mat khac, HD | AB va HE 1L ACnén
ADHE 1 hinh chit nhat. B M H N C

Suy ra : DE = AH = 6 (cm). Hinh bs.14

b) Xét tam gidc MDH c6 MDH = MHD (vi cling bang gbc vudng trir di gbe
bang nhau ODH = 6!?D)-

Suy ra tam gidc MDH can ta1 M, do d6 MD = MH. @)
Vi BHD la tam giic vuéng tai D nén MD = BM.

Vay M la trung diém cha BH.

Tuong ty, ta ciing c6 N 13 trung diém ctia CH.

c) Theo chitng minh trén ta c6:

1 1
DM—MH-EBH—E

1 1
EN=NH=—2-CH:~2—.9=4,5 (cm) ;

DE = AH = 6 (cm).
DENM 12 hinh thang vuéng, do d6 dién tich coa né 1 :

4 =2 (cm);

SpenM = %(DM +EN)DE = %(2 +4,5)6 = 19,5 (cm?).

(h. 86). a) V& tia Ax khong
chifa cdc canh AB va AC.

Trén AXx, 14y cic diém E, F sao
cho AE = 2 (don vi dai), EF =3
(don vi dai).

~ V& dudng thing qua F, B. Hinh 86



52.

— V& dudng thing qua E va song song véi FB, dudng thang nay cit AB tai M.
— V& dudmg thang qua F, C.
~ V& dudng thang qua E va song song v&i FC, dudng thang nay cat AC tai N.
Ap dung dinh 1i Ta-1ét (thuan), ta c6
AM AE 2 AN AE 2
MB EF 3 NC EF 3
Vay M, N 1A c4c diém phai tim.
b) Tir k&t qua & chu a) ta cb ;:I—L]: = ;—ﬁ (vi ciing bang %).
Ap dung dinh I{ dao ctia dinh I{ Ta-1ét, ta c6 MN // BC.
¢) Vi MN // BC, suy ra AAMN o> AABC (theo dinh If trong §4), véi ti s6 d6ng

dang k = é'M~: 2
AB 5
Goi P va S'1a chu vi va dién tich clta tam gide AMN, ta c6:
P 2p 2y
P 5 5 A
, 2
S_oe-[2) et s
S 5 25

B
(h. 87). a) Xét AABO va ADCO, tacé :
EAE = ]‘?;]3?3 (gt); 2 1

AOB = DOC (hai géc d6i dinh).
Suy ra AABO «> ADCO (g.g). Hinh 87
b) AABO «» ADCO, suy ra

Bi = C; (hai géc tuong tng). (1)
Talaicé6:

Ca + C) = 90° (gf) @)
Dy +B1 =90° (vi A =90%.  (3)
Tir cdc ding thitc (1), (2), (3) suy ra Ca = D».
Mat khéc, ta c6 : BOC = AOD (d6i dinh). Vay ABCO v AADO (g.g).
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53.

54.

128

(h. 88). a) AB // CD = ABH = BDC (hai

a=12 B
gdc so le trong)
AAHB «» ABCD (g.g).
b) AAHB «» ABCD b=9
H
E:“@_:AHzBC.AB=a.b. |
BC BD BD BD D c
Hinh 88

Ap dung dinh li Py-ta-go, ta c6

BD’ = AD? + AB? = a2+ b® = 122 + 9% = 225 suy ra BD = 4225 = 15.

Ta tinh dwoc AH = 22 =12:2 _ 75 (cm).
BD 15

¢) AAHB «»» ABCD theo ti s6 k = AH =-7—'~2—.

BC 9

Goi S va §' 14n luot 12 dién tich clia tam gidc BCD va AHB, tac6:

' 2 2
S_k= 1—2] 8= [7—3 54 =34,56 (cm?).
S 9 9 v

(h. 89). a) Tuong tu chitng minh nhu & cAu a) bai 52, tacé :
AAOB «» ADOC (g.g).
b) Tir két qua cau a), suy ra
A0 _o8B
DO OC
Talaicé: AOD = BOC (d6i dinh). )
Tu (1) va (2) suy ra AAOD «» ABOC (c.g.c).

1

¢) AAOD v ABOC = ADB = BCA. A
Hai tam gidc EDB va ECA lai c6 goc E chung.
Suy ra : AEDB »» AECA.

. ED EB
TaCO.'Ez*E-‘X = EA .ED=EB.EC. Hinh 89



55.

56.

57.

(h. 90). Tam gidc AFH va tam gidc CDH la A

hai tam gidc vuong va cé AHF = CHD vi E

12 hai géc d6i dinh. B

H

Tir d6 ta c6 : AAFH «» ACDH (g.g).

Suy ra: AR = FH B D C
CH DH

= AH.DH=CH.FH. (1) Hinh 90

Tuwong tu ta c6 : ABFH «» ACEH.
B

Suyra:—Hsz:BH.EH=CH.FH. 2)
CH EH

Tir(1)va(2)ysuyra: AH.DH=BH.EH=CH.FH.
(h. 91). V& thém doan thang MK.

A
Xét hai tam gidc ACP va KMP, ta c6 :
MP KP !
—— =—— (viclung bang —); M
cp _ ap Veungbing )
. s P
KPM = APC (hai géc d6i dinh). 5 .
K
Vay AACPw» AKMP (c.g.c).
KM MP KP i Hinh 91
Suyra: ——=—=—-=—
AC CP AP 2
= KM= %AC. (1)
Ta lai c6 PKM = PAC (hai géc twong ting) = MK // AC. )

Tir (1) va (2) suy ra MK 13 dudng trung binh cua tam gidc ABC.
Vay AK va CM 14 hai trung tuyén cta tam gidc ABC.

a) Xét truong hop B la géc nhon (h. 92) A B
ta co:

AAND«> AABM (g.g).
Suy ra :

AM  AB AM AB D N c

— =

© VBT Todn 8 129



58.

59.

AM AN
i AD = CB) hay —— = —. 1
(vi ) hay A - BC (1)

Mait khic ta lai ¢6 : MAN = ABC (cung phu véi WM). )
Tu (1) va (2) suy ra AMAN «» AABC (c.g.c).

b) Trromg hop B 13 géc tit (h. 93).
Cach chimg minh tuong tu : / }
AAND «» AAMB (g.g). A -8
AM _ AB_BA

Suyra: — = =
AN AD BC

MAN=,A"BE (cung bu véi BE). --
Do d6 AMAN o> AABC (c.g.c).
(h.94). VE BG L AC.
AABG «» AACE (g.g)
AB _AG
AC AE
= AB.AE=AC.AG 1)

AF // BC = GCB = CAF (so le
trong). .

Tudétachd:

Hinh 93

Hinh 94
ACBG «»n» AACF (g.g) = £=A—C
CG CB

= BC.AF=AC.CG. 2)

Cong cic v€ tuong ung cia (1) va (2), tacé :
AB . AE + BC. AF = AC(AG + CG). A

Vi AG + GC = AC, do d6 suy ra E
AB. AE + BC. AF= AC.

(h. 95). Hai tam gidc ADC va BEC la
hai tam gidc vudng c6 goéc C chung, do
d6 chiing d6ng dang véi nhau :

AADC < ABEC (g.g). Hinh 95




60.

Trdésuyra:
AD=AC=DC:AC=E.
BE BC EC DC EC
Mit khéc, AABC va ADEC lai ¢6 géc C chung. )
Vay ADEC «» AABC (c.g.c).

(h. 96). AK //PE= TM _ FQ
FE FP

(1)

(1)

FQ FP . . .. AF
CL/PF= ——=— cing bing —
U o ¢ (Victngbing )

L
F LO 1
Lo Y @
Fp CL 3
FM 1
Te(DHva@R)suyra — = —
(1) va (2) suy FE -3

=>FM=§—FE.

1
Tuong tu, ta ciing c6 EN = 3 EF va do d6 suy ra MN = %EF.
Viy FM = MN = NE.

Chuong IV
HINH LANG TRU DPUNG. HINH CHOP PEU

- -
DE BAI
A. HINH LANG TRU BUNG .
§1. Hinh hép chir nhat
1. Dién thém vho ché tréng (...) :
a) Tén goi cuia hinh 97... e - -
b) Hinh nay ¢6 ... canh a

c) Hinh nay ¢6 ... mat
d) Hinh nay c6 ... dinh. Hinh 97
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Xem hinh 98. Hiy

a) Goi t&n cic mat phang chia dudng
thang PR.

b) Goi tén mit phang chiia dudng thing PR
nhung chua thay r6 trén hinh vé.

c) Goi tén mat phang cling chia cac dudng
thing PQ va MV.

ABCD.A,B,C,D, 12 mét hinh hép chit nhat
(h. 99).

a) Néu O 1a trung diém clia doan A B thi O
c6 1a diém thuoc doan AB, hay khong ?

b) K 1a diém thuoc canh BC, liéu K c6 thé
12 diém thugc canh DD, hay khéng ?

Cho hinh hop chit nhat ABCD.A,B,C,D,
(h. 99). V& mot duong chéo cua mat
DCC,D,. Liéu dudng chéo nay c6 cit cic
dudng thing DC, D,C, DD, hay khéng ?

Quan sat hinh vé 100 va dién D (ddng)
hoac S (sai1) vao 6 vudng.

a) B, C la cic diém nam trong mat phang
(P) L]
b) Mt phang (P) chifa dudng thing AB [_]
¢) Duong thing / cit AB&diémB [ |
d) A, B, C 13 ba diém cting nam
trén mot mat phang I:l
e) B, Fva D la ba diém thing hang ||
f) B, C. E va D 12 bén diém cling nim

trén mot mat phang. EI

U
——————— - -/R
Q
Hinh 98
B K ¢
21
7
]
A .
0d | D
’
S T Sy
/1,
2
A1 D1
Hinh 99
! A
B
, G
[
/e
Hinh 100



§2. Hinh hép chif nhat (tiép)

6.

Chon két qua diing trong cdc phét biéu
duéi day : B c

Hinh hop chit nhat (h. 101) cé s6 cap

mat song song 1a : A i T

(A2 ; (B)3; B L,
(©) 4; (D) 6.

Tim trén hinh hop chi nhat Ar D4
ABCD.AB,C\D; (h. 101) mét vi du Hinh 101

cu thé d€ chimg t6 cdc ménh dé sau
day la sai :

a) Néu mét dudng thing cat mét trong hai dudmg thang song song thi ciing
cit dudng thing kia.

b) Hai dudng thang song song khi chiing khéng c6 diém chung.

Quan sat hinh hdp chit nhat (h. 102).

a) Cic cap mat phing nao song song
v6i nhau ?

b) Cic diém D, H, G va C c6 cing thudc
mot mat phing hay khong ? ,
¢) Cic diém D, H, G va F cé cung thuéc
mot mit phang hay khong ? Hinh 102

d) Cau hoi tvong tu nhu cau b), ¢) d6i

véi cic diém A, B, G va H.

Tim dién tich toan phdn cua hinh hop

chit nhat theo cic kich thuéc cho @ Dy 6om Cy
hinh 103, \

3cm
A B

P mm e mm - a ——— =

4 4cm

Hinh 103
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10.

11.

12.

ABCD.A[Blchl 1a mOt hinh lap phu'o‘ng
(h. 104).

a) Khi ta n6i A véi C; va B v6i Dy thi hai
dudng thing AC, vad BD, c6 cit nhau hay
khéng ?

b) AC; va A |C c6 cit nhau hay khong ?

c) Cau héi twong tu nhu cau b) véi BD,
Vé AIA.

(h. 105). '

a) Dudng thidng A;B, song song véi nhiing
mit phing nio ?

b) Liéu dudng thing AC c6 song song véi mat
phing (A,C,B,) hay khong ?

Tim trén hinh hép chit nhat ABCD.A;B,C,D,
(h. 106) mot vi du cu thé d€ chimg td phat
biéu sau day 12 sai :

Hai duong thing nim trong hai mat phing
song song thi song song v4i nhau.

§3. Thé tich cha hinh hép chif nhat

Rl R
@]

A D
BT BN
Aq D4
Hinh 104
By Ci
A ]
1 i D1
]
1
]
t
e o] e
B ¢
A D
Hinh 105
D4 Cq
[}
1
1
i B4
:
JLo S N c
B
Hinh 106

13. Khi gdp va din hinh du6i day (h. 107), hinh no tao thanh hinh lap phuong ?

134

Hay dién "c6", "khong" vao chd tréng (...).

LI [T 11

a) b)

Hinh 107

c)



14. Tim s6 hinh lap phuong don vi (hinh lap phuong cé canh la 1) & cdc hinh
108a) va b).

S S S S :
S S !
[ LS LN / 12 ;
97% Y/
94
/1
4 5
a) :)

Hinh 108

15. T mot doan day thép ngan hon 1,5m, liéu ngudi ta cé thé tao ra dugc mot cdi
khung hinh 1ap phuong cé canh la 1dm dugc hay khéng ? (doan day thép dé
nguyén, khéng cat).

16. Quan sit hinh hop chit nhat (h. 109) va tra i H
céc cau hoi sau :

a) Ba dudng thing nio cit nhau tai diém G ? E
b) Hai mat phing ndo cit nhau theo dudng o ——_Jc
thﬁng FB? /
) Mat phing (EFBA) va mat phing (FGCB) ;
cit nhau theo dudng thing nio ? A B

G

Hinh 109

17. Canh cia hinh 13p phuong bing V2 (h. 110). i
Nhu vay d6 dai doan AC,; 1a: v

(A)2 ; (B) 246 ;

© V6 ; (D) 2V2. 2
Két qua nao trén day 1a diing ?

’} ______ " C1

Hinh 110
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18. Mot hinh hép chir nhat ¢6 céac kich
thude nhu hinh 111.

20cm
Dé x&p kin hinh hop di cho bang ——
nhimg hinh hop chit nhat ¢6 céc .
kich thu6c dai 8cm, rong 6cm, cao 7 foem
4cm thi s6 hinh hop c¢4n phéi c6 12 : /
(B) 100 ; Hinh 111
(C)50;
(D) 25.

Két qua nao trén day 1a ding ?

19. Hiy giai thich vi sao : DE cot ditng thang hoac khi 1am d€ clia chan ban,
ngudi ta lai néo cdi coc, ddng méng chan ban nhy hinh 112 ?

T

Hinh 112

20. Tu mot to gidy hinh vuéng kich thuée
3 x 3 liéu c6 thé gap dé tao thanh mot D ¢
hinh 1ap phuong don vi hay khong ? !
(c6 thé 1am nip roi) A : By
21, Tim trén hinh hop chit nhat 1 /:
ABCD . A,B,C,D, (h. 113) mot vi du P c
cu thé d€ chimg td ménh dé sau 12 sai : e
Hai duong thang ciing vudng géc véi
mot dudng thang thit ba thi song song Hinh 113
véi nhau.
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22.

23.

24.

Cac kich thuéc cia mot hinh hép chit nhat nhu & hinh 114, do dai doan
AC, la:

Gy
30cm ’,/' i
------------- :,r—’:--———-—-l\
40cm o N
A 120cm
Hinh 114

(A) 190cm ; (B) 150cm ; (C) 130cm ; (D) 109¢m.
Hay chon két qua ding.
Quan sét hinh 115 va dién vao chd tréng (...) H‘\ G
k&t qua bang s6 : ) AN
a) Néu AB = 8cm va AD = 6cm thi DB = ... ol —
va néu HD = 5cm thi HB = ... Dh___\_\___"__ c
b) Néu AB = [2cm va AD = 8cm thi DB = ... RN
va néu HD = 9cm thi HB = ... A2 -

Hinh 115

Trong céc hinh duéi day (h. 116), mbi hinh gém bao nhiéu don vi dién tich va
bao nhiéu don vi thé tich (méi hinh nho 12 mot hinh 1ap phuong don vi).

a) b)

¢

Hinh 116
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25. Cho céc hinh lang try ding véi cic kich thide nhu & cdc hinh 117a), b), ¢).

10
13/ 1 \13
\ i I
) ) T
< o
: 9 1 1
] 5 E ----- :‘ 20
7/ 4 12 20 \\
9 20
a) b) c)

Hinh 117

a) Hay tim dién tich xung quanh ciia méi hinh.
b) Hiy tim dién tich toan phin cia méi hinh.

§4. Hinh lang tru dimg
26. Trong cdc hinh sau day (h. 118), hinh v& nio bi€u dién mot hinh lang tru ding ?

@) (4)

(1) ‘a 2)
al‘_‘_ i A R

Hinh 118

A —
.

1

1

‘ﬂ
G

27. Mot lang tru ding, ddy la tam gidc thi lang tru d6 c6 :
(A) 6 mit, 9 canh, 5 dinh ;
(B) 5 mjt, 9 canh, 6 dinh ;
(C) 6 mat, 5 canh, 9 dinh ;
(D) 5 mit, 6 canh, 9 dinh.
Y nio & trén 1a diing ?
28. Hay cho biét :
a) Mot lang tru ddng c6 sdu mat thi ddy coa lang tru d6 1a hinh gi ?
b) M6t lang tru ding c6 tdm mat thi ddy cla lang tru d6 12 hinh gi ?
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29, Hinh 119 biéu dién mot lang tru dimg, ddy 12 tam
gidc. Trong c4c ph4t biéu sau, phdt biéu nao diing ?
(A) Cac canh bén AB va AD vuong géc véi nhau ; A
(B) C4c canh bén BE va EF vuong géc véi nhau ;
(C) Céc canh bén AC va DF vuong géc vdi nhau ;
(D) Céc canh ben AC va DF song song véi nhau ; SN
(E) Hai mat phing (ABC) va (DEF) song song D
v6i nhau ; Hinh 119
(G) Hai mat phang (ACFD) va (BCFE) song song
v@i nhau ;
(H) Hai mat phing (ABED) va (DEF) vuéng géc vdi nhau.

30. ABCD.XYHK 1a mot lang tru ddng, ddy la hinh
chir nhat (h. 120).

m

(@]

| PRI e —

/m

a) Quan sit hinh va chi ra nhimg cap mat phing
song song v4i nhau.

b) Nhiing cap mat phing nao vuéng géc véi nhau ?

¢) Hai mat (BCHY) va (KXYH) c6 vuéng géc vdi X
nhau hay khéng ?

Hinh 120

d) Sir dung ki hiéu // va 1 d€ dién vao cic 6 tréng &
bang sau :

Dudng thiang

Mt phing

(ABCD)

(XYHK)

(CDKH)
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31. Quan sit cac hinh khai trién &)
trén hinh 121 r6i cho biét : A B
Canh nao sé€ dugc ghép véi
canh AB dé cé6 duoc hinh 3
lang tru ding ? (St dung céc a\|® A
s6 cho trén hinh).

a) b)

Hinh 121

§5. Dién tich xung quanh cta hinh ling tru ding

32. Quan s4t cac hinh lang try ding trén hinh 122 réi dién s6 thich hgp vao céc 6
tréng & bang duéi day :

D A

a) b)
Hinh 122
Hinh lang tru f@fﬁi (.2:; Si:;m S5 f“h s6 i@nh
a)
b)

a) Viét cdc cong thitc lién hé gilta n, m, d, c.
b) Hinh lang tru ding c6 20 dinh thi ¢6 bao nhiéu mat, bao nhiéu canh ?
c) C6 thé 1am dugc mot hinh lang tru ditng cé 15 dinh hay khong ?
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33.

3.

3s.

Dién tich toan phén cia céi
tu tueong hinh lang tru ding
nhu & hinh 123 la bao
nhiéu ? (Tinh theo cac kich
thudc o hinh vé).

Ngudi ta cit mot khéi gd cé
dang mdt hinh 1ap phuong
nhu hinh 124 (cdt theo mit
(ACC;A)) va dugc hai lang
tru dimg).

a) Pdy cua lang tru ding
nhdn duoc 14 tam giic
vudng, tam gidc can, hay la
tam gidc déu ?

b) Cic mat bén cla moi
lang tru dimg nhan dugce co
phai tat ca déu 1a hinh
vuong hay khong ?

V& hinh khai trién (cit theo cic canh B,C,,
C,C, CB va C;A|, CA) cua lang tru ding, ddy
tam gidc, c6 céc kich thude cho nhir hinh 125

véia = 5cm, ¢ =4,2cm, h, = 4cm, h = 3,8cm.

Hinh 124
B1 A1
N, h
B A
a
C
Hinh 125

14]



36. Mot céi chin giy bing thuy tinh hinh ling trg
diing c6 c4c kich thuéc cho ¢ hinh 126. Dién
tich toan phan ctia né 1a :

£ » 840cm? ; (B) 620cm? ;
(C) 670cm?; (D) 580cm? ;
(E) 600cm>.
HAy chon két qua ding.

37. Pdy cha lang tny déng 12 mot hinh thang can

c6 cédc canh b = 11mm, a = 15mm va chiéu cao
hy = 7mm (h. 127).
Chiéu cao cua lang tru 1a h = 14mm.

Tinh dién tich xung quanh cta lang tru.

26cm

10cm

\g

Hinh 126

Hinh 127

38. Cho hinh hop chit nhat DE,BG;.HF,EG c6 dang nhu hinh 128.

Ngudi ta 14y cic trung diém A, C, I, F ciia cac canh tuong ung thudc ddy trén
va ddy dudi. Hinh DABC.HFEI nhé4n dugc 1a mot lang tru dimg, moét hinh hop

chit nhat, hay mét hinh 1ap phuong ?

E4 B
Al imdc
D G4

Hinh 128
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39. Mot lang tru ding luc gidc déu cé do dai canh ddy 1a 6¢m, chiéu cao cla lang
trt 13 10cm. Dién tich toan phén cua ling tru d6 1a (don vi cm?) :

(A) 180 + 54+/3 ;
(B) 180 + 1083 ;
(C) 360 + 54+/3 ;
(D) 360 + 10843 .

Hiy chon két qua ding.
§6. Thé tich cla hinh 13ing tru dimg

40. Hinh 129 12 mot cai 1éu & mot trai he, c6 dang mot lang try dimg kém theo
cac kich thuéc (xem bang).

Hinh 129

Sau day 12 ba kiéu dé hoc sinh lya chon

Kich thudc -
a (cm) h (cm) ¢ (cm) b (cm)
Kiéu
1 130 120 136 250
2 120 120 134 260
3 150 116 137 232

143




41.

42.

43.

144

a) Véi méi kiéu, hiy tinh thé tich ctia léu.

b) Tinh phdn dién tich cla léu nhan dugc dnh sdng tit Mat Troi (phin nay

gom hai hinh chit nhat va hai tam giic).

¢) V6i yeu cdu ndi trén, nén chon kiéu 1éu nao dé thé tich chia 1éu 16n nhat ?

Tim dién tich toan phan cta hinh lang try
dimg (theo cac kich thuéc da cho trén
hinh 130).

Dién tich toan phan hinh ling tru ding, tinh
theo cac kich thurde cho trén hinh 131 14 :

(A)228 ; (B) 240 ;
(C) 196 ; (D) 170 ;
(E) 210.

Hay chon két qua diing.

Quan sat hinh lang tru ding (h. 132). Cic
phét biéu sau day ding hay sai ?

a) Cic canh QM va MO vuéng géc vai
nhau.

b) MQ vuéng géc v6i QI (1 1 trung diém
cua PR).

E
A
D
3m
2

3

B 4m
Hinh 130

Hinh 131

Hinh 132



44. Thé tich hinh lang tru diing theo céc kich thudc & hinh 133 1a :
(A) 24m’ ; (B) 40m’ ;

(€) 120m> ; (D) 240m”.
K&t qua nao ding ?

<>
9> X

10m

Hinh 133 ' Hinh 134

45. Tinh gi4 tri cia x theo céc kich thudc cho trén hinh 134, biét thé tich hinh
lang tru dimg bing 15cm’.

46. Tinh thé tich (theo cic kich thudc) cia cdc hinh lang try ding sau day

(h. 135):
l
)
] 10 cm
] /‘\ 3cm
Jmmmm e, Y e =
L Z ‘/:In cm
el 15 cm
- 10 cm
10 cm
a) b)

Hinh 135

47. Tinh thé tich phdn khéng gian ctia ng6i nha ¢6 dang mot lang tru ding theo
céac kich thudc di cho ¢ hinh 136.

10- VBT Todn R/2_ 145



48.

49.

50.

146

Hinh 136
Lang tru difng c6 kich thuéc nhu & hinh

137 thi thé tich clia né Ia :

(A) 390cm’ ; (B) 360cm” ;
(C) 450cm’ ; (D) 420cm” ;
(E) 410cm’.

Chon két qua ding trong cic s6 trén.
Theo cdc kich thudc cua lang tru ding
d4y tam giac cho trén hinh 138 thi trong
cdc s6 sau :

(A) 48cm’ ; (B) 96cm” ;

(C) 192cm’ ; (D) 384cm’,

s6 nao 14 thé tich cilan6 ?

M6t nha kho c6 dang moét lang tru ding
nhu hinh 139 véi BC = ED = CD = 10 (m)
va DH = 20 (m), AB = AE. Chiéu cao tir
dinh A dén nép nha 12 15 (m).

Thé tich nha kho 12 (m®) :

(A) 1800 ; (B) 2000 ;
(C) 2500 ; (D) 2200 ;
(E) 1600.

S6 nao ndi trén 1a két qua ding ?

Hinh 137

o gom

Hinh 138

Hinh 139



51. Tinh thé tich va dién tich toan phdn cta cic hinh lang tru dimg c6 c4c kich
thude nhu trén hinh 140.

2cm dom 6,5cm
Scm/ ) L \Sem

I
1
P 15,4cm
[ e
b
] 1
- - ! 10cm

dom \/’\’s: \\\ 6cm

. , H 9cm
Bem 6.5cm
a) b)

Hinh 140
52. D6. Ta c6 mot cdi khay hinh hop chir nhat, ding né dé 14y mréc pha mét dung
dich. Khéng st dung c4c dung cu do, c6 thé dong dugc mot lwgng nuée bing
mdy phin ctia khay ? (Khong dinh d4u vao thanh khay).

53. Thé tich ctia mét ling tru ding theo cic
kich thudc nhu hinh 141 1a:

(A) 8m’> ; (B) 10,5m” ;
(©) 12,2m° ; (D) 11m> ;
(E) 15m”>.

Hay chon két qua ding.

54. Thé tich cda hinh lang tru dimg dugc cho
theo cac kich thuéc & hinh 142 1a -

(A) 180 ; (B) 210;
(C) 230 ; (D) 195
(E) 265.

Két qua nao diing ?

Hinh 142
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§5. Hay tinh thé tich c4c hinh dudi day (h. 143) theo cdc kich thudc cho trén

“hinh v&.

a)

2,24

b — - - —

148

g)

18 .

Hinh 143



§7.

56.

57.

§8.

58.

B. HINH CHOP DEU

Hinh chép déu va hinh chép cut déu

Hinh chép tit gidc déu S.ABCD (h. 144) c6 cic
mait bén 14 nhitng tam gidc déu, AB = 8m, O la
trung diém cia AC,

P6 dai doan SO 1a :
(A) 8/2m : (B) 6m ;
©) V32m ; (D) 4m.

Hinh 144

Két qua nao ding ?

Hinh chép luc gidc déu S.ABCDEH c6 AB = 6cm, canh bén SA = 10cm.
Viy chiéu cao hinh chép 1a:

(A) 6cm ; (B) 8cm ;
(©) Vol em ; (D) V136cm.
Hiy chon két qua duing.

Dién tich xung quanh cta hinh chép déu

Tinh dién tich toan phén cia hinh chép tam S
gidc déu theo cic kich thuée cho @ hinh 145.

Hinh 145
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59.

60.

61.

Cho hinh chép it gidc déu (h. 146). Xem hinh va dién
s@ thich hop vao cdc 6 con tr6ng & bang sau :

Chiéu cao (h) 8 15
Trung doan / 10 15
Canh day 16 12 10
Hinh 146
Sxq 120

Mot hinh chép td gidc déu cé d6 dai canh ddy 1a 6cm, chiéu cao 1a 4cm thi
dién tich xung quanh la :

(A) 128cm? ; (B) 96cm? ; (C) 120cm” ;
(D) 60cm? | (E) 84cm?,
Két qua nao ding ?

Hinh chép déu S.ABC c6 canh ddy a = 12cm, chiéu cao h = 8cm. Hay tinh
dién tich xung quanh cla hinh chép dé.

§9. Thé tich cGa hinh chép déu

62.

150

Mot hinh chop tir gide déu va mot lang tru dimg t¢ gidc déu nhu hinh 147
dudi day (canh ddy va chiéu cao bing nhau) :

Hinh 147

Néu thé tich lang tru 12 V thi thé tich hinh chép 12 :

\" V \Y%
AV B) — ; C — D) —.
(A) (B) 2 (6 3 (D) 2

Hiy chon két qua ding.



63.

63.

M6t cdi nha kinh tréng cly thi

10m D

nghiém c6 dang moét ling tru ding . c

c6 cic kich thudc nhu ¢ hinh 148, i E

EDC la mot tam giéc can. Hay tinh : — [B™|sm
5 SRS S O

a) Dién tich hinh ABCDE. m Z B

b) Thé tich nha kinh. 10m A

¢) Dién tich kinh cdn phai ¢6 dé Hinh 148

"lop"” hai mdi va bén biic tuong nha
(khéng tinh riém, mép, ...).

Hinh 149 14 chiéc 18u & mot trai he
v6i cdc kich thudc cho trén hinh,
ABC 1a mét tam gidc vubng cén.

a) Tinh thé tich cha léu.

b) S6 vai bat cdn phai c6 dé dung
1éu d6 12 bao nhiéu ?

(Khong tinh cic mép gip dudng Hinh 149
vién, v.v...)

Xét cac hinh sau :

1) Kim tu thdp Ké-6p (Thé ki 25 trudc Cong nguyén) 1a mét hinh chép it gidc
déu, canh ddy bing 233m, chiéu cao hinh chép 146,5m.

a) Do dai canh bén 12 bao nhiéu ?

b) Tinh dién tich xung quanh clia hinh chép.

c) Tinh th€ tich hinh chép.

2) Kim tu thdp Lu-vro (Louvre) (Xay dung vio nam 1988).

Ngudi ta Jam mé hinh mét kim tr thip & céng vao cha bio tang Lu-vro
(Phap). M6 hinh c6 dang hinh chép déu chiéu cao 21m, d¢ dai canh diy
1a 34m.

a) Canh bén cba hinh chép 1a bao nhiéu ?
b) Tinh thé tich hinh chép.

¢) Tinh tdng dién tich c4c tdm kinh dé phi 1&n hinh chép nay (qu).
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66. Thé tich hinh chép déu cho theo cdc kich
thude & hinh 150 12 ;

67. Tinh thé tich hinh chép 1 gidc déu O.ABCD :

68. Hinh chdp td gisdc déu c6 d6 dai canh ben 12
5cm, chiéu cao hinh chép 1a 4cm. Thé tich clia

(A) 543 em’

(C) 1803 em? ;
Hay chon két qua ding.

(cac kich thuée cho trén hinh 151).

(B) 54043 cm® ;

(D) 1083 cm’.

hinh chép 13 ;

(A) 30cm’ ; (B) 24cm’ ;
(C) 22cm’ ; (D) 18cm’ ;
(E) 15cm”.

Hay chon két qua ding.

// ’ )“—-%n- _____
7 1
w4 1
s |
Scm B
Hinh 151

69. Tinh dién tich toan phdn ciia cdc hinh chép déu sau day :

152

a) Hinh cho theo cac kich thudéc

trén hinh 152.

b) Hinh chép ti gidc déu, canh

diy 6cm,
chép Scm.

chiéu

cao hinh

c) Hinh chép ti gidc déu, canh

diy 20cm,
chop 7ecm.

chiéu

cao hinh

d) Hinh chép tf gidc déu, canh ddy
1m, chiéu cao hinh chép 50cm.

Hinh 152




70. Tinh thé tich va dién tich toan phan c4c hinh chép déu dudi day (theo cic kich
thudc cho trén hinh vé 153).

50m l
‘ ® »
: cm 10 cm 10 em

6 cm

a) b)
Hinh 153

71. Tinh dién tich toan phan cua hinh chép
cut déu cho theo cac kich thudc trén
hinh 154.

72. Cho hinh chép cut t& gidc déu
ABCD.AB,C,D,; ¢6 cic canh ddy S5cm
va 10cm, dudng cao clia mat bén bang
Scm. Hay tinh :

a) Dién tich xung quanh cla hinh
chép cut.
b) Tinh ca,:;h bén va chiéun cao cta hinh
chdp cut.

On tap chuong IV

73. Xét hinh 1ap phuong (h. 155). Hay chira
a) Hai dudng thing cét nhau ;
b) Hai dudng thang song song ;

¢) Hai duong thing khong cit nhau va
khéng nim trong mot mat phang ;

d) Puong thang nim trong mit phing ;
e) Pudng thing khéng c6 di€ém chung -
v6i mat phing ; 'n
f) Puong thang cit mét phang ;

P 2 = . Hinh 155
g) Hai mat phang cat nhau ; i
h) Hai mat phang khong cét nhau ;
i) Hai mat phang vuong géc véi nhau.

Cy
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74. Trén hinh 156 : I, v, h 1a ba kich thurdc cia mot hinh hop chit nhat. Hay dién

75.

76.

154

s thich hgp vao cic 6 tréng & bang sau

i 25 8 15 8 ,
v 20 4 6 i
: h
h 10 6 4 )
. ——————— o - e
Syq 216 - 1 v
Sip Hinh 156
v 576
"Bon" dyng nuée c¢6 dang mot hinh lang 125
tru ding (h. 157) cac kich thuéc cho 5,3m =T
trén hinh.
. . 2,im
a) Tinh dién tich bé mat cha bon (khong
tinh nép).
b) Tinh thé tich cia bén.
c) Khi bén ddy dp nudc thi né chia
Hinh 157

duge bao nhiéu 1it ?

d) Luong son cén thi€t dé son cd mait trong 1&n mat ngodi clia bén 13 bao

nhiéu (mot 1it son phu dugc 16m2).

e) Mot voi bom vdi cong suat 125 lit/phit, d€ bom mét luong nuée vio bén
lén dén do cao cich thanh bén 12 1,05 mét thi phai m4t bao l1au ? (b6n khéng

chua nudc).

Tinh dién tich toan phdn cua lang

tru dilng theo cac kich thuéc cho &

hinh 158 :

Hinh {58



77.

78.

79.

Thing cia mét xe tai c6 dang mot hinh
lang tru diing (h. 159) céc kich thuée cho
0 trén hinh.

a) Tinh thé tich cta thing chua.

b) Néu 1m’ cét nang 1,6 t4n va xe chd
dén % trong tai cua né thi sitc nang cta Hinh 159

cat lac d6 1a bao nhiéu ?

c) Khi cit duoc san phang chd ddy thi phin dién tich cha né bén trong thing
xe 14 bao nhiéu ?

Do dai duomg chéo AC; (h. 160) cia mot

hinh 14p phuong la J12. : cf‘

a) D¢ dai méi canh 13 bao nhiéu ? R

b) Tinh dién tich toan phin va thé tich A W
ctia hinh 14p phuong. ’

Hay quan sit ba hinh duéi day (h. 161), Hinh 160

trong d6 cidc hinh lap phuong don vi
duogc xép theo dang hinh chir U.

S6 céc hinh 12p phuong da x€p tang 1&n theo quy luat
5 hinh — 28 hinh - 81 hinh.
Néu theo quy luat nay thi cé bao nhiéu hinh 1ap phuong don vi @ hinh thit 10 ?

Hinh 161
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80. Hiy tim dién tich mit ngoai theo cic kich thuée cho & hinh 162. Biét ring
hinh a) gébm mot hinh chép déu va mot hinh hop chir nhat, hinh b) gdm hai
hinh chép déu.

M 3m
7\
A
RN
/,' L :I - - 2m
gVl WA A
E —t (S
4/' 5m
A 5m B
a)
Hinh 162

81. S6 hinh 13p phuong don vi & hinh dudi day (h. 163) 13 bao
nhiéu (méi hinh lap phuong nho 12 mot hinh 1ap phuong
don vi) ?

82. Cho biét hop c6 dang hinh hop chif nhat, d6 dai dudng chéo
la 50cm. Hay tim cic kich thudc cua hai hinh hép nhu vay.
(HD : Day la mot bai toan ma, hdy chon hai trong ba kich ‘
thu6c cha hinh hop c6 thé chap nhan dirge, tir dé tinh kich Hinh 163
thu6e con lai).

83. Mot hinh lang tru dimg cé ddy 1a tam gidc vuong, chiéu cao lang tru 12 7cm.
Do dai hai canh géc vudng cla ddy 1a 3cm va 4cm.
Hay tinh :

a) Dién tich mét mat ddy.

b) Dién tich mat xung quanh.
c¢) Dién tich toan phan,

d) Thé tich lang tru.

84. Tim dién tich toan ph4n va thé tich ctia ling tru
diing ¢6 céc kich thuée nhu & hinh 164,

85. Mot hinh chép tt gidc déu S.ABCD cé d¢ dai
canh ddy 13 10cm, chiéu cao hinh chép 1a 12cm.
Tinh :

a) Dién tich toan phdn cta hinh chép.
b) Thé tich hinh chép.

7
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86.

87.

89.

90.

Ngudi ta v& phin trén ciia mot céi ban hoc H 18cm
c6 dang mot ling tru ding theo hinh 165. /;
Céc kich thudc ciand 1a i

|
AB = 108cm, BC = 24cm, BF = 90cm, =/ A
FG = 54cm, LG = 18cm, LC = 78cm. Df—=

X o 24cm
Cac canh AI‘B, DC, ]?,F, HG va KL déu A T0Bom 4
vuong gbéc v6i mat phiang (ADKHE) va LG :

song song véi BF. Hinh 165

Hay tinh :

a) Dién tich hinh chir nhat CDKL ;

b) Dién tich hinh thang BCLGF ;

¢) Thé tich hinh lang try ding ADKHE.BCLGF.

Thé tich cia m6t hinh chép déu la 126cm?, chidu cao cta hinh chép 1a 6cm.
Nhu vay :

Trong cic s6 dudi day, s6 nao la dién tich ddy ctané ?

(A) 45cm? ; (B) 52cm? : (&) 63cm’ ;

(D) 60cm®  ; (E) 50cm’.

Cho hinh chép cut af gidc déu ABCD.AB'C'D' ¢c6 cic canh ddy 1a a va 2a, chiéu
cao cia mjt bén 1a a.

a) Tinh dién tich xung quanh cua hinh chép cut.

b) Tinh d6 dai canh bén vi chi€u cao hinh
chép cut.

Cin phai do duong chéo clia mot vién gach ¢6
dang hinh hop chit nhat ma chi dugc phép st
dung thudc c6 chia vach thi phai 1am nhu thé
nao ? (khéng duoc cit, xé...)

Tinh thé tich cha mot tru bé t6ng cho theo cdc
kich thuée ¢ hinh 166, SJ =9, O1 =1J.

Phan trén 12 mét hinh hop chit nhat, phan duéi 12
mat hinh chép cut tit gidc déu.

Hinh 166
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Bai tap b6 sung

1V.1. Quan sit hinh lang tru ding tam gidc & hinh bs.15
rdi dién s6 thich hop vao cdc 6 tréng trong bang sau :

~h
A<D b
Hinh bs.15
a 9 ... 20 63 |.......
b 40 12 ] 45
c | 37 | ....... 65 |.......
h 8 | i e | e 13
Diéntichmétday | .......| ....... 210 | )
Dién tich xung quanh | ....... 1512 | o e e,
Dién tich toan phan | ....... | ....... | ... 4464 | .......
Thétich | ......|....... 3570 | ....... 8190
IV.2". Mot con kién dang & vi tri M 1a trung diém canh A'D' B C
cha mot chiéc hop hinh lap phuong ABCD.A'BCD' A : 6
(h. bs.16). Con kién muén bd qua sdu mat ciaa chiéc hop !
r6i quay tr& vé M. Tim dudng di ngén nh4t cia con kién. B o
A M D
Hinh bs.16

IV.3. Thé tich cha mot hinh chép tam gidc déu thay déi th& nao néu ta ting
a) gdp d6i chiéu cao cha hinh chép ;
b) gdp d6i canh ddy cua hinh chép ;
c) gdp d6i ca chiéu cao va canh diy cia hinh,chép.
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IV.4. Quan sét hinh chép nf gidc déu & hinh bs.17 réi dién
s6 thich hgp vao cic 0 tréng trong bang sau :

a
Hinh bs.17

a 6 || e 32 | ...

d | 15 |...... 17
h 4 6 | | e | s
Dién tichddy | ....... 256 | coiiiii | i | s

Dién tich xung quanh | ....... | ....... 720 | ....... 544

Diéntichtoanphdn | ....... | cooo | coveves | cvviven | eeenene
Thétich | ... .ceeiee | oeeeens 4096 | .......

IV.5. Cho hinh chép cut déu cé diy 1a hinh vuéng, cdc canh ddy 12 a va b. Biét
dién tich xung quanh bing tng dién tich hai ddy, tinh chiéu cao cla hinh
chop cut déu.

LOI GIAI, CHi DAN HOAC PAP $O

A. HINH LANG TRU BUNG
§1. Hinh hop chir nhat

Hoc sinh tir Jam.
2. a) C6 hai mat phing chita dudng thing PR :
mp(PQRS) va mp(PRVT).

b) Ngoai mit phing ddy (PQRS) chita PR c6 thé thdy ngay thi mat phéng
chua thay ngay lap tic 12 mp(PTVR).

¢) P6 1a mit phing (PQVM).
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Xem hinh 167 :

a) Mat bén cta hinh hoép chir nhat B . C
ABCD.A B,C,D, 1a moét hinh chit nhat, it K

nhr vy A,B la mot dudng chéo, do d6 O A ; D

ciing 12 trung diém ctia duong chéo con lai /0 N
AB;. Vay O thudc doan AB,. /By Cs
b) Khong. Vi K khéng thudc mit phing L

] Aq D4

) Hinh 167
thuoc mit phing do. o

* Pudng chéo D,C hay dudng chéo DC,; déu cit canh DC.

* Néu vé dudng chéo DC; thi DC, cat D,;C & diém O', néu vé dudmg chéo D,C
thi né triung véi D,C.

* Pudng chéo D,C hay dudng chéo DC, déu cét canh DD,.

a)Ping; b) Sa

¢) Sai ; d) biing

e) Sai ; f) Dung.

§2. Hinh hop chir nhat (tiép)

160

Két qua ding : chon (B) 3.

Quan st hinh hop chit nhat (h. 168). >

a) Ching han AB // DC va BB, cit ABnhungné  , .~ |
J

khong cat DC. _
Meénh dé a) sai. -~ B

b) Chéng han hai duong thing DC va BB, khong ™ Dy
c6 diém chung nhung ching khong song song. Hinh 168
Ménh dé b) sai.

a) mp(ABCD) va mp(EFGH) ; g
mp(FGCB) va mp(EHDA) ;
mp(HGCD) va mp(EFBA).



10.

11.

12.

§3

13.
14.

15.

16.

b) C6 cung thuéc mp(DHGC).

c) Khong.

d) C5 cung thuéc mp(ABGH).

Ban doc tu tinh toan. HS : 108cm>.

a) Bon diém A, B, C,, D, thudc mot mat phing. Dé thdy ABC,D, 1a mét hinh
binh hanh ¢6 AC, va BDj 12 hai duomg chéo nén chiing cit nhau.

b) Tuong tu cau a) AC; va A,C la hai dudng chéo cua hinh chit nhat ACC|A,
nén chiing cit nhau.

¢) Khong cét nhau.

a) Ban doc tu lam.

b) AC // A|C,, AC khong thuéc mp(A,C;B)) D1 <
suy ra AC /f mp(A;C;B)). At J B,

Xem hinh 169. Ta c¢6 B,C, nam trong .:.

mp(A;B,C,D,), DC nim trong mp(ABCD) ma | _.~D |7 c
mp(A,B,C;D,) // mp(ABCD) nhung B,C, khong A~ 5

song song véi DC. Hinh 169

. Thé tich ctia hinh hép chir nhat

béap:a) Co; b) Khong ; c) Khong.
Ban doc i tinh todn :
a) 64 ; b) 360.

Khung cua hinh 14p phuong gdm 12 canh, méi canh ¢6 do dai 12 1dm, nhu
vy cdn it ra 12 1,2m. Tuy nhién, “d€ Iuon qua” hét ca khung ma khéng duoc
cét day thi c4n phai ¢6 it ra 12 3dm nifa, nhu vay, khong thé tao ra khung véi
day ngén hon 1,5m néu khong cét day thép.

a) HG, CG va FG.

b) Mat phing (EFBA) va mat phing (FGCB).

c) Hai mat phang di cho cét nhau theo dudng thing BF.
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17.

18.

19.

20.

21.

22.

162

Chon (C) V6 .

Str dung dinh li Py-ta-go (hoac bai todn quan trong & sach gido khoa).
Tuong t nhu bai 14 (v6i don vi do cu thé).

Thé tich hinh hopnhd : 8 . 6. 4 = 192 (cm®).

Thé tich hinh hop da cho : 40 . 30 . 20 = 24000 (cm°).
K&t qua ddng : (A) 125.

Cii coc va chan ban déu vuéng géc véi mit
phing (mat dat). D& coc va chan ban dimg
vilng ngudi ta ding it nh4t ba diém dinh vi
khong thing hang trén mat dat.

HD : Khai trién hinh lp phuong don vi
khong k€ nip va trai phdng ra trén to gidy
(h. 170). Quan sit hinh vé ta thdy hinh chit
thap c6 thé dat gon vao trong t& gidy, cich

mép 1 gidy [% -2 J don vi dai. O bon Hinh 170

goc cua td gidy, con thira bén tam giic vuong

di dé dén lai thanh cdi nip hop (mit

thi sau).

Trd 10i : C6 thé gdp duoc hinh lap phuong A
don vi tir mot t& gidy hinh vuong kich thudéce

3 x3, ’

-y

Ci

S —

(h. 171) AJ/A L ABva A;A 1 AD nhung AB A B
va AD khong song song véi nhau. Hinh 171

Vay ménh dé sai.
Két qua diing : Chon (C) 130cm. Ta c6 :

AC; = V40% + 30% + 1202 = /16 900 = 130 (cm).
(St dung dinh 1{ Py-ta-go).



23. a) DB =10 (cm) va HB = v125 (cm).

b) DB = /208 (cm) va HB = 17 (cm).
24. a) Hinh a) c¢6 kich thuéc 14 4 ; 2 va 2 don vi dai.
Dién tich hinh a) gém :
— B6n mit hinh chit nhat kich thudc 4 x 2 ¢6 dién tich 1a :
4 .(4.2) =32 (don vi dién tich).
— Hai mat hinh vuéong kich thudc 2 x 2 ¢é dién tich 12 :
2.(2.2)=28(don vi dién tich).
Vay hinh a) ¢6 dién tich la :
32 + 8 =40 (don vi dién tich).
Thé tich hinh a) 13 :
V=4.2.2=16 (don vi thé tich).
b) Tuwong tu ciu a) dién tich hinh b) 12 28 don vi dién tich.
Thé tich hinh b) 1A V=1. 2. 4 = 8 (don vi thé tich).
c¢) Hinh ¢) c6 kich thudc 1a 3 ; 3 va 3 don vi dai.
Nhu vy méi mat ¢6 3 . 3 don vi dién tich.
Hinh ¢) ¢6 6 mat nén cé 54 don vi dién tich.
Thé tich hinh ¢) 1a V =3 . 3. 3 =27 (don vi thé tich).
d) Hinh d) c¢6 68 don vi dién tich va 30 don vi thé tich.
25. PS:

Hinh
a) b) c)
Dién tich
Sxq 234 600 1120
Stp 306 660 1480
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§4. Hinh lang tru dimg

26. Hinh 3, 4, 5.
27. Chon (B) : 5 mat, 9 canh, 6 dinh.

28. a) Ban doc nén minh hoa bing hinh vé&, ching han hinh hép chit nhat, hinh lap
phuong (ddy Ja mot uf gisc).

DS : Ddy la mot tit giac.
b) Ddy 1a mot luc gidc.

29. (A) Sai : AB khong 1a canh bén.
(B) Sai : EF khong la canh bén.
(C) Sai : AC va DF khong la canh bén, khong vudng géc véi nhau.
(D) Sai : AC va DF khong ia canh bén.
(E) bung.
(G) Sai.
(H) bung.

30. Ban doc tu lam.

31. a) Canh (2) s€ dugc ghép vdi canh AB ;
b) Canh (1) s& dugc ghép véi canh AB.

§5. Dién tich xung quanh cua hinh ling tru dimg

32. Déi vdi viec dién vao bang ban doc tu 1am.
aym=n+2,d=2n,¢c=3n.

b) Hinh lang tru ¢6 20 dinh thi ¢6 12 mat, 30 canh.
c) Khéng. S6 dinh cta hinh lang tru 13 mot s6 chin.

33. HD : Hinh can tinh dién tich la lang tru ding c6 ddy 1a tam giic vuéng, hai
canh géc vuéng : 70cm va 70cm (chd ¥ nén tinh gon tam gidc vudng can),
chiéu cao 1,8m.

DS : (30 100 + 180+/9800 ) (cm?).

34. a) Ddy cua lang tru nhan dugc 1a tam gidc vuong can.

b) Cac mat bén nhan dugce cé hai hinh vuéng va mot hinh chir nhat.

35. Ban doc tu vE.
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36.

37.

38.

39.

§6

40.

41.
42.

43.

HD : Can phai than trong khi tinh dién tich tam gidc ddy. Nén nhan xét !
(102 +24% = 676 = 26" nen ddy la tar gidc vudng canh huyén 26).
DS . K&t qua diing : chon (A) 840cm?.

HD : Tu 1am theo huéng din & hinh 172. Dé -
tinh AD va CB, ban doc cdn dua vao tam 2 .
gidc vuong ADH, nhu vy cin tinh AH, ... t ,
DS : 28(/53 + 13)mm?. Ay - \g
Hinh nhin duge b mot lang tru dimg i E
DABC.HFEL Céic miat bén déu 1a nhing i E
hinh chi nhat, hai d4y 12 hai inh binh hanh. D____b___ic |"
Chon (D) 360 + 1083 (cm?). P
Cin tinh dien tich mot tam gifc déu A H" 2 “8
canh 6cm... Hinh 172

. Thé tich ctia hinh lang try dimg
HD :

a) C6 thé coi 1éu 12 mot lang tru ditng, day 12 mot tam gidc c¢6 mot canh biang
¢, mot canh bing a, chiéu cao clia ddy la h. Chiéu cao lang tru bang b. Si
dung cong thitc tinh thé tich lang tny.

b) Sir dung céng thic tinh dién tich d€ suy ra két qua.
¢) Ban doc tu giai.

Dién tich toan phdn : 96m>.

Chon (A) 228.

Trude hét hay tinh dién tich mat ddy (mot hinh thang vuéng, cic canh day 9,
6, chiéu cao 4). Cic mat khiac déu 12 hinh chif nhat.

Quan s4t hinh va dé thdy :
a) bing ;
b) Pning.

HD : D4y la tam gidc vubng, cic canh géc vuodng 1a 4m va 6m, chiéu cao ling
tru la 10m.

DS : Chon (C) 120m’,
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45.

47.

49,

50.

S1.

166

HD : Ban doc tu tinh.
Véichi y V=5h

méS=%.2 . X (cm2)v5h=5cm;V=15cm3‘

PS: a)V=10.15.10= 1500 (cm’);
b) V = 60cm’.
HD : Cin chia ngoi nha ra 1am hai phén :

— Mot phén 1a lang tru dimg ; ddy cua lang tru nay la tam gidc can, canh ddy
6m, chiéu cao cia diy 1,2m ; chiéu cao lang tru 15m.

— Phén con lai 12 hinh hop chit nhat dai 15m, rong 6m, cao 3,5m.
— Tinh thé tich timg phin réi cong lai.
DS : 369m’.

HD : D€ y d4y 12 tam giac vudng, hai canh géc vuéng 1a 5cm va 12cm ; chiéu
cao lang tru ding la 15cm.

DS : Chon (C) 450cm”.

HD : Pé ¢ ring mat diy clia hinh ling tru ding 14 tam gidc c6 canh diy 6cm,
chiéu cao 4cm va chiéu cao cia lang tru dimg 13 8cm.

DS : Chon (B) 96cm’.

HD : Lam tuong ty nhu bai 47.

DS : Chon (C) 2500m>.

a) Hinh da cho 13 mét ling tru &ing d4y 1a hinh thang can.

Canh ddy nho 2cm, canh diy 16n 8cm, chiéu cao ctia hinh thang can 1a 4cm,
chiéu cao clia hinh lang tru 10cm.

Dién tich mot ddy : %(2 +8).4 =20 (cm?).

Dién tich xung quanh :
(2+8+5+5).10=200 (cm>).
¢ Dién tich toan phin : 240 (cm2)‘
« Thé tich: 20 .10 =200 (cm°).
b) Tuong t cau a) S, = 478,4cm’, V = 600,6cm”.



52,

53.
54.

5S.

* Tir khay ddy, c6 thé rét ra diing mot
nira (h. 173a).

(C6 thé rét nude con lai & khay ban ddu
d€ c6 ding é khay nu6c (h. 173b).

Néu c6 thém mot dung cu chita khic
thi c6 thé gop nhing "phdn nuéc"
khic nhau cta khay tic 1a mét boi
cua % Chéng han :

l, z, —5- Ta sé€
33

Ii gidi dugc diéu ndy khi hoc vé thé
tich hinh chép).

Chon (B) 10,5m3.

HD : Cin phan hinh di cho thanh hai
lang tru dilng ¢ cung chiéu cao 13 5.
P4y cuia lang try thd nh4t 14 hinh chi
nhat dai 8, rong 4.

Pdy cua lang tru thd hai 1a hinh thang
vuong ; cidc canh diy cla hinh thang Hinh 173b
vuong nay 13 8 va 6, chiéu cao 12 3.

DS : Chon (E) 265.
a) Hinh da cho 12 mét hinh hép chif nhat.
Thé tich c4n tinh bing :
V =5,25.3,45.2,24 = 40,57.
b) Thé tich c4n tinh gém mot hinh hop chi nhat va mét lang tru ding ddy
tam giac.
Dién tich ddy tam gidc :

1 .1,8.8,5=7,65.
2

Dién tich hinh chir nhat :
8,5.3,2 =27,20.
Dién tich day : 27,20 + 7,65 = 34,85.
Thé tich cén tinh : V = 34,85 . 6,4 = 223,04m’.

c) Thé tich c4n tinh : V = % .28.15.45=945.
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d) Dién tich déy :
%(8,7 +15,5).6,1 =73,81.

Thé tich c4n tinh :
VvV =73,81.10,5=775,005.
e) C6 thé chia hinh d3 cho thanh hai phén :

Phan mot 12 mot lang tru ding, d4dy 12 hinh chit nhat, cic kich thudc 1a 6 ; 7,
chiéu cao 12.

Phdn hai la lang tru ddng chiéu cao 12. Ddy 12 moét hinh thang, diy trén va
ddy dudi 12 3,6. Chiéu cao ciia hinh thang 13 10.

Ca hai lang tru dimg ¢6 chiéu cao 12 12.
Dién tich hinh chi nhat 6 . 7 = 42.

Dién tich hinh thang %(3 +6).10=45.

Dién tich ddy : 87.
Theé tich cén tinh
V=287.12=1044.
f) C6 thé chia hinh di cho thanh hai phén :
Phin mot 1a mot lang tru dimg, ddy 1a hinh chit nhat cac kich thuéce 1a 10 va 30.

Phan hai cling 1a mét lang tru dilng, ddy 13 moét hinh thang. Pay trén, ddy
dudi dai 10 va 30, chiéu cao hinh thang nay bing 10.

Ca hai lang tru dimg ¢6 chiéu cao 1a 25.
Dién tich hinh thang %(10 + 30).10 = 200.

Dién tich hinh chir nhat 10 . 30 = 300.
Dién tich ddy 500.

Thé tich cdn tinh : V = 500 . 25 = 12500.
g) Cé thé chia hinh di cho thanh hai phén :

Phan mot 1a mot lang tru dimg. P4y 1a mot hinh chit nhat véi cdc kich thudc
10 va 25.

Phan hai la hai hinh lang tru ding, kich thudc ddy la 5 va 8.
Cic lang try dimg c6 chiéu cao 1a 17.

Dién tich hinh chit nhat : 25 . 10 = 250.

Dién tich ddy : 250 +2 .5 .8 = 330.

Thé tich cdn tinh : V =330. 17 = 5610.



§7.
56.

57.

§8.
58.

59.

60.
61.

B. HINH CHOP DEU

Hinh chép déu va hinh chép cut déu

HD . Pé y rang SOA 12 tam giic vuéng & O. Sir dung dinh 1i Py-ta-go vio tam
gidc nay, can biét OA.

DS : Chon (C) 32 m.

Chon (B) 8cm.
Dién tich xung quanh ctia hinh chop déu
HD : Hinh chép di cho ¢6 b6n mat 12 nhitng tam gidc déu bing nhau. Ta biét
\ \ a’V3
mot tam gidc déu canh bang a thi dién tich cia né la 1
PS - a’\3.
Ta cé bang :
Chiéu cao (h) 8 15 V189 Ji1
Trung doan (/) 10 17 15 6
Canh diy 12 16 12 10
Syq 240 544 360 120
Chon (D).

Liy I la trung diém cta BC (h. 174), ta cb
IB = 6cm.

* Trong tam gidc vuong AIB :

Al= VAB? - B? = V122 - 62

= V144 - 36 = V108 (cm).
¢ Trong tam gidc vudng SOI :

1 V108
Ol = EAI = 3 (cm). Hinh 174
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2
SI = VSO? + OI2 =J82 +[@] = J64 +12 = V76 (cm).

Sspc = SLBI = 6.176 = 64/76 (cm®)
Seq = 3Ssac = 36776 = 18476 (cm?).

§9. Thé tich cla hinh chép déu

62.

63.

64.

6.

170

K&t qua ding : chon (C) %
HD : Can phai phan chia hinh vé ra hai phin, mét phén 1a hinh ling try ding
ddy tam gidc va mét phan 13 hinh hop chit nhat.
DS : a) 52m*; b) 520m’ ; c) 304m?.
a) Léu c6 dang mét lang tru dimg :

Sdéy = %.2.2 =2 (mz)

V=2.5=10(m>).
b) HD : S8 vai bat cdn c6 d€ dung 1éu chinh 13 dién tich hai mat bén va hai
d4u héi.
D¢ ¥ ring cdc mat ben déu 12 c4c hinh chit nhat cé dien tich 2. 5 = 10 (m?).
DS :S6 vaicin ¢d:

2.10+2.2=24m.

1) a) 48606,75 = 220,5 (m).
b) 466+/35034,5 ~ 87223,6 (m?).
c) Dién tich ddy :
233 . 233 = 54 289 (m?).
Thé tich hinh chép :

% .54 289 . 146,5 =2651112,8 (m°).

2) a) V1019 =~ 31,9 (m).
b) 8092m°.
c) 68730 =~ 1837,3 (m?).



67.

70.

K&t qua diing : chon (C) 1803 cm®.

Taco: V= %Sh - %.52 h = %.5.5.6 =50 (cm>).

. Két qua ding : chon (B) 24cm’.
69.

a) Theo hinh 152 thi AM L BC.
Vi AO la duong cao cua hinh chép nén trong tam gidc vuéng AOM, ta c6 :

AM? = AO? + OM? = 8% +3% = 73.

Vay AM = 73,
Do d6 dién tich toan phan cua hinh chép la :
Sy, = Spcpe + 4SaBc
=6.6+4. [#] = 36 + 124/73 ~ 138,5 (cm?).

b) 36 + 12434 = 106 (cm?).
c) 40.149 + 400 = 888,3 (cm?).

d) 20,5 +1 ~ 2,4 (m?).
a) * Dién tich ddy ctia hinh chép déu :
S4=6.6=36 (cm?).

Do chiéu cao clia m6t mat bén 12 5cm va canh ddy l1a 6cm nén dé tinh duge
chiéu cao cia hinh chép bing 4cm.

Thé tich ctia hinh chép :

]
3
* Dién tich xung quanh cta hinh chép :

Venep= = - 36 . 4 =48 (cm).
1 2
qu=4. 5.6.5=60 (cm”).

Dién tich toan phan cua hinh chép :
Sp = 96cm”.

b) Dién tich ddy cua hinh chép déu :
Sg=10. 10 = 100 (cm?).
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71.

72.

172

Chiéu cao ctia hinh chép: V132 - 52 = V144 = 12.

Thé tich cha hinh chép :
Vinap = % .100.. 12 = 400 (cm>).

¢ Dién tich xung quanh :

S, =4. % .10 13 = 260 (cm?).

Dién tich toan phan cia hinh chdp :
Syp = 360cm’”.
HD : Dién tich ddy trén : 6 . 6 = 36.
Dién tich ddy dudi : 12 . 12 = 144,
Ta tinh doan 1J :
0,1=3;
0OJ =6.

Vay IJ = V81 +9 = 90.

Dién tich mé6t mat bén hinh thang la

—(6+12)J_ 9J90.

Tir d6 ban doc tinh ti€p dén két qua.
DS : 36+/90 + 180.

a) Hai ddy cda hinh chép cut déu la
nhimg hinh vuéng (h. 175) nén

=%(4,5+4‘1o).5=150 (cem?).

b) ¢ Tir tam gidc vuébng AAH

AA, = JAH? + AH? ma AH =25
nén AA; = 5% +(2,5)?% = 5,59,

* Tir tam gidc vuong I1,J ta céd

00, = fJ—Jr_\P—(zS) = J18.75 ~ 4,33.

Hinh 175




On tap chuong v

73. a) Hai dudng thdng catnhau:  AA,va AD;
ABvaBC; ..
b) Hai duong thing song song: AD vaBC;
BB, va DD, ...

c) AA,vaBC,BB, vaAD; ...

d) AB nam trong (ABC), AA, nam trong (AA D)) ;
e) AB va mat phéng (AB,C));

BC va mit phang (AA;D,); ...

f) AA; cat mat phang (ABC) tai A ;

CC, cit mat phang (ABC) tai C; ...

g) Hai mit phiing (ABC) va (AA D).

Hai mat phang (A,B,C,) va (BB,C)); ...

h) Mat phang (ABC) va mat phang (A B,C,).

Mat phang (AA,B,) v mat phing (DD;Cy) ; ....

i) Mat phang (DCC,D,) va mat phing (DCBA) ; ....

74.
! 25 8 5 8
v 20 4 12 6
h 10 6 4 12
Seq 900 144 216 336
Sip 1900 208 576 432
Y 5000 192 720 576

75. a) Dién tich phdn cin tinh bang dién tich xung quanh ctia hinh cong véi dién

tich mot day :

2053+ 12,5).2,1 +12,5.5,3 = 141,01 (m?).

b)V=21.53.125=139,125 (m’).
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76.

77.

78.

79.

174

¢) 139 125 lit,
d) Dién tich phin cén son :
141,01 . 2 = 282,02 (m?).
S6 lit son c4n ¢6 : khoang 17,63 lit.
e) Thoi gian cdn bom : Khodng 9 gi¢ 16,5 phiit.
* Dién tich ddy ABC :
S, = %.6.4 =12 (m?).
* Dién tich mat BCC,B; :
S,=6.10 =60 (m?).
* Dién tich AA,C,C:
S;=10.5 =50 (m?).
DE théy hai mat AA,B,B v AA,C,C bing nhau nén :
Sp=2S; + S, + 28y = 2. 12460 +2.50 =184 (m”).
a) Thilng chifa c6 dang mét lang tru ditng
V=16.31.7=3472m>).
b) Cat ning :

34,72 . % . 1,6 = 41,664 (tan).

¢) HD : Phian dién tich bén trong gém dién tich xung quanh ca mét lang tru
ding vai cac kich thude 1,6 ; 3,1 va 7 mét, cing v6i mot hinh chir nhat, kich
thuée 3,1 va 7 mét,

DS:S=3,1.7+2(3,1+7).1,6=54,02 (m).
a) D6 dai méi canh cla hinh 1ap phuong 1a : 2 (don vi chiéu dai).
b) ~ Thé tich hinh lap phuong : 8 (don vi thé tich).
— Dién tich toan phdn gin bang 24 (don vi dién tich).
Cadch 1. Khi ta v€ hinh thit tu thi
S6 hinh 1ap phuong don vi dphiatrdila 4 .5.4 =80. -



S6 1ap phuong don vi & phia phai cing 124 . 5 . 4 = 80.

S6 hinh 14p phuong don vi & giira 1a 16.

Vay c6 téng s6 12 176 hinh 14p phuong don vi.

Theo quy luat thi & hinh thit 10 :

S8 hinh 1ap phuong don vi 8 phia trdila: 10. 11 . 10 = 1100.

S6 hinh 1ap phuong don vi @ phia phai ciing 13 : 10. 11. 10 = 1100.

S6 hinh 1ap phirong don vi & giita 12 : 10 . 10 = 100.

Vay s6 hinh 1ap phwong don vi & hinh thit 10 12

1100 + 1100 + 100 = 2300.

Cdch 2. (Ding cho hoc sinh kh4, gioi)

HD :Nhinxétkhin=1tac6 5 = 243 =2 +3.1 =21°+3.1
n=2tacé28 =16+12 =28 +34 =22°+32°
n=3tac68l =54+27 =227+39 =23°+337

n=41ac6176 =128 +48 = 2.64 + 3,16 =2.4> + 3.4°.
Diy s6 5, 28, 81, 176 c6 thé viét lai nhu sau :
2.1%+3.1%;22° 432723 4332, 247 + 342
Viy cong thiic 16ng quat dé tinh s6 hinh 14p phuong 12
20> + 3n.
Theo dé bai thi hinh thd 10 ¢6 ¢
2.10° + 3.10% = 2000 + 300 = 2300 (hinh 14p phuong don vi).

. a) HD : Hinh da cho gém mat hinh hop chit nhat, ddy la hinh vuéng canh
bang 5m, chiéu cao 2m va mét hinh chép nf gidc déu canh diy 13 Sm va chiéu
cao hinh chép 1a MO = 3m.

Dién tich phdn cén tinh gém :

* Dién tich xung quanh cua hinh héop chit nhat 1a
4.5.2=40.

* Dién tich mot ddy cia hinh hop chit nhat 12 :
5.5=25.
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81.

82.

176

* Dién tich xung quanh ctia hinh chép déu :

Tir dé bai, chiéu cao cia mot mat bén 1a :

V2,52 +9 = 15,25 = 3.9.

Vay dién tich xung quanh ciia hinh chép déu 1a :

1

S, =39.5-5.4%39.

DS : Dién tich c4n tinh khodng 104m”.

b) HD : Dién tich phin can tinh 12 hai 14n dién tich xung quanh clia mét hinh
chép t gidc déu, ¢6 canh diy bang 6¢cm va chiéu cao 9cm.

Tir gia thiét cua dé bai, ta tinh duge chiéu cao ciia mot mit bén :
V9 + 81 =+/90 ~ 9,48.

Dién tich xung quanh cia mét hinh chép khoang

4.-;-.6,9,48=114.

DS : Dién tich can tinh khodng 228 (cm?).
L8p duéi ciing goém : 3. 3 (hinh lap phuong don vi).
Lop ¢ gita gom : 3 . 2 (hinh lap phuong don vi).
Lép trén cung : 3 hinh 1ap phuong don vi.
T6ng cong c6 9 + 6 + 3 = 18 (hinh l4p phuong don vi).
Cé thé chon :
* a = 20cm, b = 24cm khi d6
a> +b” + c* = 50% hay 400 + 576 + c* = 507 = 2500

suy ra ¢’ =1524 vay ¢ = 39 (cm).
*3=25b=15 vay a + b’ + c* = 50

hay 625 + 225 + ¢ = 2500 suy ra ¢ = 1650.
Vay c = 41 (cm).



83. a) Dién tich mot mat ddy : % .3.4=6 (cmz).

b) Dién tich xung quanh
73 + 4 + 5) = 84 (cm?).
c) Dién tich toan phin
84 +2.6 =96 (cm’).
d) Thé tich
V=7.6=42(cm).
84. ° Dién tich toan phén cua lang tru dimg 12
Sip = Syq + 28¢-

Trong tam gidc vudng ABC theo dinh li Py-ta-go, ta c6 :
BC = V92 + 122 = 225 = 15 ;
qu=(9+12+15).10=360;
25, = 2222 _ 108 ;

2
S;p = 360 + 108 = 468 (cm”).
¢ Thé tich clia lang tru ding 1a :

V=Sh=9'2£40=540(cm3).

85. Gidi. Goi O la tAm cta hinh vuéng, K la
trung diém BC (h. 176)
a) * Trong tam gidc vudng SOK, ta cé:

SOK = 90° va OK = Scm (K 13 trung diém
cua BC).
Vay, theo dinh 1i Py-ta-go :
SK? = 0§% + OK? = 12% + 5°
= 144 + 25 = 169.

Vay doan SK = /169 = 13 (cm).

Hinh 176

SSBC=%BC.SK=%.10.13=65(cm2).
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86.

87.

89.

* Tdng dién tich ctia b6n mat bén bing Syq=4.65=260 (cm?).
* Dién tich toan phin :

Sip = Seq + Sa= 260 + 10 . 10 = 360 (cm”).
b) Thé tich hinh chép :

v:%sd.SO=§.1oo.12=4oo (cm®).

a) 0,8424m2;
b) 0,378m°;
¢) 408 240cm’ ~ 0,41m”>. .
Chon (C). St dung cong thic thé tich cha hinh chép déu.
a+2a

2
b) HD : V& mot mat bén (h. 177). Ta c6 :
AB-A'B' 2a-a a

2 2 2

Trong tam gidc vuéng A'HA : A

l<
AA' = [a? + az—,/ﬁ a |
- 2 4 Hink 177

Tir 46 tinh ti€p s& c6 chiéu cao hinh chép.

\: 5a2
DS : Dd dai canh bén : 7
. 3a2
Chiéu cao hinh chép cut : -

Du6i day 1a hai cach giai
Cdch 1. (h. 178) }
— Kéo dai C,C va ldy diém C, d6i ximg vé6i C,

qua C sao cho C,C=CG,. A
— Dung thuéc ¢6 chia vach do doan AC,, d6 chinh el

a) S,, = 4. .a =62’ A

AH =

I
i

- 1a d6 dai duomg chéo. As o

178
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Cach 2. (h. 179)
~ Dat vien gach st v6i goc ban, k€d6 %/ f

ddy vién gach song song v6i mép ban 5
mot doan b?mg d@ dai AlDl (= OAl) E““\‘““\ AAAILILLLLIUU OO
cla vién gach. 3

~ Dung thudc ¢ chia vach do doan R
OB. Hinh 179

90. Gidi. (h. 166) Thé tich hinh hop chit nhat 1a
V,=5.5.3=75.
ViOl=1],]=AA'=3vaSI=9nén Ol =3vaSO =3,
suy ra : A;B,C;D, 1a hinh vuéng canh 12 2,5.
Vay thé tich hinh ch6p S.AB,C\D, la:

V2=§.3.2,5.2,5=6,25.

Thé tich hinh chép S.AB'CD'1a: V; = % .6.5.5=250.

Vay thé tich cdn tinh Ja: V =V, + V; -V, = 118,75.

Bai tap bé sung

IvV.1

a 9 35 20 63 28

b 40 12 21 16 45

c ' 41 37 29 65 53

h 8 18 17 24 13
Dién tich mot ddy 180 210 210 504 630
Dién tich xung quanh 720 1512 1190 3456 1638
Dién tich toan phin 1080 1932 1610 4464 2898
Thé tich 1440 3780 3570 12096 8190
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IV.2. Trai 6 mat cua hinh 1&p phuong ABCD.A'B'CD’ nhu hinh bs.18a. D€ di

IV.3. Tam gidc déu canh a c6 dién tich bang

dudng ngin nh4t tir M dén M’ (M' chinh 12 trung diém cta A'D' trén mat khai
trién) thi con ki&n cin bd theo doan thing MM'. Trén chi€c hop, dudng di
ngan nh4t cta con kién 13 dudng MNPQKZM nhu & hinh bs.18b (d€ thdy N,
P, Q, K, Z 14n luot 1a trung diém cha DD', CD, BC, BR', A'B).

A AN D
Z/

A B B o

/P ,‘?
=% N
/N zZ}B:-//“— ¢

A M D c'

Hinh bs.18a Hinh bs 18b

a* 3
4

. Do d6, hinh chép tam giic

déu v6i canh d4y a, chiéu cao h ¢4 thé tich :

1 32\/5 b= azh«/g

V3% "=
a) Néu ting gip d6i chiéu cao thi thé tich hinh chép 1a
.1 a2\/§ azh«/g
V—§~ n 2h = 2, B =2V.

b) Néu tang gdp d61 canh day thi thé tich hinh chép 1a
1 (2a)°\3 a’hy/3
3 h=4 =

' = . v.
v 3 4 1 4
c) Néu gip d6i ca chiéu cao vi canh d4y thi thé tich hinh chép la
L L a3 ath3
V—3- 1 .2h = 8. 2 =8V.
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a 6 16 24 32 16

d 5 10 15 20 17

h 4 6 9 12 15

Dién tich ddy 36 256 576 1024 256
Dién tich xung quanh | 60 320 720 1280 544
Dién tich toan phén 96 576 1296 2304 800
Thé tich 48 512 1728 4096 1280

IV.S

. Xét hinh chép cut déu ABCD.AB'C'D' nhu hinh bs. 19.

Goi M, M' thtt tir 13 trung di€ém ctia BC, BC'. Khi
d6 MM' 1a dudng cao cia hinh thang can BCC'B'.
Do dé dién tich xung quanh cua hinh chép cut
déula:

Seq =4 2 D MM’ = (22 + 26) MM

Tir gia thiét ta ¢ :

Hinh bs.19

(22 + 2b).MM = 2> +b* hay MM’ =

(D

Dé thdy OM // O'M' nén OM via O'M’ x4dc dinh mat phang (OMM'O’). Trong
b-a

mt phing (OMM'0), ké MH L OM'. Khi d6 : HM' = OM' - OH = =

Trong tam gidc vubng MHM' ta c6 :

2
MM = MH? + HM” = h® + [b ; a} : Q)

Tu (1) va (2) suyra:

h2+[b—a]2 _ @b o @40 -0 -a? | e’
4(a + b)? Ma +b)? (a + b)?

ab

a+b’

Vay h =
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ON TAP CUOI NAM
Phdn dai 88
1. Phan tich cdc da thitc sau thanh nhan tir :
a) X% + 2xy - 15y2 ;
b) x2y + xy2 + X224 x2% + yzz + y22 + 3xyz.

2. Cho bifu thitc P = (x + 2)% - 2(x + 2)(x — 8) + (x — 8).
Tinh nhanh gij tri cha biéu thifc P tai x = -5 %

3. Chung minh ring véi moi s6 nguyén n ta c6 :
(4n + 3)* — 25 chia hét cho 8.
4. a)Lam phép chia:
@-ax+3x* + 7= 5x%) 1 (1 + X2 - x),

b) Ching minh ring thuong tim dugc trong phép chia & cau a) ludn luén
duong véi moi gid tri cha x.

2 2
5. ChophanthicP=—>"Y _ VgigidtriniociaxviythiP=0?
2x +3y+4
2
6. Chobiduthue M=|XF2, 2 5], 224x 3x-x'+1
3x X+1 Xx+1 3x
a) Rt gon biéu thiic M.

b) Tinh gia tri biéu thic nit gon ciia M tai x = 6013.
7. Cho phwong trinh :
S(m + 3x)(x + 1) — 4(1 + 2x) = 80. (1)
Tim gi4 tri ciia m d€ phuong trinh (1) ¢6 nghiém x = 2.
8. Trong hai nghiém cfia phuong trinh

) G A O
X—=!{XxX—-=]+[x=-=||x=-={|=0
4 4 4 2

thi nghiém nho 12 :
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3 1 3
A) —-=; B) — ; O -, D) —.
(A) 1 (B) > © 2 (D)
Hay chon cau tra 16i diing.
9. Giai phuong trinh :
6 __4 8 o
x-1 x-3 ((x-1}x-3)
10. Giai bai todn bang cach 1ap phuong trinh :
Mot 6 t6 phai di quing dudng AB dai 60km trong mot thdi gian nhat dinh.
O t6 di nira ddu quing dudng v6i van t6c hon dir dinh 10km/h va di nira sau

quang dudng véi van téc kém du dinh 6km/h. Biét 6 t6 dén B ding thoi gian
di dinh. Tinh thoi gian 6 t6 di dinh di quang dudng AB.

11. Nghiém cia bat phwong trinh —4x + 12<01la:

(A)x<3; Byx>3; C)x<-3; Dyx>-3.
Hiy chon cau tra 101 ding.
12. Tim cic gié tri nguyén cta x nghiém ding ca hai b4t phuong trinh sau :
x+4_x+4>£_xv2; o
2
x-X=255 X3 )
8 12

Phdn hinh hoc

1. Cho hinh binh hanh ABCD. O 12 giao diém ciia hai dudng chéo. Trén céc
canh AB, BC, CD, DA ta l4n luot 14y cic di€ém E, F, G, H sao cho AE = CG,
BF = DH. '

a) X4c dinh tam d6i xing ctia hinh binh hanh ABCD.
b) Ching minh EFGH 14 hinh binh hanh, tim tam d6i xdng cta né.
¢) O con 12 tam d6i xing cia nhitng hinh binh hanh nao ?

2. Cho hinh thang ABCD (AB // CD). Goi M, N, P, Q theo th& tif 12 trung diém
cua AB, AC, CD, BD.

a) Chimg minh ring MNPQ 12 hinh binh hanh.
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10.

184

b) Néu ABCD la hinh thang can thi ti gidc MNPQ 12 hinh gi ? Vi sao ?
c) Hinh thang ABCD c¢6 thém diéu kién gi thi MNPQ 14 hinh vu6ng ?

Cho géc xOy khdc géc bet. Trén tia Ox 14y hai diém A va B (A nam giita O
va B), trén tia Oy ldy hai diém C va D (C ndm gita O va D). Goi M, N, P, Q
theo thit tu 13 trung di€m ctta AC, BC, BD va AD.

Tim diéu kién clia géc xOy vi c4c doan thiang AB, CD dé tt gidc MNPQ la :
a) Hinh chir nhat ; b) Hinh thoi ; ¢) Hinh vuéng.

Cho tam giac nhon ABC (AC > AB), duong cao AH. Goi D, E, F theo thit ty
13 trung diém ctia AB, AC, BC.

a) X4c dinh dang cha cic 6t gidc DECH, BDEF va DEFH.

b) Bi¢t AH = 8cm, HB = 4cm, HC = 6¢cm, tinh dién tich cdc & gidc DECH,
BDEF va DEFH. '

¢) Tinh 46 dai HE.

T giac ABCD ¢6 AB = 3cm, BC = 10cm, CD = 12cm, AD = Scm, duong
chéo BD = 6¢cm. Chitng minh rang ABCD Ia hinh thang,

Cho tam giic ABC vi cdc dudng cao BD, CE. Tinh s6 do géc AED biét
ACB = 48°.

Mot tam gidc cé do dai ba canh la 6cm, 8cm va 13cm. Mot tam gidc khac
d6ng dang véi tam gidc di cho c6 do dai ba canh 1a 12cm, 9cm va x (cm). DO
daixla:

(A) 17,5cm ; (B) 15¢m ; (O 17cm ; (D) 19,5¢cm.
Hiy chon céu tra 131 ddang.

Tam gidc ABC vuéng & C c¢6 AC = 6cm, AB = 9cm, CD la dudng cao
(D € AB). D6 dai BD bing :

(A) 8cm (B) 6cm ; (C) 5cm (D) 4cm.

Hay chon cAu tra 10i ding.

Cho hinh hdp chit nhit ABCD.ABCD' ¢6 AB = 4cm, AC = 5cm va
A'C = 13cm. Tinh thé tich va dién tich xung quanh ctia hinh hép chit nhat d6.
Hinh chép ti gidc déu S.ABCD cé chiéu cao 15¢m va thé tich la 1280cm’. Do
dai canh ddy chan6 12 :

(A) 14cm (B) 16¢m ; (C) 15¢m ; (D) 17cm.
Hay chon cau tra 16i dung.



LI GIAI, CHi DAN HOAC DAP SO
Phan dai 56

1. ) Cdchl:x>+2xy ~ 15y = (x* + 2xy + y°) — 16y°
=(x+y)’ - (@dy)’
=(x+y+4y)x +y—4y)
= (x + 5y)(x — 3y).

Cdch2 :x* + 2xy - 15y2 =x>+ Sxy — 3xy — 15y2
= x(x + 5y) — 3y(x + Sy)
=X + Sy)(x - 3y).
b) x2y + xy2 +xz+xzt+ yzz + yz2 + 3xyz
= (x2y +x%z+ Xyz) + (xy2 + yzz + xyz) + (xz2 + yz2 + Xyz)
= X(Xy + Xz + yz) + y(Xy + yz + Xz) + z(XZ + yZ + xy)
=Xy +xz+yz)(x+y+2).
2. P=[(x+2)-(x—8))*=10%=100.
Biéu thitc P ¢d gid tri 1a 100 tai moi gid tri cha x.
3. Cdachl:(4n+3)"=25=(n+3)* -5
=(dn+3+5HM4n+3-53)
= (4n + 8)(4n — 2)
=4(n +2).22n-1)
=8(n+2)(2n - 1).
Vine Znen(n+2)(2n—1) € Z. Dodé 8(n+2)2n— 1) | 8.
Cdch2 : (4n+3)*—25=16n% + 24n + 9 - 25
= 16n° + 24n - 16
= 8(2n” + 3n - 2).

Vine Znén2n’+3n—-2 e Z.Dod68(2n> +3n-2) ' 8.
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4. a) Sip x€p hai da thdc theo luy thixa gidm dén cta x réi diit phép chia. Thuong
tim duge 12 3x% — 2x + 2.

b) 3 —2x +2=(x"—2x + 1) +2x° + 1
=(x—1)2+2x2+1>0v6‘im()ix.
5. Ti!x2+y2=0khivéchikhix=y=O.Khid()m§u
2x+3y+4=2.0+3.0+4=4=0.
VayP=0khix=y=0.
x -1
3
b) M = 2004.
7. Thay x = 2 vao phuong trinh (1) da chotacé :

6. aA M=

y

1S(m + 6) - 4(1 +4) =80
hay 15m + 70 = 80.

Tir d6 : m=£.
3

8. CAu tra 11 ding 1a cau (D) : %

9. Phuong trinh vo nghiém.
10. Goi van t6c 6 t6 du dinh di quang duong AB I x (km/h).

C6 phuong trinh : 30 + 20 =§9-.
x+10 x-6 x

Giai ra duge x = 30.
Thsi gian 6 t6 dy dinh di AB 12 2 gid.

11. Cau tra 11 ding 1a cau (B) : x > 3.

12. Nghiém chung ciia hai bat phuong trinh 1a 3 <x < 6.
VixeZnénx e {3;4;5}.
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Phan hinh hoc

1.

(h. 180)

a) TAm d6i1 xing cta hinh binh hanh
ABCD la giao diém O cla cdc dudng
chéo AC va BD.

b) AE // CG, AE = CG nén AECG la
hinh binh hanh = O 12 trung diém cha
EG. Tuong tr O 12 trung diém cia HF.
Vay O 1a tam déi xing cta hinh binh
hanh EFGH.

¢) O con 1a tAm d8i xing cua cdc hinh binh hanh : AECG, EBGD, AHCF,
DHBF.

(h. 181)
a) MN // QP (cung song song vé&i BC)

1
MN = QP [_ ~2—BC]

Hinh 180

= MNPQ 12 hinh binh hanh.

b) MNPQ Ia hinh thoi vi 1a hinh binh
hanh c6 hai canh ké bang nhau.

Hinh 181

¢) Hinh thang ABCD Ia hinh thang cAn c6 hai g6c ké mét ddy déu bing 45°
thi MNPQ 12 hinh vuéng.

(h. 182)

a) Vi MNPQ 132 hinh chir nhit nén
;6;' = lv.

b) MNPQ 12 hinh thoi < AB=CD.

¢) MNPQ 12 hinh vuéng <> ;O\y =1v
va AB=CD.

Hinh 182
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4. (h. 183)

a) DECH 1a hinh thang (vi
DE // CH) ;

BDEF 1la hinh binh hanh (vi
DE // BF va DE = BF).

DEFH 1a hinh thang can (vi

DE // HE véDF=HE=%AC).

b) Spgch = 22cm2, SBDEF = 200m2, SpeFl = 12cm?,

)AC = AH? + HC =82+ 6% = 10° = AC= 10cm ;

HE = lAC = 1.10 =5 (cm).
2 2

5. HD:(h. 184)
Ching minh AABD «» ABDC (c.c.c)

— ABD = BDC = AB//CD.

6. HD :(h.185)
Ching minh AABD «» AACE (g.g)
AD _ AB
AE AC _
Suy ra AADE «» AABC (c.g.c)
— AED = ACB = 48",
7. Chu tra 131 ding 12 (D) : x = 19,5cm.
8. HD :(h. 186)
Chitng minh ABDC <> ABCA (g.g)

188
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9.

ra:

BC®  AB’ - AC’

Rlg £

BA BA AB

2 g2
:9 6:i5_=5

9 9
Ciu tra 1di ding 1a (C) : BD = 5cm.
V=144 (em’) ; S, = 168 (em?).

10. Cau tra 151 ding 12 (B) : 16cm.

D
Hinh 186
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190

MUC LUC

PHAN DAI SO

CHUONG /il - PHUONG TRINH BAC NHAT MOT AN

§1. M8 dau vé phuong trinh

§2. Phuong trinh bac nhadt mét 4n va cach giai

§3. Phuong trinh dua dugc vé dangax+b =0

§4. Phuong trinh tich

§5. Phuang trinh chita 4n & mau

§6 va §7. Gidi bai toan béng cach 14p phuong trinh
On tap chuong |l
L&i gidi, chi dan ho#c dap s&

CHUONG IV — BAT PHUONG TRINH BAC NHAT MOT AN
§1. Lién hé gilra thir tu va phép cong
§2. Lién hé giita thir ty va phép nhan
§3. Bat phuong trinh mét &n
§4. Bt phuong trinh bac nhat mét 4n
§5. Phuong trinh chifa ddu gia tri tuyét dai
On tap chuang IV
Lai gidi, chi dan ho#ic dap s6

PHAN HINH HOC

CHUONG Il - TAM GIAC BONG DANG

§1. Pinh fi Ta-1ét trong tam giac
§2. Binh Ii d40 va hé qua cla dinh i Ta-lét

Trang

= © N O O

16
18

50
51

56
59
61
63

82
84



§3. Tinh chét dudng phan giac cla tam giac

§4. Khai niém hai tam giac déng dang

§5. Truong hop d8ng dang thir nhét (c.c.c)

§6. Trudng hop déng dang thit hai (c.g.c)

§7. Trudng hgp 36ng dang thir ba (g.g)

§8. Cac truong hop ddng dang cuiia tam gi4c vuéng
On tap chuong 1)
L&i gidi, chi dan hoac dap s6

CHUONG IV — HINH LANG TRU DUNG. HINH CHOP PEU
A - Hinh lang try dimg

§1. Hinh hdp chil nhat

§2. Hinh hdp chif nhat (tiép)

§3. Thé tich ca hinh hép chif nhat

§4. Hinh lang try dimg

§5. Dién tich xung. quanh cla hinh lang tru ding

§6. Thé tich cla hinh 1&ng tru dimg

B — Hinh chép déu

§7. Hinh chép déu va hinh chép cut déu
§8. Dién tich xung quanh ctia hinh chép déu
§9. Thé tich ctia hinh chép déu -
On tap chuong IV
La&i gidi, chi dan ho3c d4p s6
On tap cusi nam
Ldi gidi, chi dan hoac dap s6

87
89
90
92
93
95
97
98

131
131
133
134
138
140
143

149

149
149
150
153
159
182
185

191
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